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.

Is this a dagger which I see before me,

The handle toward my hand? Come let me clutch thee.

I have thee not, and yet I see thee still.

Art thou not fatal vision, sensible

To feeling as to sight? or art thou but

A dagger of the mind, a false creation,

Proceeding from the heat-opressed brain?

—W. Shakespeare - Macbeth, Act II, Scene I
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Abstract

This work describes the coupling of a single nitrogen-vacancy (NV) center in diamond
to a fiber-based Fabry-Perot cavity. To realize the cavities, concave imprints on fiber
facets are produced by laser machining or focused ion beam milling and subsequently
coated with a highly reflective mirror-stack. Nanodiamonds containing single NV cen-
ters are incorporated into cavities, that consist either of one plane mirror and one fiber
mirror or of two fiber mirrors. Characterizing both the emission into free-space and
the cavity-coupled emission of the very same NV center allows to demonstrate a cavity-
enhanced emission: 2-4% of the total emission of the NV center is directed into the
cavity mode with a linewidth of approximately 10GHz. We thereby have realized a
tunable narrow-band single photon source. Starting from a master equation approach
a rate equation model is deduced that provides insights into the underlying physical
processes: the emitter-cavity coupling leads to phonon induced off-resonant channeling
of the emission into the narrow cavity mode. The measurements of the cavity emission
rate at different wavelengths are well reproduced by this model. The results of this
work are promising for future applications in quantum information science such as re-
alization of a source of indistinguishable photons, cavity enhanced spin read-out of the
NV center and realization of a spin-photon interface for use in quantum networks.

Zusammenfassung

Diese Arbeit beschreibt die Ankopplung eines einzelnen Stickstoff-Fehlstellen (NV) Zen-
trums in Diamant an einen faserbasierten Fabry-Perot Mikro-Resonator. Für deren
Realisierung werden konkave Strukturen auf Faser-Facetten durch Lasermaterialbear-
beitung oder fokussierte Ionenstrahl-Abtragung hergestellt und anschließend hochre-
flektiv beschichtet. Nanodiamanten, welche einzelne NVs enthalten, werden in den Re-
sonator eingebracht, welcher entweder aus einem Planspiegel und einem Faserspiegel
oder zwei Faserspiegeln besteht. Durch Charakterisierung der Abstrahlung in den frei-
en Raum und der Resonator-gekoppelten Emission des gleichen NV Zentrums kann
eine überhöhte Abstrahlung in den Resonator nachgewiesen werden: 2-4% der gesam-
ten Emission des NV Zentrums erfolgt in die schmale Resonanz mit einer Breite von
circa 10GHz. Ausgehend von einem Mastergleichungsansatz wird ein Raten-Modell ent-
wickelt, welches ein physikalisches Bild der ablaufenden Prozesse vermittelt. Es findet
eine durch Phononen induzierte, nicht-resonante Kanalisierung der Emission in die Re-
sonatormode statt. Die Messungen der Resonatoremission als Funktion der Wellenlänge
werden sehr genau durch das Modell reproduziert. Die Ergebnisse dieser Arbeit sind
vielversprechend im Hinblick auf Anwendungen in der Quanteninformationsverarbei-
tung wie z.B. die Realisierung von Quellen einzelner ununterscheidbarer Photonen oder
die Realisierung einer Spin-Photon Schnittstelle zur Anwendung in Quantennetzwerken.
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Chapter 1

Introduction

Observing and manipulating a single quantum system has become a routine in today’s
physics laboratories and has been the foundation for 2012 Nobel prize awards to Serge
Haroche and David Wineland for their pioneering work in this field. A driving force
behind all these experiments, beside the fundamental interest in directly observing
non-classical physics, is the realization of a quantum computer [1], which relies on a
single quantum two-level system, a quantum bit (qubit), as fundamental building block.
Today’s prospect of quantum information science (QIS) goes beyond Feynman’s original
idea of a quantum simulator and also includes very efficient algorithms for prime number
factorization (Shor’s algorithm) and for database searching (Grover’s algorithm) [2] and
furthermore theoretically absolute secure key distribution (quantum cryptography).

For realization of QIS many different systems ranging from single trapped atoms
or ions, super-conducting circuits, single molecules, semiconductor quantum dots and
single defects in solids, e.g. in diamond, are investigated. DiVincenzo formulated [3]
five criteria (see below) which a physical system has to fulfill in order to be suitable
as qubit. Fullfilling all of the criteria is a hard task in all the systems mentioned
above. The bottleneck differs from system to system and no ideal system has yet been
identified, such that the research on all the systems is still very active.

1.1 The nitrogen-vacancy center in diamond

One physical system that has witnessed a huge increase in interest over the past ten
years is the nitrogen-vacancy (NV) center in diamond. It is a point defect in diamond
consisting of a substitutional nitrogen atom and a neighboring vacancy and has first
been reported by du Preez [4] in 1965. It’s recent success is best visualized when
looking at the number of publications in high-impact journals such as Science, Nature
and Physical Review Letters, as displayed in Fig. 1.1. 1997 marks the year, when for
the first time a single NV center was observed [5]. Since then, many important proof
of principle experiments have been realized, which will be highlighted below. Even
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2 Chapter 1. Introduction

though many aspects of the electronic structure of the NV center have been known
before, this recent increase in interest has also led to a very detailed understanding of
the defect’s properties, such that today it is clearly the best known defect in diamond.
Its properties will be discussed in the next chapter.

Figure 1.1: The annual number of publications on the topic of the nitrogen-vacancy center in

Science, Nature, Nature Physics, Nature Photonics, Nature Communications, Nature Methods,

Nature Materials, Nano Letters and Physical Review Letters. The graph has been created using

the citation report function from Thomson Reuters’ Web of Knowledge [6].

The first experiments observing a single NV center where performed with the focus
to use it as a single photon source (SPS) [7–9], which enabled the successful demon-
stration of quantum key distribution [10, 11]. However, for an application in quantum
computing with photons, i.e. all optical quantum computing [12], one needs a SPS
emitting indistinguishable photons. The spectrum of the emitted photons from the NV
center is very broad and thus the NV center is per se not very suitable for this purpose.
The emission is characterized by a zero phonon line (ZPL) at 638 nm, i.e. the transition
from the excited state to the ground state without creation of lattice vibrations of the
diamond host and the phonon sidebands (PSB) at longer wavelengths ranging up to
approximately 800 nm, where, simultaneously with the emission of a photon, one or
more optical phonons are created. The route to improve the spectral properties of the
NV center is to couple it to a microcavity. This allows to alter the emission spectrum
dramatically and therefore enables the use as SPS [13]. It is worth mentioning, that at
cryogenic temperature a lifetime-limited linewidth of the ZPL has been measured [14].
However, this is not routinely measured due to lack of a perfect diamond crystal as host
without strain and without further impurities.

The success of the NV center is due to some of its, for a solid state qubit, quite
unique properties. Its ground state is a spin triplet state, which is split at zero mag-
netic field, into two spin sublevels (ms = 0 and ms = ±1), which form the basis for a
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qubit. When the NV center is optically excited the strength of fluorescence depends on
the spin state allowing an optical readout of the spin state. Furthermore, off-resonant
optical excitation also leads to spin polarization into one of the sublevels permitting
the initialization of the qubit. Applying a microwave (MW) field coherently transfers
the population between the two spin sublevels. This enabled the observation of Rabi
oscillations at room temperature [15]. The coherence time is mainly limited by the
presence of 13C isotopes, which have a nuclear spin of 1/2, whereas the spin of the most
abundant isotope 12C (98.9%) is zero. With advances in fabrication techniques diamond
with very low concentration of 13C were grown, in which electronic spin coherence times
T2 > 2ms were observed [16,17]. This, for a solid state system at room temperature ex-
tremely long coherence times, were even observable for NV centers placed within 100 nm
from the surface [18]. The observed dephasing times are on the order of T ⋆

2 = 100µs,
which are measured in contrast to the above mentioned coherence times T2 without
spin echo techniques. The spin coherence is preserved during optical excitation [19].
Due to strong hyperfine interaction within the excited state with the intrinsic spin of
the nitrogen atom, the spin dephasing time in the excited state is much faster and on
the order of the excited state lifetime (a few ns) [20]. Using the electronic spin, the
realization of a quantum algorithm, the Deutsch-Jozsa algorithm, was shown [21].

Whereas coupling to a surrounding spin-bath limits the coherence time of the NV
center, the hyperfine coupling of the electronic spin of the NV center to nuclear spins of
neighboring 13C atoms and/or the spin of a neighboring substitutional nitrogen atom
(I = 1/2 for 14N and I = 1 for 15N) has proven to be a very powerful resource, that gives
rise to two coupled qubits. Using radio-frequency (RF) and MW fields, demonstration
of the conditional two-qubit CROT gate was possible [22]. For short distances between
the electronic spin and the nuclear spin the hyperfine coupling is strong enough, such
that coherent dynamics between the two spins arise. This allows to initialize [23, 24]
and to manipulate [25, 26] the nuclear spin via optically addressing the NV electronic
spin. Using an NV center with two neighboring 13C atoms and using the electronic
spin as ancilla qubit any maximal entangled state between the two nuclear spins can
be produced [27].

A CNOT gate with the nuclear spin as control and the electronic spin as target is
implemented via application of a narrow-band nuclear spin state-selective MW pulse.
Combined with subsequent repeated readout of the electronic spin, a projective single-
shot readout of the nuclear spin is achieved and quantum jumps of the nuclear spins
can be observed [28]. This is doable for the intrinsic nitrogen-spin of the NV center and
a neighboring 13C spin simultaneously [29]. The readout of the electronic spin can be
enhanced by transferring the electronic spin to the nuclear spin via a CNOT gate with
the electronic spin as control and the nuclear spin as target followed by repetitive read-
out of the nuclear spin as described above [30]. The nuclear spin is also very suitable
as a quantum memory. Coherence times exceeding one second have been observed in
isotopically purified diamond [31]. For this, the nuclear and electronic spin need to
be decoupled, which can be achieved simply via continuous off-resonant excitation of
the NV center [31]. This pumps the electronic spin out of the sublevels ms = ±1 and
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additionally leads to fast de-ionization and ionization of the NV center.
A different readout technique makes use of spin-selective resonant optical transi-

tions [32]. Due to slight spin mixing, resonant excitation also leads to shelving into
the other spin state and thus additionally enables high fidelity spin state initialization.
However, in contrast to all work described above, this technique requires cryogenic
temperatures. Making use of this read-out method entanglement-by-measurement was
shown between the spin of the intrinsic 14N and a close 13C nuclear spin [33]. All
maximal entangled states were realized with high fidelity (> 90%) and for all states
violation of Bell’s inequality was shown [33].

A very fundamental result was the realization of a decoherence-protected quantum
gate (at room temperature), which for any practical use of the NV center in a quantum
computer is indispensable. Dynamical decoupling techniques, which decouple the qubit
from the environment, normally also omit coupling between two qubits. This is useful
to store the qubit, but not to process. A sophisticated pulse sequence is required to
simultaneously decouple the qubits from the environment and performing a two qubit
operation. For the NV center it is mainly the electronic spin which has to be protected.
Van der Sar et al. [34] realized a controlled rotation gate (electronic spin as control,
nuclear 13spin as target), where the electronic spin is decoupled from the environment.
With their method, they further implemented Grover’s quantum search algorithm with
resulting state fidelity> 91%. A slightly different approach was pursued by Xu et al. [35]
using a continuous wave dynamical decoupling approach, where continuous illumination
with two microwave fields resonant to the transitions from ms = 0 to ms = ±1 (the
degeneracy of the spin sublevels ms = ±1 is lifted by an external magnetic field)
projects the NV center into dressed states that are to first order insensitive to magnetic
field fluctuations. However, in their proof-of-principle demonstration the prolonged
coherence time came with the prize of much slower gate operation times.

The coupling between two individual NV centers has also been shown [28]. In order
for the coupling to be strong enough, the NV centers need to be in close proximity
(< 100 nm). The orientation of the symmetry axes for the two NV centers were different,
such that, with a magnetic field parallel to one of the NV center, the electronic spins
could be individually addressed via MW fields at different frequencies. Entangling of
the electronic spins was realized [36], which was combined with swap gates with the
intrinsic nuclear nitrogen spin for longer storage times. For initialization and read-out
optical access is needed. With a standard confocal microscope, which has been used in
these experiments, the NV centers can not be addressed individually, as both lie within
the diffraction limited spot of the microscope. In principle, techniques which are not
bound by this limit, such as stimulated emission depletion (STED) microscopy [37] or
ground state depletion (GSD) microscopy [38], have been shown to work for the NV
center. However, maintaining the spin coherences is an issue because these techniques
rely on switching off other close NV centers within the diffraction limited spot. In
order to achieve this they are either optically excited and quickly de-excited (STED)
or strongly saturated (GSD).

It is worth mentioning that all readout methods rely on detection of the fluorescence
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from the NV center. A limiting factor is the collection efficiency. As we will discuss
later on, coupling to photonic structures or optical cavities can enhance the collection
efficiency.

Beside the use as a qubit, the NV center has also proven to be very suitable for
sensing applications. The NV center has a very narrow MW transition between the
electronic spin sublevels. The transition frequency is sensitive to magnetic fields and is
therefore a very sensitive magnetometer with a nanoscale resolution [39–41]. Attaching
for instance a diamond nanocrystal [42, 43] or nanopillar [44] with a NV center to a
atomic force microscope (AFM) tip, a scanning high resolution magnetometer can be
realized. As diamond nanocrystals are also bio-compatible, it is even possible to track
the orientation of a NV center inside a living cell, when making use of an external
magnetic field [45]. Fabricating a microfluidic device on top of a shallow implanted
(with nitrogen) diamond surface allows a sensitive detection of of the concentration of
magnetic molecules such as manganese or ferritin by sensing their spin [46]. Further the
NV center is sensitive to electric-fields [47] and it also can be used as sensor for tem-
perature, as the magnetic resonance is temperature dependent [48,49] and is detectable
at temperatures up to 600K [50].

For practical usage of the NV center as a qubit it has to fulfill the DiVincenzo
criteria which are [3]: a suitably system has to be/have

1. a scalable physical system with well characterized qubits

2. the ability to initialize the state of the qubits to a simple fiducial state

3. long relevant decoherence times, much longer than the gate operation time

4. a “universal” set of quantum gates

5. a qubit-specific measurement capability

As discussed above, proof of principle experiments fulfilling criteria 2 – 5 have been
demonstrated. The critical point lies on the scalability in criterion 1. Proposals for
scalable architectures [51] rely on a dense matrix of NV centers. Even though there has
been huge progress in artificial creation of NV centers via ion implantation with nm
spatial resolution [52–57], a deterministic creation of a dense array of single NV centers
with adjacent 13C atoms and their manipulation (in particular: individual addressing
and manipulation without cross-talk) is still far beyond reach.

A second approach is a hybrid system, that combines different physical systems
with different strengths. For instance, superconducting circuits allow very fast gate
operation, whereas the NV center with its long coherence time is suitable as quantum
memory. Strong coupling between an ensemble of NV centers and a superconducting
resonator has been shown [58], where the superconducting resonator has been used in
further experiments as bus to couple the spin ensemble to a superconducting qubit [59].
A second hybrid system with a NV center, that has been realized, is the coupling
to a nanomechanical oscillator [60], where a diamond nanocrystal hosting a single NV
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center is attached to a silicon-carbite nanowire. A system, in which the nanomechanical
oscillators couple via e.g. electrostatic forces is thinkable [61]. This could lead to a
scalable system.

A very natural hybrid system is the combination of matter qubits (stationary qubits)
and photons (flying qubits). Entanglement between two different matter qubits can be
achieved via transferring first the internal degree of freedom of the matter qubit onto
the photons and letting the photons interfere on a beam-splitter [62]. In challenging
experiments quantum entanglement between an optical photon and the electronic spin of
a NV center [63] and quantum interference of photons from different NV centers [64,65]
have been shown. These experiments are challenging in the sense that they took a very
long acquisition time (days) of data. Additionally, the achieved entanglement fidelity
and contrasts in the interference experiments is very poor. The difficulties arise from
the optical properties of the NV center’s emission and might be overcome via coupling
to an optical microcavity [62, 66].

1.2 Cavity coupling

The interaction between light and matter in general is weak and most of the time
nothing happens, when a photon passes an atom because the interaction cross-section is
small (≈ λ2). However, when the atom is placed inside an optical cavity, the interaction
between photon and atom is increased, roughly speaking by the number of times the
photons sees the atom, i.e. the finesse of the cavity. The effects of the cavity on the atom
and vice versa are governed by the theory of cavity quantum electrodynamics (cavity
QED) ranging from the weak coupling regime, where non-coherent processes dominate
and the cavity is merely a perturbation for the atom’s dynamics, to the strong coupling
regime, where the coherent interactions exceed all other processes and cavity and atom
can no longer be treated separately.

As identified above, there are three main aspects, where for the NV center coupling
to a cavity plays an essential role: for use as SPS, for readout and to ensure scalability.
In the weak coupling regime a cavity can increase the spontaneous emission rate via
Purcell enhancement [67]. This effect will be discussed later in more detail (cf. Sec.
2.3.3) and is due to a change in the density of states of the vacuum field, to which the
emission rate is proportional to. The decay is not only faster, but also preferably into
a certain cavity mode. This is advantageous for the spin readout. With the higher
emission rate and the spatial enhancement, which leads to a much higher collection
efficiency, the NV center needs to undergo much less optical cycles between ground and
excited states in order to discriminate between the spin sublevels. This reduces for
instance the chances of nuclear spin-flips to occur.

The Purcell effect naturally is also very attractive to boost the performance of the
NV center as SPS with a higher repetition rate, a higher collection efficiency and even
a higher spectral performance [13].

As mentioned before, the commonly used readout of the spin state is achieved by
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measuring the fluorescence intensity. Besides the transition in the red spectral range
there also exists a ZPL in the infrared (IR) associated with the NV center. Measuring
the absorption on this frequency while simultaneously exciting the NV center allows
discriminating between spin states of the NV center. This was used to implement a
highly sensitive magnetometer [68]. However, it was necessary to operate the NV center
at cryogenic temperatures. Placing the NV center inside a cavity, which is in resonance
with the IR transition, will enhance the absorption and thus allow for spin readout by
this method also at room temperatures [68].

There have been proposals for more elaborate schemes to readout the spin state and
to entangle two different NV centers making use of a cavity. The basic idea is to have
a cavity, which is only in resonance with the transition from one of the internal spin
sublevels to the corresponding excited state. Depending on the state the NV center is
in, the cavity either is highly reflective or highly transmissive for an incoming laser pho-
ton [69]. Preparing two NV centers in two different cavities each in a spin-superposition
state and letting the photons reflected from the cavities interfere on a beam splitter
allows to project the two NV centers into an entangled state [66]. Most schemes require
the system to operate in the strong coupling regime to achieve correlations between the
internal state of the matter qubit and the photon [70]. For a solid state system this is
very challenging to realize. The above mentioned proposal [66] relaxes this constraint
and thus reduces the demands on the cavity.

In short, cavity coupling is a very essential building block. Therefore a lot of at-
tention has been given to this topic and many different implementations have been
pursued in the last few years. There are two distinct approaches: first there is the hy-
brid approach, where the cavity is realized in non-diamond material and the NV center
is incorporated into the cavity within a nanodiamond (ND) or a diamond film. Second,
there are the all diamond systems where the optical cavity is realized within the dia-
mond containing the NV center. The experiments have been both performed at room
temperature and at cryogenic temperatures. The third aspect, in which the experiments
differ, is the kind of cavity in use. There are three basic types: Fabry-Perot cavities
consisting of two opposing mirrors, cavities based on whispering gallery modes such as
ring resonators, microdiscs, microtorroids or microspheres and photonic crystal (PC)
cavities based on a localized optical mode inside a photonic band gap material [71]. In
the following an overview over these previous experiments is given sorted according to
these categories.

1.) Hybrid approaches:

(a) Experiments at room temperature:

From an experimental point of view this is the easiest accessible regime and
about half of the cavity experiments with NV centers fall into this category.
Schietinger et al. [72, 73] positioned a polystyrene microsphere (diameter
4.84µm) next to a ND on a cover slip containing a single NV center. They
observed modes with quality factors Q ≈ 5000 and with mode volumes Vmod
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on the order of 103 (λ/n)3. Larsson et al. [74] utilized a silica microsphere
(diameter 50µm) on top of diamond nanopillars containing an ensemble of
NV centers. Despite their larger mode volume on the order of 105 (λ/n)3 they
achieve a much higher Q/Vmod ratio due to a quality factor of Q = 2× 106.
With the help of a tapered fiber Barclay et al. [75] transferred a ND onto
a glass microdisc (diameter 20µm) and observed Fano resonances, i.e. the
interference between the emission coupled first into the modes of the opti-
cal resonator and the directly collected emission. With Q = 1.7 × 105 and
Vmod = 86 (λ/n)3 they achieve a Q/Vmod ratio comparable to experiments
using PC cavities (see below) which is one order of magnitude larger than
the experiments of Larsson et al. [74]. Gregor et al. [76] performed the same
experiment using the same transferring technique with a glass microtorroid
(diameter 65µm). Their slightly higher Q-factor of Q = 5 × 105 came with
a significantly larger mode volume and thus worse Q/Vmod ratio. In both
experiments the ND contained multiple NV centers. In a further experiment,
instead of using NDs, Barclay et al. [77] directly fabricated a gallium phos-
phide (GaP) microdisc (diameter 4.5µm) on top of a diamond bulk crystal
with quality factor Q = 1.7× 104 and mode volume Vmod = 18 (λ/n)3.

A couple of experiments have employed GaP PC cavities. Englund et al. [78]
moved the GaP slab over a diamond film and positioned the cavity on top
of a single NV center. This is the only experiment were for an NV center
at room temperature coupled to a cavity a change in lifetime (from 16.4 ns
to 12.7 ns) was actually measured. Using a pick-and-place technique [79] a
ND containing a single NV center was deposited on top of the PC cavity
by Wolters et. al [80]. In a similar experiment, applying a slightly different
pick-and-place method [81], van der Sar et al. dropped a ND into the hole
of the PC structure [82], where the cavity was designed to yield a mode with
high intensity inside the air hole. The mode volume for all the PC cavities
were on the order of 1 (λ/n)3 and quality factors Q between 500− 1600. In
these experiments the emission into the cavity mode is enhanced by a factor
on the order of F = 10.

Common to all these experiments is the observation of cavity resonances on
top of the NV spectrum, i.e. they simultaneously detect directly emitted
light from the NV center and light first coupled to the modes of the cavity.
The cavity modifies the local density of states and therefore changes the
emission rate at the cavity wavelength into the mode.

A ND with a single NV center inside a Fabry-Perot cavity with two plane
mirrors has been used by Dumeige et al. [83] in their experiments. They
observed a broad resonance δλ = 22nm. Comparing the emission rate into
the cavity mode with the emission rate into free space, they observed an in-
creased spectral density of emission by a factor of 2 and hence demonstrated
coupling of the NV center to the cavity mode.



1.2. Cavity coupling 9

(b) Experiments at cryogenic temperature:

The earliest cavity QED experiment with NV centers [84] has revealed some
quite remarkable results. The NDs were dispersed onto a silica microsphere
and the coupling between the NV center emission and a whispering gallery
mode was investigated at cryogenic temperatures. While tuning the reso-
nance frequency by varying the temperature, they observed an anti-crossing
between cavity and NV center’s emission frequency and are thus in a strong
coupling regime. This is the only experiment up to date where this regime
has been achieved. Even though many NDs were dispersed on the micro-
sphere, the observed cavity mode is expected to be coupled only to a single
NV center. This is due to the inhomogeneous distribution of NV center’s
ZPL frequency in NDs and the fact, that only very few NV centers are spec-
trally stable enough to remain within the narrow cavity resonance of the
high Q cavity mode of the microsphere. However, despite many efforts in
this field, the strong coupling regime for a single NV center could not been
reached in any other experiments and there are doubts, whether in the above
mentioned experiment only a single NV center was involved, as this has not
been proven unambiguously.

The system using diamond nanopillars and a microsphere positioned on top
of the pillars was not only investigated at room temperature [74] but also
investigated at 150K [74]. However, in their proof-of-principle demonstration
they only show a modulated spectrum by the cavity peaks. Using GaP
microdiscs or microrings on top of a diamond sample two experiments [85,86]
show a slight reduction in lifetime of the NV center ZPL emission coupled to
the microcavity at cryogenic temperatures (10K or 6K, respectively) which is
attributed to a Purcell factor in the range Fp = 3−6. Both these experiments
were performed with ensembles of NV centers.

2.) All-diamond systems:

The fabrication of photonic structures inside diamond is challenging, since no
established technique for high-precision machining of diamond exists. In early
experiments optical resonances of a microdisc [87] and of PC cavity [88], which
were fabricated by dry-etching of a nanocrystalline diamond film, were demon-
strated. A second method was the use of focused ion beam milling to fabricate
for instance nanobeam PC cavities [89]. However, these first structures did not
show any optical modes. By post-annealing to counter the damage induced by
the focused ion beam, PC cavities having optical resonances with quality factors
in the range 500 − 1000 were fabricated [90]. The coupling to an ensemble of
silicon-vacancy (SiV) centers (another color center in diamond consisting of a va-
cancy neighboring a substitutional silicon atom where the silicon atom relaxes
towards the vacancy leading to the so called split vacancy configuration [91]) was
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demonstrated and an enhancement of the ZPL line intensity by a factor of 3 was
achieved. Working at cryogenic temperatures, Faraon et al. [92] showed an en-
hancement of the ZPL emission of individual NV centers into a diamond ring
resonator by a factor of 10. The resonator was fabricated by etching a thin dia-
mond membrane, that had been bonded onto a silicon substrate. They reported
in later work [93] an even larger enhancement into a PC cavity, fabricated in the
same manner, observing a change in lifetime from 13.7 ns down to 4.0 ns and 70%
of the emission channeled into the ZPL, whereas for a non-coupled NV center
the ratio between emission into the ZPL and the PSB for an NV center is only
approximately 3%. Further steps towards all-diamond networks with a diamond
microring resonator containing a single NV center, which is coupled to a diamond
waveguide, have been demonstrated [94,95].

1.3 Scope of this thesis

This thesis contains both the theoretical framework to describe the coupling of a single
NV center to a microcavity and its experimental realization at room temperature using
Fiber-based cavities.

In Chap. 2 first all the relevant theoretically aspects of the NV center are presented.
Second, an overview of cavity QED is given before the special case of an NV center
coupled to a cavity is discussed. The last part of the chapter contains the numerical
simulation to predict the cases of a NV center coupled to a microcavity both at room
temperature and at cryogenic temperature.

We use single NV centers in NDs that are spin coated onto a mirror. Details
of the sample preparation and the experimental characterization of these NV centers
including emission spectra and the internal population dynamics deduced from intensity
correlation measurements are discussed in Chap. 3.

We employ fiber-based Fabry-Perot microcavities, which are based on concave mir-
rors fabricated on fiber facets. In Chap. 4 first the fabrication process of these fiber
mirrors is illustrated and the choice of parameter range for the concave structure is
discussed. In the second part several technical aspects concerning fiber-based cavities,
such as background fluorescence from the fibers, deposition of the mirror coatings, real-
ization and characterization of fiber cavities and schemes to stabilize the cavity length
are presented.

In Chap. 5 we discuss the actual experiments, where a single NV center in a ND is
coupled to a fiber-based microcavity. Two different kinds of cavities, first a cavity with
one fiber mirror and one standard plane mirror and second a cavity consisting of two
fiber mirrors are used. The obtained results are compared to the prediction made by
the theoretical model introduced in Chap. 2.

The thesis concludes with Chap. 6 summarizing the work and giving an outlook to
future prospects and experiments.



Chapter 2

Theoretical background

This chapter describes the theoretical background for this work. Coupling of a single
NV center to a microcavity establishes the integration of a solid state emitter with
cavity QED. Both realms will first be introduced independently, before the theory and
simulations of the interplay of the two are shown. In the first section today’s knowledge
of the NV center is displayed, which follows mainly a recent review from M. Doherty
et al. [96]. The second part contains first a general overview over Fabry-Perot cavities
followed by a description of the fundamentals of cavity QED. In the final sections the
theoretical model for the concrete case of a single NV center coupled to a microcavity is
introduced and employed in numerical simulations to predict the experimental results.

2.1 Nitrogen-vacancy center in diamond

2.1.1 Overview

The NV center was first reported by L. du Preez in 1965 [4]. In the following years
many insights into the structure and electronic configuration of the center were gained.
The demonstration of single photon emission from a single NV center [5,7,8] had a huge
impact, since it opened the possibility of manipulating a single quantum system, which
has led to huge growth of interest in the NV center and a very detailed understanding
of the defect’s properties.

This first part will sketch a general picture of the NV center with its key properties.
In the second subsection, following the historical development, details on the electronic
structure are given. Afterward the focus lies on the vibronic and optical properties of
the defect, which to know is essential when describing the coupling to an optical cavity
later on.

The NV center is a point defect in the diamond lattice called a color center con-
sisting of a substitutional nitrogen atom (N) and a adjacent vacancy (V) as shown in
Fig. 2.1. It is one of the most common defects in diamond. NV centers are found in nat-

11
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ural and synthetic [chemical vapor deposition (CVD) or high-pressure-high-temperature
(HPHT)] diamonds. They can also be produced artificially in 1b diamond containing
a low concentration of substitutional nitrogen by creation of vacancies, via for exam-
ple electron irradiation, followed by annealing at temperatures > 700◦C [97, 98] or in
ultra-pure diamond by nitrogen implantation and subsequent annealing [52–57].

Figure 2.1: Atomic structure of the NV center consisting of a substitutional nitrogen atom

and a adjacent vacancy.

The NV center exists in two different charge states: neutral (NV0) and negatively
charged (NV−) [99, 100]. The main interest lies on the negatively charged NV− center
and thus when not specified explicitly I am referring to the NV−. Both charge states
have discrete energy levels within the diamond bandgap leading to sharp optical zero
phonon lines (ZPLs) at 637 nm (1.945 eV) for NV− [4] and at 575 nm (2.156 eV) for
NV0 [101]. The difference in the ZPL wavelengths allows discrimination between the
two charge states.

The ground and excited state of the NV− center are spin triplet states. At zero
magnetic field the ground state is split into the ms = 0 and ms = ±1 sub-level by
2.88GHz [99]. The excited state has a lifetime of 12.9 ns [102]. There are two inter-
mediate singlet states, which are linked by a fast (lifetime 0.9 ns) optical transition in
the infrared [103]. The lower of these two singlet states is a metastable state with a
longer lifetime (300-460 ns [104–106]). The metastable singlet states decays to both
ms = 0 and ms = ±1 ground states. However, nearly only the ms ± 1 excited state
decays to the intermediate singlet states, where the electron will be “shelved”, which
results in less fluorescence. This allows to optically detect the spin state of the NV
center. Therefore, the ms = 0 state is often referred to as bright state, whereas the
ms = ±1 state is called dark state. Furthermore, off-resonant optical excitation, which
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is spin conserving, also leads to spin polarization into themS = 0 sub-level [15,107,108].
Figure 2.2 summarizes these key features of the negatively charged NV center.

Figure 2.2: Simplified energy level scheme for the negatively charged NV center with allowed

transition.

Because the NV center is hosted in the diamond matrix, it also couples to phonons.
Emission is not only observed at the ZPL wavelength but also at longer wavelengths.
The fluorescence spectrum in fact is dominated by these so called phonon sidebands
(PSBs) as shown in Fig 2.3 displaying the emission spectrum from a single NV center.
The same is also true for absorption, where not only at the ZPL wavelength absorption
is observed, but also at shorter wavelengths.

2.1.2 Electronic structure

The discussion here is limited to the negatively charged NV center. After first obser-
vation of the NV center by du Preez [4], Davies et al. established the symmetry of
the defect with unilateral stress experiments as C3v [97]. The NV structure, as already
correctly suggested by du Preez [4], was confirmed by electron paramagnetic resonance
(EPR) measurements by Loubser and van Wyk [99]. Attributing their signals to a 3A
triplet state, they also proposed the NV center to be negatively charged, which even-
tually was confirmed unambiguously by Mita et al. [100], observing the concentration
change between neutral charge state and negatively charge state after neutron irradia-
tion. The presence of this triplet state was explained by six unpaired electrons within
the defect, 3 electrons from the dangling bonds of the surrounding carbon atoms, 2 un-
paired electrons from the nitrogen atom and 1 electron as extra charge. From symmetry
arguments the molecular orbitals (MOs) occupied by these 6 electrons were deduced as
two A1 and one degenerate E MOs. Filling these MOs with the 6 electrons led, in the
lowest energy configuration, to a triplet 3A level and two singlet levels. Loubser and
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Figure 2.3: Fluorescence spectrum of a single NV center showing the zero phonon line (ZPL)

at ≈ 640 nm and the phonon side bands (PSBs).

van Wyk wrongly assumed the 3A triplet state as a metastable state and the optical
transition to occur between the two singlet states, since they did not observe any EPR
signal without optical illumination.

Two laser spectral hole burning experiments by Reddy et al. [109] and optically
detected magnetic resonance (ODMR) by van Oort et al. [107] later on revealed the
triplet nature of the ground state. This was confirmed by detection of EPR in the
dark, i.e. without optical illumination [110, 111]. The correct ordering between the
ms = 0 and ms = ±1 sub-levels was established by Raman heterodyne paramagnetic
resonances [112,113]. With EPR spectroscopy at low temperature Harrison et al. [108]
showed that laser illumination leads to spin polarization into the ms = 0 sub-level.

The theoretical description of the energy levels and different interactions was under
constant debate and some issues still remain to be answered. Pioneering work was done
by Lenef and Rand [114], who applied linear combinations of atomic orbitals. They
constructed the wave functions respecting the C3v symmetry of the NV center for the
2, 4 and 6 electron case and evaluated the spin-orbit, spin-spin, strain and Jahn-Teller
interactions. However they falsely concluded the 2 electron neutral model to be the cor-
rect case for the NV center, which already at the time was believed to be wrong [115].
In a series of works the 6 electron model has been well established [104,116–119]. Huge
insights came from the measurements determining the excited state structure at low
temperature [120, 121] and at room temperature [122, 123] and the theoretical under-
standing of the room temperature measurements to result from time-averaging effects
within the excited state [124]. A second point of long controversy was the numbers of
singlet levels between ground and excited state and their ordering. With experimental
demonstration of a second ZPL at 1046 nm [103] two singlet levels, which lifetimes have
also been measured later on [105], have been established to lie between ground and
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excited state. The ordering of the two singlet levels, as derived from density functional
theory (DFT), has been in contradiction to the mechanism believed responsible for spin
polarization [125,126]. Manson et al. [127] showed experimental evidence for the order-
ing calculated by DFT to be true and give a theoretical explanation for the optically
induced spin polarization mechanism. The details however are still under debate.

In the following the electronic structure of the NV center as known up to now is
illustrated. From the C3v symmetry the molecular orbitals which are occupied by the 6
electrons of the NV center are deduced. There are two “a1” orbitals, one of them within
the valence band, and a degenerate “e” orbital as illustrated in Fig. 2.4(a) [117, 118].
The lowest energy configuration is achieved by 4 electrons occupying the a1 orbitals, 2
electrons in each, and the two remaining electrons in the e orbital. In this configuration
there exist two singlet states 1A and 1E and a triplet state 3A2 where the triplet state
is lowest in energy. By promoting an electron from the a1 orbital to the e orbital the
energetically next higher configuration is reached. In this configuration there is a 3E
triplet state which corresponds to the excited state of the NV center and an energetically
higher singlet state 1E, which for the main properties of the NV center is not relevant.
There are two singlet states in between ground and excited state. The states formed
from the electronic configurations are shown in Fig. 2.4(b) [117,118].

Figure 2.4: (a) Molecular orbitals respecting the C3v symmetry of the NV center which

are occupied by the 6 electrons of the NV −. (b) Possible states deduced from the electronic

configuration with the correct energetic ordering. The ground state of the NV center is the 3A2

triplet state. The excited state corresponds to the 3E triplet state. There are two singlet states

between the ground and excited state.

The fine structure of the ground and excited state is determined by spin-orbit, spin-
spin and strain interactions [117,118]. Figure 2.5(a) illustrates the effect of the different
interactions on ground and excited state: Spin-orbit interactions in the ground state is
negligible, whereas spin-spin interaction leads to a splitting between the ms = 0 and
ms = ±1 sub-level. The sub-levels of the ground state are not affected by a strain
field. In the excited state spin-orbit interaction leads to a splitting into 3 different
sub-levels, two with E symmetry and one with A1, A2 symmetry. These sub-levels are
shifted further by spin-spin interaction and the degenerate A1, A2 symmetry state is
split. Hence without strain the excited state consists of 4 sub-levels with A1, A2 and
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twice E symmetry. Note that the E symmetry states are degenerate. Strain will lift this
degeneracy and when the strain is dominant over the spin-spin interactions the excited
state is split into two triplets with Ex and Ey symmetry, whose degeneracies are lifted
by spin-spin interactions. Investigating different NV centers in different environments,
Batalov et al. [121] were able to measure the effect of different strain on the excited
state level structure [see Fig. 2.5(b)].

Figure 2.5: (a) Effect of the spin-orbit, spin-spin and strain interactions on ground and

excited state [121]. (b) Measurement and theoretical prediction of excited state level structure

as function of lateral strain. Reprint from [121]. Copyright (2009) by The American Physical

Society.

At room temperature electron spin resonance (ESR) measurements [122,123] showed
only a single resonance in the excited state at 1.43GHz which is split in a magnetic
field. This comes from time-averaging at ambient temperatures within the excited state
of the A1, A2 and E level due to interactions with phonons as was shown by Rogers et
al. [124] (see Fig. 2.6). The observed resonance is between the effective time-averaged
level and the E′-level of the excited state. Due to this averaging, the excited state
magnetic zero field splitting is also independent of any strain in the crystal.

Describing most experimental situations for the NV center, the two singlet states
between ground and excited state can be treated as a single intermediate state because
they are linked by a fast transition. This allows describing the NV center’s dynamics
at room temperature by an effective 5 level model as shown in Fig. 2.6 [106, 127].
The relative strengths of the inter-system crossing have been measured by Manson et
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al. [127] and Robledo et al. [106]. The excited state sublevels have different lifetimes:
For the ms = 0 sublevel the lifetime is τms=0 = 13.7 ns and for the ms = ±1 τms=±1 =
7.3 ns [106,128].

Figure 2.6: Effective 5 level model for the NV center at room temperature with one interme-

diate state and ground and excited state split at zero magnetic field into ms = 0 and ms = ±1

sub-levels.

Interactions with the nuclear spin of the 14N or 15N nitrogen atom or with the
nuclear spin of a neighboring 13C atom will lead to hyperfine splitting within the ground
state which has been used to entangle electron and nuclear spin [15] or two nuclear
spins [27, 33].

2.1.3 Vibronic structure and optical properties

Phonon side bands

The vibronic band of the NV center is approximated rather well by the Huang-Rhys
model [129]. A single vibrational mode is used to treat the quasi-continuum of phonons
of the diamond lattice. The normal coordinate of this mode correspond to the displace-
ment of the neighboring nuclei. Using the Born-Oppenheimer approximation ground
and excited state are described by harmonic (as a further approximation) potentials
in the configuration space of the nuclear coordinates with discrete vibrational energy
ladders. The energy minima for ground and excited state are not at the same nuclear
configuration but are shifted by δQ in the normal coordinate space as sketched in Fig.
2.7. The Franck-Condon principle states that the most likely transitions are at the
same nuclear configuration, i.e. the vertical ones in Fig. 2.7. But the other transitions
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are also allowed as the overlap of the vibrational wave functions is non-zero and the
probability is given by the Franck-Condon factors.

Figure 2.7: Huang-Rhys model in the Franck-Condon approximation. Ground and excited

state are described by a harmonic potential in the nuclear configuration space and form a ladder

of vibrational levels. The most likely transition are vertical i.e. between states with the same

configuration coordinate Q [129].

The quadratic potentials for the ground and excited state as function of the nuclear
coordinates have the form [130]:

Eg(Q) =
1

2
mω2Q2, (2.1a)

Ee(Q) = Ee +
1

2
ω2Q2 + aQ+ bQ2

= Ee − ER + (
1

2
mω2 + b)(Q− δQ)2, (2.1b)

where a and b are the linear and quadratic electron-vibration coupling parameters of
the excited state. The frequency of the vibrational mode in the ground state |g〉 is ω and
in the excited state |e〉 Ω =

√
ω2 + 2b/m. In diamond frequency changes are small and

can often be neglected [130]. The displacement of the excited state in the vibrational
coordinates with respect to the equilibrium configuration of the ground state is given
by δQ = −a/(mω2 + 2b). The reduction of energy resulting from this changed nuclear
configuration is the relaxation energy ER = a2/(2mω2 + 4b).



2.1. Nitrogen-vacancy center in diamond 19

To calculate transition probabilities for optical transition one has to evaluate inte-
grals of the form ∫∫

dr dQ φ⋆e(r)χ
⋆
n(Q−Q0)D φg(r)χ0(Q), (2.2)

where D is the optical dipole operator and the wave function is assumed as product of
electronic and nuclear part, i.e. for the ground state: ψ(r,Q) = φg(r)χ0(Q). In the
Condon approximation the integral over the electronic part is assumed to be indepen-
dent of the vibrational coordinate such that the integral factorizes:

∫
dr φ⋆e(r)D φg(r)

∫
dQ χn(Q−Q0)χ0(Q) (2.3)

Defining the Franck-Condon factors as:

M0n =

∫
dQ χn(Q−Q0)χ0(Q) (2.4)

the harmonic states give

|M0n|2 =
e−SSn

n!
where S = a2/2m~ω3 ≡ ER/~ω. (2.5)

S is the Huang-Rhys factor which measures the fraction of the optical transition which
lies in the ZPL:

S = log

(∑∞
n=0|M0n|2
|M00|2

)
. (2.6)

For the NV center the Huang-Rhys factor is 3.76 and the energy of the vibrational
mode is ~ω = 65meV [130]. The maximum in the emission spectrum is approximately
at a frequency of νmax = νZPL + S × ~ω.

The Huang-Rhys model is a strong simplification with the assumption of single
vibrational frequency. To go beyond one has to include many modes. For linear electron
coupling with N modes the energy levels are [130]

Eg =
1

2

N∑

i=1

miω
2
iQ

2
i , (2.7a)

Ee = Ee +
1

2
miω

2
iQ

2
i +

2∑

i=1

aiQi

= Ee +
1

2
miω

2
i

(
Qi + ai/(miω

2
i )
)2 − 1

2

N∑

i=1

ai/(miω
2
i )

︸ ︷︷ ︸
ER

. (2.7b)

The Huang-Rhys factors are defined as

si = a2i /(2~ω
3
imi) and S =

N∑

i=1

Si. (2.8)
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The one-phonon sideband consists of a transition, where one of the N vibrational modes
is excited. The Franck-Condon factor for the case where the i vibrational mode is
excited is:

M i
01 =

∫
dQi χ

0⋆
1 (Q1)χ

0
1(Q1 −Q0

1) . . .

∫
dQi χ

0⋆
i (Qi)χ

1
i (Qi −Q0

i )

× . . .

∫
dQN χ0⋆

N (QN )χ0
N (QN −Q0

N ), (2.9a)

|M i
01|2 = Si exp(−Si)

∏

j 6=i

exp(−Sj) = Sie
−S . (2.9b)

The total relative intensity on the one-phonon band is thus

|M01|2 =
∑

i

|M i
01|2 = Se−S (2.10)

and similar for the n-phonon band, where n phonons are created in any of the N modes

|M0n|2 =
Sne−S

n!
. (2.11)

Note that the expressions here look formally the same as for a single vibrational mode.
It is sufficient to know the spectral shape of the one-phonon sideband, because for the
n-phonon band the shape can be calculated recursively:

In(ν) =

∫ ωm

0
dxI1(x)In−1(ν − x), (2.12)

where ωm is the cut-off frequency of vibrational modes supported by the crystal and I1,
In−1 the spectral form of the one-phonon or (n-1)-phonon band, respectively. By fitting
the spectrum of the NV center, Davies [131] determined the shape of the one-phonon
band for the NV center which is sharply peaked at around 65meV. This explains why the
Huang-Rhys model, i.e. the assumption of dominant coupling to one particular phonon
mode, works well for the NV center. In recent publications a more precise picture
of the vibrational modes of the NV centers has been developed: Discrete vibrational
energy levels have been calculated by ab initio studies [132–134] and also experimentally
measured via two-dimensional electronic spectroscopy [135].

Line broadening mechanism of the ZPL

There are two main contributions to line broadening of the ZPL: dephasing due to
Jahn-Teller interactions [133, 136] and spectral diffusion because of a varying Stark
shift associated with change in the static electric fields due to ionization of nearby
impurities such as substitutional nitrogen [14].
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The Jahn-Teller effect occurs in degenerate levels, as it is the case for the orbitally
degenerate 3E excited state of the NV center. This level couples to a doubly degenerate
e vibrational mode. The interaction is governed by the Hamiltonian [133]

Hel(Qx, Qy) = E0 +
K

2
(Q2

x +Q2
y)σz + F (Qxσz −Qyσx)

+G[(Q2
x −Q2

y)σz + 2QxQyσx)],
(2.13)

where σx and σz are Pauli matrices and Qx and Qy are the displacement coordinates
for the e vibrational mode in C3v symmetry. K is the elastic force constant; F and G
are the linear and quadratic vibronic constants. Similar to the Huang-Rhys model the
energy minimum in the excited state is reached at a distorted lattice, i.e. Qx, Qy 6= 0.
Without any quadratic coupling (G=0) the energy potential has the form

V =
1

2
K(Q2

x +Q2
y)− F (Q2

x +Q2
y)

1

2 . (2.14)

This potential is minimal on radii

ρ0 = (Q2
x +Q2

y)
1

2 = F/K (2.15)

and is often referred to as Mexican hat potential due to its form. Compared to Qx =
Qy = 0 the energy is lowered by EJT = F 2/2K. The system can evolve fast between the
nuclear configurations lying on this energy minimum circle. This situation is refereed
to as dynamic Jahn-Teller effect. Including the quadratic coupling the energy potential
takes the form [133]

V =
1

2
Kρ2 − ρ[F 2 +G2ρ2 + 2FGρ

1

2 cos(3φ)]
1

2 , (2.16)

where ρ = (Q2
x+Q

2
y)

1

2 and φ = arctan(Qy/QX). There are now 3 minima in the energy
potential surface lying on a radius of ρ0 = F/(K − 2G) at angles φ = 0, 2π/3 and
4π/3 as shown in Fig. 2.8(a). The mean energy on the circle with radius ρ0 is EJT =
F 2/2(K − 2G) and the energy barrier between the minima is δ = 4EJTG/(K + 2G).
Between these minima tunneling might occur. If the barrier is much larger than the
phonon energy, the system will be trapped in one of the minima and one speaks of the
static Jahn-Teller effect. By first principles calculations Abtew et al. derived values for
these parameters for the NV center [133]: EJT = 25meV and δ = 10meV with F =-
0.74 eV/Å, G =1.76 eV/Å2 and K =14.5 eV/Å2. The energy for e-type local vibration
modes in the excited state is 71meV, which is much larger than the barrier. Thus
tunneling will occur frequently, and dynamics is more described by hindered internal
rotation, which leads to a dynamic Jahn-Teller effect for the NV center.

The e vibrations can induce transitions between the Ex and Ey level through a
two-phonon Raman process [136]. This reduces the lifetimes of either 3E excited state
leading to a dephasing of the optical transition and thus a broadening of the optical
linewidth. Fu et al. showed that the width’s temperature dependence follows essentially
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Figure 2.8: (a) Energy potential as given in equation 2.16 of the excited state as function of

nuclear configuration Qx and Qy corresponding to normal coordinates for e vibrational local

mode. The parameters used are the ones determined by Abtew et al. [133]. (b) Linewidth of

the NV center as function of temperature broadened by Jahn-Teller interaction [133].

a T 5 law [136]. With the parameters of the Jahn-Teller coupling determined, Abtew
et al. [133] were able to fully reproduce the experimentally measured linewidths as
function of temperature theoretically. The width is given by:

W (T ) =
8π

~

(
Ω

2π2~3v3s

)2

C4(kBT )
5I4(~ωD/kBT ), (2.17)

where I4(x) =
∫ x
0 dy y

4ey/(ey − 1)2 is the Debye integral, vs = 1.2 × 104m/s is speed
of sound in diamond, Ω the volume of the unit cell in diamond. The coupling constant
is C = F

√
1/(2mω2

0) with F =-0.74 eV/Å at ~ω0 = 71meV and m being the mass of
the carbon atom. To reproduce the measured values a cut-off energy of ~ωD = 50meV
was needed [133]. The linewidth is then

γ(T ) = γ0 + 2W (T )/(2π) with γ0 = 16.2MHz, (2.18)

which is plotted in Fig. 2.8(b) with the parameters given above.
Hizhnyakov et al. [137] reported a T 3 law. This is the only paper up to date which

has reported this behavior. As origin for the T 3 dependence they proposed that the
bonds and therefore the springs responsible for the transition soften. Because they per-
formed only ensemble measurements, their results are only valid for high temperatures.
As shown in Fig. 2.8(b) the slope of the linewidth changes for T > 100K which can
explain their results.

Earlier experiments by Davies [131] found a T 7 law according to a model by Mara-
dudin [138] resulting from a linear electron-phonon coupling. These also were ensemble
measurements. A significant T 7 contribution has not been found in later experiments.

In conclusion, according to today’s knowledge the dynamic Jahn-Teller effect within
the excited state of the NV center leads to a dephasing of the ZPL, that follows a T 5

law. Further contributions due to electron-phonon coupling terms are negligible.
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Additionally, solid state emitters often exhibit spectral diffusion. In contrast to the
above described homogeneous broadening due to phonon scattering, this leads to an
inhomogeneous broadening of the ZPL. The origin of spectral diffusion is associated to
a change in the local static electric field the emitter is exposed to due to ionization of
nearby defects by the excitation laser [139]. Via the Stark effect this leads to a shift
of the ZPL frequency. For different NV centers there have been observed either linear
or quadratic or both contributions to the Stark effect [14, 140]. In diamond the main
source for spectral diffusion is substitutional nitrogen, which has an optical ionization
energy of 2.2 eV [141, 142]. Note that the thermal activation energy is 1.7 eV whereas
the optical threshold is at 2.2 eV [141]. This difference, which is a consequence of the
Jahn-Teller effect, often leads to a confusion of the ionization energy of substitutional
nitrogen. A single charge in a distance of 10 nm from the NV center can lead to a
Stark shift of several hundreds GHz [14, 143]. When exciting off-resonantly at 532 nm,
spectral jumps occur on a fast timescale on the order of a few microseconds [143].
The recording of a spectrum of the fluorescence takes several seconds and thus the
integrated form of the ZPL takes the form of a Gaussian. Also in typical resonant
photo luminescence excitation (PLE) experiments, where a laser is scanned over the
ZPL resonance and one detects the fluorescence on the sideband, spectral diffusion is
observed: whereas an individual scan shows a narrow line the frequency center position
changes when repeating the scan [14, 144–146]. This mainly occurs when applying a
re-pump laser, which is necessary, as resonant excitation leads to ionization of the NV
center [147, 148]. Recent experiments show when changing the laser wavelength of the
re-pump from the conventional 532 nm to 575 nm (which is the ZPL wavelength of the
NV0) spectral diffusion is suppressed [149]. This proves again that the main source for
spectral diffusion is substitutional nitrogen, which at 575 nm is no longer ionized. It
is worth noting that spectral diffusion strongly depends on the quality of the diamond
ranging from a few hundred GHz in NDs [143] to smaller than 200MHz in ultra-pure
diamond [149,150] or good quality NDs [144]. In cases where the NV center is close to
the surface, i.e. for shallow implanted NV centers or small NDs, surface defects acting
as charge traps are a further source for spectral diffusion. In PLE measurements it is
possible to dynamically stabilize the ZPL frequency via the Stark effect by applying a
static external electric field [151].

Charge state switching

As mentioned above the NV center exists in different charge states. Because the main
interest lies on the negatively charged NV− center, control over the charge state is
desirable and many studies addressing this point have revealed rich physics concerning
the process of charge state switching. The charge state of a NV center in the dark,
i.e. under no optical excitation, is determined by its proximity to electron donors such
as substitutional nitrogen [152]. For NV centers close to the surface, i.e. for shallow
implanted NV centers or NV centers in NDs, additionally the surface termination,
which changes the Fermi-level close to the surface, determines the charge state of the
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NV center [150, 153–156]. The NV center is observed in its neutral charge state for a
hydrogen terminated surface and in its negatively charged state for oxygen terminated
surface. The physical explanation is given by Hauf et al. [155]: In the case of a oxygen
terminated surface the Fermi level is mainly determined by the nitrogen concentration
and the NV− level lies beneath the Fermi level and is thus stable. Hydrogen termination
shifts the conduction and valence band upwards by ≈ 1 eV, such that the valence band
is above the chemical potential on the surface, and a depletion of electrons from donors
close to the surface occur. This leads to a strong band bending, and therefore close to
the surface the NV− levels lie above the Fermi level and are ionized.

Optical illumination is a further source for change in the charge state. Under fs
pulses the NV− center can be ionized permanently [157]. Also under continuous wave
(cw) excitation photochromism has been observed [158]. Manson et al. [159] identified
two mechanism for ionization depending on the excitation wavelength. If excitation
is in the range from 500–640 nm the NV− is first excited and afterward ionized. The
ionization is nearly linearly dependent on the excitation power. For wavelengths <
490 nm the neutral substitutional nitrogen is efficiently ionized and thus their fraction
is reduced. This leads to a change in the Fermi level such that the neutral charge
state of the NV center becomes stable. By observing photochromism in a single NV
center [23] Gaebel et al. showed that the charge state is continuously switched when
the NV center is excited at 514 nm. The fraction of NV centers being in the negatively
charged state is for 450–610 nm excitation wavelength always ≤ 75% and maximal for
excitation around 510–540 nm [148].

When the NV− center is excited resonantly, it is trapped in a dark state after a few
cycles and a repump pulse at usually 532 nm is applied to regain fluorescence. Waldherr
et al. [160] identified this dark state by single shot nuclear magnetic resonance (NMR)
measurements as the neutral charge state. Beha et al. investigated the wavelength
dependent charge transfer of the NV− [147] and identified the most efficient wavelength
for recharging of the NV− is at 575 nm. They thus proposed the following mechanism
for recharging: The NV0 is first excited and in a second step a hole is transferred
from the valence band to the ground state of the NV0. Therefore for resonant PLE
measurements a repump at 575 nm is more efficient and moreover reduces spectral
diffusion as less power is needed and substitutional nitrogen is no longer ionized [149].

2.2 Fabry-Perot cavities

This section describes the type of cavity used in this work, i.e. Fabry-Perot cavities,
and their properties following mainly the textbook of Saleh and Teich [161]. A Fabry-
Perot cavity is an optical resonator consisting of two opposing mirrors separated by a
distance l [see Fig. 2.9(a)]. In order for light to be kept confined between these two
mirrors, the resonance condition has to be fulfilled: The distance between the mirrors
has to be a multiple of half of the wavelength of the light such that a standing wave
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with nodes on the mirrors is formed:

l = n× λ/2, n ∈ N. (2.19)

For a given cavity length the frequency difference between two neighboring modes is
called the free spectral range (FSR):

νFSR = |νn − νn−1| =
c

2l
. (2.20)

We can also consider the resonator modes as traveling waves, which interfere with
themselves after one round-trip. For constructive interference the acquired phase φ =
k2l = 4πνl/c needs to be a multiple of 2π. This is equivalent to the resonance condition
as before (Eq. 2.19). If we also allow for losses such that the attenuation after one
round-trip is given by h = |r|eiφ we can write the total amplitude inside the resonator
as series

U = U0 + U1 + U2 + . . . = U0(1 + h+ h2 + . . .). (2.21)

The field intensity, which is the absolute value of the amplitude squared, is given by:

I = |U |2 = |U0|2
|1− |r|eiφ|2 =

Imax

1 + (2F/π)2 sin2(πν/νFSR)
, (2.22)

where

F =
π
√
|r|

1− |r| and Imax =
I0

(1− |r|)2 . (2.23)

I0 = |U0|2 is the intensity of the initial wave and F is called the finesse. Figure 2.9(b)
shows the intensity I as function of the frequency ν for a cavity with a finesse of F = 15.

Figure 2.9: (a) Standing wave inside a Fabry-Perot cavity consisting of two opposing mirrors

that are separated by a distance l. (b) Resonant modes of a cavity with finesse F = 15. The

resonances are separated by the free spectral range νFSR. The width (FWHM) is given by

δν = νFSR/F .
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The spacing between two modes is still given by the FSR. The spectral width [full
width at half maximum (FWHM)] of the modes is given by

δν =
νFSR
F . (2.24)

If we assume two mirrors with intensity transmission coefficients T1, T2 and losses L1,
L2, the amplitude attenuation factor is given by

r =
√
R1R2 =

√
(1− T1 − L1)(1− T2 − L2). (2.25)

If 1− |r| ≪ 1 the finesse can be written as

F ≈ π

1− |r| ≈
2π

T1 + T2 + L1 + L2
. (2.26)

With an incident wave with intensity Iinc, the maximal intensity in resonance inside
the resonator is given by Imax = (4T1Iinc)/(T1 + T2 + L1 + L2)

2, of which the fraction
T2 will be coupled out through the second mirror. Hence, the transmission of a wave
in resonance is determined by

Tresonance =
4T1T2

(T1 + T2 + L1 + L2)2
. (2.27)

An effective method to determine the losses has been presented by Hood et al. [162]
via measuring simultaneously the reflected and transmitted laser light when the cavity
is in resonance with the laser frequency. The incoming light typically does not fully
couple to the cavity mode due to a non-perfect spatial mode matching, i.e. only the
fraction ǫPin from the input power Pin couples to the cavity mode. Therefore, for the
transmitted light

Tresonance =
Ptrans

ǫPin
=

4T1T2
(T1 + T2 + L1 + L2)2

= 4T1T2

( F
2π

)2

, (2.28)

and for the reflected light

Prefl − (1− ǫ)Pin

ǫPin
= (L1 + L2 − T1 + T2)

2

( F
2π

)2

. (2.29)

Combining these formulas one finds

Ptrans

Prefl − Pin
=

4T1T2
(
F/(2π)

)2

(L1 + L2 + T1 − T2)2
(
F/(2π)

)2 − 1
. (2.30)

In case of two identical mirrors (T1 = T2 ≡ T and L1 = L2 ≡ L) this allows, together
with the knowledge of the finesse (cf. Eq. 2.26), to determine the transmission T and
losses L of the coatings.



2.2. Fabry-Perot cavities 27

2.2.1 Gaussian beam

Two plane mirrors need to be exactly parallel to keep a forth and backwards traveling
ray laterally confined. This is technically challenging. Therefore, for stable resonators,
which ensure the spatial confinement, concave mirrors are used. The modes of such a
resonator are described by Gaussian beams. We follow their description given in the
textbook of Saleh and Teich [161]. We consider the scalar wave equation

∇2U − 1

c2
∂2U

∂t2
= 0 (2.31)

for paraxial waves, i.e. we assume a slowly varying envelope approximation

U(~r) = A(~r) exp(−ikz), (2.32)

with
∂A

∂z
≪ kA and

∂2A

∂z2
≪ k2A. (2.33)

The complex envelope function A(~r) then satisfies the paraxial Helmoltz equation

∇TA− i 2k
∂A

∂z
= 0, (2.34)

where ∇T = ∂2

∂x2 + ∂2

∂y2
. One of the solutions is of the form

A(~r) =
A1

q(z)
exp

[
−ik ρ2

2q(z)

]
, q(z) = z − ξ, ρ2 = x2 + y2 (2.35)

a paraboloidal wave centered about the point z = ξ. The case of a purely imaginary
ξ = −iz0 and defining R(z) and w(z) via

1

q(z)
=

1

z + iz0
≡ 1

R(z)
− i

λ

πw2(z)
, (2.36)

leads to the Gaussian beam

U(~r) = A0
w0

w(z)
exp

[
− ρ2

w2(z)

]
exp

[
−ikz − ik

ρ2

2R(z)
+ iζ(z)

]
, (2.37)

where

w(z) = w0

√

1 +

(
z

z0

)2

(2.38a)

R(z) = z

[
1 +

(
z

z0

)2
]

(2.38b)

ζ(z) = tan−1 z

z0
(2.38c)
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w0 =

√
λz0
π
. (2.38d)

The transverse amplitude at any given position along the propagation axis z has the
form of a Gaussian. It’s maximal on the axis and drops by a factor of 1/e2 at a distance
w(z) from the axis, which is called the beam width. Note that the convention for laser
beams is to specify as beam width the radius of the beam. The beam waist w0 is the
minimal beam width at the position z = 0. The phase on the axis is φ(0, z) = kz−ζ(z).
Compared to a plane wave it is retarded by the so called Gouy phase ζ(z). The wave
fronts are paraboloidal surfaces with radius of curvature R(z). The parameter z0 is
known as Rayleigh range.

Hermite-Gaussian beams

The Gaussian Beam is not the only beam-like solution for the paraxial Helmholtz equa-
tion. The higher order mode are formed by a complex amplitude of the form

Ulm = Alm
w0

w(z)
Gl

[√
2x

w(z)

]
Gm

[√
2y

w(z)

]

× exp

[
−ikz − ik

x2 + y2

2R(z)
+ i(l +m+ 1)ζ(z)

]
,

(2.39)

where Gl(u) is the Hermite-Gaussian function. Note that G0(u) is simply a Gaussian
function, and thus U00 corresponds to the Gaussian beam as described above. Looking
at the lateral intensity distribution, the parameters l and m give the number of nodes
along the x and y direction. The curvature of the wave fronts is independent of l and
m and the same R(z) as before (Eq. 2.38b).

2.2.2 Resonators with spherical mirrors

Let’s consider a Fabry-Perot resonator with spherical curved mirrors with radii of cur-
vature R1 and R2 that are separated by a distance l. The g-parameters are defined
as:

gi = 1 + l/Ri, i = 1, 2. (2.40)

The stability of such a resonator can be deduced from ray optics. In order for a ray,
which is reflected between these two mirrors, to remain confined the following condition
needs to be satisfied:

0 ≤ g1g2 ≤ 1. (2.41)

At the boundary of this condition the resonator is said to be conditionally stable. The
lower limit is the case of two plane mirrors, the upper limit the case of two curved
mirrors separated by a distance l = −(R1 + R2). If the two mirrors are further apart
the confinement condition is no longer satisfied and the resonator is said to be unstable.



2.2. Fabry-Perot cavities 29

The resonant modes of such a resonator are naturally described by Hermite-Gaussian
beams as they have paraboloidal curved wave fronts which can match the curvature of
the mirrors as shown in Fig. 2.10. This is necessary for constructive interference of the

Figure 2.10: Matching the radii of curvature of the wave fronts of a Gaussian beam to the

radii of curvature of the 2 cavity mirrors.

whole beam after one round-trip, which leads to the resonant modes of the resonator.
The relative positions z1 and z2 of the mirrors with respect to the beam waist position
at z = 0 are given via the following matching conditions:

R1 = R(z1) = z1

[
1 +

(
z0
z1

)2
]

(2.42a)

−R2 = R(z2) = z2

[
1 +

(
z0
z2

)2
]

(2.42b)

l = z2 − z1. (2.42c)

Note the difference in the conventions of the sign of radii of curvature for mirrors and
beam. Whereas in case of the concave mirrors both radii of curvature are negative,
for the beam the radius of curvature was defined to be positive for z > 0 and negative
otherwise. Solving equations 2.42 leads to:

z1 =
−l(R2 + d)

R1 +R2 + 2l
(2.43a)

z2 = z1 + l (2.43b)

z20 =
−l(R1 + d)(R2 + d)(R1 +R2 + d)

(R2 +R1 + 2l)2
. (2.43c)

The resonance frequencies follow from the condition that the acquired round-trip
phase needs to be a multiple of 2π. This yields

νl,m,n = n× νFSR + (l +m+ 1)
∆ζ

π
νFSR, (2.44)
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where ∆ζ = ζz2−ζz1 . Modes with different q but the same l,m are known as longitudinal
modes and are spaced in frequency by the FSR. The parameters l,m specify the so called
transverse mode. The Gaussian mode with l = m = 0 is called the fundamental mode.

In the special case with one plane mirror and a second concave mirror with radius
of curvature R we find:

z1 = 0, z2 = l (2.45a)

z0 = l

√
|R|
l

− 1 (2.45b)

w2
0 =

√
λz0/π =

λl

π

√
|R|
l

− 1. (2.45c)

The mode volume Vmod for such a cavity for the fundamental Gaussian mode is given
by:

Vmod =

∫
d3r| ~E(~r)|2

max| ~E(~r)|2
=
π

4
w2
0l =

λl2

4

√
|R|
l

− 1. (2.46)

2.3 Cavity quantum electrodynamics

The realm of cavity QED is the description of the interaction between light and mat-
ter within a resonator where both (matter and light) have to be described quantum-
mechanically. This chapter will present the basic concepts on the basis of a two level
atom interacting with a single mode of an optical cavity. The discussion here is inspired
by the very clear presentation of this topic in C. Russo’s Ph.D. thesis [163]. First the
interaction Hamiltonian will be introduced. Further, coupling to external reservoirs
will lead to dissipation which has to be included. Depending on whether coherent
evolution or the dissipation is dominant, different coupling regimes arise, and different
physical phenomena such as Rabi oscillations or enhanced spontaneous emission can be
observed.

2.3.1 Jaynes-Cummings Hamiltonian

We consider a two level atom with ground state |0〉 and excited state |e〉 with energies
~ω0 and ~ωe, respectively. The coupling between the 2-level atom and a single mode of
a cavity is described by the Hamiltonian first introduced by Jaynes and Cummings [164]

Ĥ = ~ω0σ̂00 + ~ωeσ̂ee + ~ωcâ
†â+ ~(gσ̂†0e − g⋆σ̂0e)(â− â†), (2.47)

where σ̂ij = |i〉〈j| are the atomic population operators for i = j and transition operators
for i 6= j and â†, â are the creation and annihilation operator for a photon in the cavity
mode with energy ~ωc. The coupling strength is given by the coupling constant g. It
depends on the mode volume of the cavity Vmod and the dipole moment µ of transition
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of the atom which can be related to the natural linewidth γ0:

g0 =

√
µ2ω

2~ǫ0Vmod
=

√
3λ2cγ0
4πVmod

. (2.48)

The Heisenberg equations of motion for the case of vanishing coupling (g → 0)
yield the time evolution for the decoupled operators as â(t) = â(0)e−iωct and σ̂0e(t) =

σ̂0e(0)e
−i(ωe−ω0)t. Near resonance (ωc ≈ ωe − ω0) the terms â†σ̂†0e (creation of a pho-

ton and excitation of the two level atom) and âσ̂0e (annihilation of a photon and
de-excitation of the two level atom) violate energy conservation and oscillate fast

(≈ e±2iωct) and their effect on the dynamics compared to the slow terms (â†σ̂0e, âσ̂
†
0e)

averages out. Neglecting the fast terms gives the Jaynes-Cummings Hamiltonian in the
rotating wave approximation:

Ĥ = ~ω0σ̂00 + ~ωeσ̂ee + ~ωcâ
†â+ ~gσ̂†0eâ+ ~g⋆σ̂0eâ

†. (2.49)

This can be rewritten as the sum of the non-interacting Hamiltonian H0 for atom
and cavity and the interaction Hamiltonian Hi where

Ĥ0 = ~ω0σ̂00 + ~ωeσ̂ee + ~ωcâ
†â (2.50a)

Ĥi = ~gσ̂†0eâ+ ~g⋆σ̂0eâ
†. (2.50b)

The eigenstates of H0 are tensor products of the atomic state |0〉 or |e〉 with a Fock
state of the cavity |n〉 where n is the number of photons in the cavity mode. Note
that, if the atom is in resonance with the cavity, the states |0, n〉 and |e, n − 1〉 are
energetically degenerate states when considering only the non-interacting Hamiltonian
H0. The interaction Hamiltonian Hi couples these two states to new eigenstates

|n,+〉 = cos θn|0, n〉 − sin θn|e, n− 1〉 (2.51a)

|n,−〉 = sin θn|0, n〉+ cos θn|e, n− 1〉, (2.51b)

(2.51c)

with eigenvalues

λ
(n)
± = ~ωc(n− 1

2
)± ~

2

√
∆2 + 4g2n, ∆ = (ωe − ω0)− ωc, (2.52)

where the mixing angle is given by

sin θn =
1√
2

(
1 +

∆√
∆2 + 4g2n

)1/2

. (2.53)

The two new levels |n,+〉 and |n,−〉 within the n-th multiplicity are called the dressed
states, which interact coherently at an effective Rabi frequency Ω(n) =

√
∆2 + 4g2n.

Each multiplicity is separated from the next one by ~ωc the energy of the cavity photon.
This model only holds if the splitting within each multiplicity is much smaller than the
separation between the multiplicities i.e. ~Ω(n) ≪ ~ωc.
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2.3.2 Master equation

In real physical systems there is no perfect isolation from the environment and thus
dissipative processes have to be included. Describing an open quantum system coupled
to an external reservoir is usually done within a master equation formalism. We will
assume the Markov approximation: The reservoir is memoryless, i.e. the coupling to
the reservoir does not depend on the past of the reservoir. This means all correlations
between the system and the reservoir disappear much faster than the dynamics of the
system. The master equation for the reduced density operator ρ̂ then reads

dρ̂

dt
=
i

~
[ρ̂, Ĥ] + Ldiss(ρ̂), (2.54)

where the dissipation is described by the superoperator Ldiss in the Lindblad form in
terms of the collapse operators Ĉm that govern the dissipative process:

Ldiss =
∑

m

(
Ĉmρ̂Ĉ

†
m − 1

2
(ρ̂Ĉ†

mĈm + C†
mĈmρ)

)
. (2.55)

As dissipative processes we will have to consider de-excitation of the atom due to
spontaneous emission of a photon into free space with rate γ and loss of cavity photons,
which are transmitted through or absorbed by one of the cavity mirrors with rate κ.
To also take into account pure dephasing, which acts only on the off-diagonal elements
of the reduced density matrix, we will have to include a further term in the master
equation, which does not take the Lindblad form. For a two level atom it can be
written as

Ldephasing =
γ⋆

4
(σ̂zρ̂σ̂z − ρ̂), σ̂z = σ̂ee − σ̂00. (2.56)

2.3.3 Dissipation - coupling regimes

Different coupling regimes arise depending on whether the coherent coupling governed
by the coupling strength g or the non-coherent processes governed by γ and κ dominate.
There are two dimensionless characteristic parameters for the system [165]:

n0 ≡
4γ2

3g2
(2.57a)

N0 ≡
2κγ

g2
, (2.57b)

where n0 is the intracavity saturation photon number and N0 is the critical atom
number. The cooperativity parameter is defined as the inverse of the critical atom
number C ≡ 1/N0.
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Strong coupling regime

The strong coupling regime is the limit where g ≫ γ, κ. As in the lossless case the
system is still described by multiplicities |n,±〉 with Rabi splitting ~Ω(n), where Ω(n) =√
4g2n− (γ − κ)2. In this regime the dynamic is characterized by coherent exchange

between the excitation of the atom and the photon in the cavity within a multiplicity,
which is faster than the irreversible processes, such that the emission of a photon is a
reversible process. With the words of H.J. Kimble [166]: “The atom cavity system then
has time to couple itself coherently and at least the possibility of a life of manifestly
quantum dynamics before the grim reaper of dissipation enters.” Occasional loss of the
excitation leads to jumps to lower multiplicities until eventually the ground state |g, 0〉
is reached. In the strong coupling regime the critical atom number is smaller than one
(N0 < 1), such that already a single atom within the cavity has a dramatic effect on the
coupled system. Furthermore, the photon saturation number is also smaller than one
(n0 < 1), which states that a single photon in the cavity field is sufficient for the atom
to be affected by the cavity field. Strong coupling has first been observed for Rydberg
atoms in microwave resonators [167] and later on also in the optical domain [168,169].

Weak coupling regime

In the weak coupling regime the non-coherent losses dominate over the coherent cou-
pling. In the bad cavity regime the limiting factor is cavity loss (κ > γ ≫ g), whereas in
the bad emitter regime spontaneous emission into arbitrary modes is the fastest channel
(γ > κ≫ g).

1.) Bad cavity regime

Spontaneous emission of an emitter in free space is governed by its coupling to the
vacuum field. The presence of the cavity changes the density of modes which can lead
to enhancement or suppression of spontaneous emission. This effect is known as Purcell
effect [67] and shall be described here following the presentation as given in the textbook
of M. Fox [170]. According to Fermi’s Golden rule the transition rate for spontaneous
emission is given by

W =
2π

~2
|M12|2g(ω), (2.58)

where g(ω) is the density of states and M12 is the transition matrix element. In free
space the density of states is given by:

g(ω) =
ω2V0
π2c3

. (2.59)

The dipole interaction gives the transition matrix element as M12 = ~p · ~E. Sponta-
neous emission is the coupling to the vacuum electric field. Averaging over all possible
orientations yields

M2
12 =

1

3
µ212E

2
vac =

µ212~ω

6ǫ0V0
, (2.60)
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where µ12 is the atomic dipole moment. Hence the spontaneous emission transition
rate into free space is:

Wfree−space =
µ212ω

3

3πǫ0~c3
. (2.61)

Within a cavity the density of states is changed. We assume a single mode with angular
frequency ωc and half width ∆ωc which is determined by the quality factor of the cavity
via Q = ωc/∆ωc. g(ω) is given by a normalized Lorentzian function:

g(ω) =
2

π∆ωc

∆ω2
c

4(ω − ωc)2 +∆ω2
c

. (2.62)

At the frequency ω0 of the atom we have

g(ω0) =
2Q

πω0

∆ω2
c

4(ω0 − ωc)2 +∆ω2
c

. (2.63)

In contrast to free-space the orientation of the electric field of the cavity mode is fixed
and we don’t have to average over arbitrary direction. With ξ = (~p · ~E)/(|~p|| ~E|) the
transition Matrix elements reads

M12 = ξ2
µ212~ω

2ǫ0V0
, (2.64)

and hence the transition rate into the cavity mode is

Win−cavity =
2Qµ12
~ǫ0V0

ξ2
∆ω2

c

4(ω0 − ωc)2 +∆ω2
c

. (2.65)

The Purcell factor is defined as the ratio between the emission rate in the cavity and
the emission rate in free space:

Fp =
Win−cavity

Wfree−space
=

3Q(λ/n)3

4π2V0
ξ2

∆ω2
c

4(ω0 − ωc)2 +∆ω2
c

. (2.66)

In case of an ideally oriented dipole (ξ = 1) and the cavity being in resonance with the
emitter (ωc = ω0) we find the ideal Purcell factor:

Fp =
3Q(λ/n)3

4π2V0
. (2.67)

The faster spontaneous emission rate corresponds to a reduced lifetime of the excited
state of the emitter in the cavity compared to the free space situation:

τin−cavity =
τfree−space

Fp
. (2.68)

The ratio of the emission into the cavity to the total emission is given by the β-factor
defined as:

β =
Win−cavity

Win−cavity +Wfree−space
=

Fp

1 + Fp
. (2.69)
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2.) Bad emitter regime

In all previous discussions we have assumed an ideal emitter which has a Fourier-limited
linewidth, i.e.

γ = 1/(2τ) =
ω3µ2

6πǫ0~c3
. (2.70)

We can express the Purcell factor via the cooperativity by

Fp = 2× C =
g2

κγ
. (2.71)

For a Fourier-limited emitter this is equivalent to the expression above (cf Eq. 2.67)
using

g =

√
µ2ω

2~ǫ0V
=

√
3λ2cγ

4πV
(2.72)

and
Q =

ν

δν
=
πc

κλ
. (2.73)

The NV center at room temperature, as discussed above, experiences large line broaden-
ing. The dominant effect for the ZPL is the Jahn-Teller effect leading, by a two-phonon
Raman process, to a linewidth as given in Eq. 2.17. In a more general way we can
describe this broadening by a pure dephasing term γ⋆, such that the linewidth of the
emitter is now given by γ + γ⋆. If this total width is larger than the cavity decay rate
γ + γ⋆ > κ, we are in the bad emitter regime. Only the ratio κ/(γ + γ⋆) lies within the
cavity bandwidth and the modified Purcell-factor is:

Fpbad−emitter
=
g2

κγ
× κ

γ + γ⋆
=

g2

(γ + γ⋆)γ
. (2.74)

Most remarkably in this regime the coupling is independent of the cavity decay rate κ.
In the next section this regime will be discussed more rigorously for the concrete case
of a NV center coupled to a cavity.

2.4 Single nitrogen-vacancy center in a microcavity

2.4.1 Conventions

In this section the theoretical framework to describe the coupling of a single NV center to
a microcavity will be developed, which is based on the work of Auffèves et al. [171–173].
They use a different convention for κ and γ, i.e. these rates describe the population
decay, which is twice as fast as the decay of the coherences. In the atom physics
community, which convention has been used in the previous section, this rates usually
describe the decay of the coherences.

From now on κ and γ will describe the population decay in order to be consistent
with Auffèves and our own publication [174]. To provide a clear distinction bold symbols
are used.
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2.4.2 Model

Overview

We expand a master equation model [172] for solid-state emitter-cavity coupling. For
the NV center we assume, in analogy to [13], a simplified level scheme as depicted
in Fig. 2.11(b), consisting of one excited state (|e〉) and n + 1 vibronic ground states
(|g0〉, . . . , |gn〉). The spontaneous decay rate on the ZPL (|e〉 → |g0〉) is denoted by
γ0, on the PSB (|e〉 → |gi〉) by γi. At room temperature there are two dominant line
broadening mechanisms: first, all transitions are equally subject to phonon scatter-
ing, which can be described by a pure dephasing rate γ⋆; second, the PSB experience
an additional radiative broadening γi,i−1 due to the short lifetime of the vibrational
levels |gi〉. This level scheme represents a simplified description of the NV center PSB
spectrum but suffices to adequately account for the contributions of the individual tran-
sitions to the cavity coupling. Discrete vibrational levels for the NV center have been
calculated [132–134] and measured [135]. Thus our approach is well justified.

The model makes several additional simplifications: Only the optical transition be-
tween excited state and ground state is considered. [By measuring the photon statistics
the inter-system crossing to the singlet states and charge state switching can be sep-
arated and the strength of the optical transition be determined separately (see Sect.
3.2)]. In the experiment cw off-resonant excitation at 532 nm is used and thereby the
spin is continuously polarized into the ms = 0 spin state. Thus we don’t have to con-
sider different spin sublevels and can omit the fact of different excited state lifetimes for
the different spin sublevels. The PSB are accounted for by a Huang-Rhys model. But
to precisely reproduce the spectrum we do not assume a single vibronic mode with a
harmonic potential leading to equidistant vibronic sublevels, instead determine the en-
ergies of the vibronic sublevels directly by fitting the spectrum as shown in Fig 2.11(a).
Note that this fit is not unique because of strongly overlapping vibrational bands and
thus it is only one of the possible solutions to reproduce the spectrum. In fact, there
exist more not resolved levels than determined by the fit [132–135]. The number of
vibronic levels considered here is the minimum number to adequately describe the full
NV spectrum. The obtained parameters from the fit of spectra of several different
single NV centers are listed and discussed in Sect. 3.3. As mentioned before the pure
dephasing takes into account the above discussed dynamic Jahn-Teller effect, which is
the dominant line-broadening mechanism for the ZPL.

The coupling of the optical transition to the cavity mode is described by a Jaynes-
Cummings Hamiltonian:

ĤJC =
n∑

i=0

~ωiσ̂i,i + ~ωeσ̂e,e + ~ωcâ
†â

+~

n∑

i=0

gi(â
†σ̂i,e + σ̂†i,eâ), (2.75)

where ~ωi, i = 0, 1, . . . n are the energies of the vibrational levels in the ground state,
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Figure 2.11: (a) Room-temperature emission spectrum of a single NV center. The spectrum

has been fitted with 8 Lorentzian lines to deduce the model parameters. (b) Simplified level

scheme as assumed in the model described above with n vibronic ground states |gi〉 and one

excited state |e〉. Broadening of the lines is due to spontaneous emission (γi), pure dephasing

(γ⋆) and emission of phonons (γi,i−1).

~ωe is the excited state energy, ωc is the cavity resonance frequency, gi are the cavity
coupling rates, â(â†) are cavity photon annihilation(creation) operators and σ̂n,m are
transition (n 6= m) or population (n = m) operators. Assuming the Markov approxi-
mation the master equation for the coupled system is:

ρ̇ =
i

~

[
ρ, ĤJC

]
+ Lcav

damp + Lat
damp + Lat

GS−Relax + Lat
deph. (2.76)

The first term describes the coherent Jaynes-Cummings interaction. The further terms
take into account cavity loss with a rate κ

Lcav
damp = κL [â, ρ] , (2.77)

loss of polarization

Lat
damp =

n∑

i=0

γiL[σ̂ie, ρ] (2.78)

and broadening effects as discussed above: these are broadening effects due to fast
relaxation within the vibrational ground states

Lat
GS−Relax =

n∑

i=0

γi+1,iL[σ̂i,i+1, ρ] (2.79)
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and broadening due to pure dephasing

Lat
deph = −γ

⋆

4
(ˆ̃σzρˆ̃σz − ρ), ˆ̃σz ≡ σ̂ee −

n∑

i=0

σ̂ii. (2.80)

L[Ô, ρ] denotes the standard Lindblad form defined as:

L[Ô, ρ] ≡ ÔρÔ† − 1

2
(Ô†Ôρ+ ρÔ†Ô). (2.81)

The master equation can be used to calculate the full time evolution of populations and
coherences. At room temperature, however, line broadening dominates all other rates
and coherences can be adiabatically eliminated leading to a rate equation system

d

dt

〈
â†â
〉
= −(κ+R0)

〈
â†â
〉
+

n∑

i=0

Ri 〈σ̂ee〉 (2.82a)

d

dt
〈σ̂ee〉 = −(γ +

n∑

i=0

Ri) 〈σ̂ee〉+R0

〈
â†â
〉
. (2.82b)

An explicit derivation is given later on. In analogy to [172] the rate equations’ dynamics
are governed by effective coupling rates between the emitter’s transition and the cavity
mode:

R0 =
4g20

κ+ γ + γ⋆
1

1 +
(

2δ0
κ+γ+γ⋆

)2 (2.83a)

Ri =
4g2i

κ+ γ + γi,i−1 + γ⋆
1

1 +
(

2δi
κ+γ+γi,i−1+γ⋆

)2 , (2.83b)

where i = 1 . . . n, γ = γ0 + γ1 + . . .+ γn and δi = (ωe − ωi)− ωc. For fast cavity decay
κ >> γ, Ri we determine the emission efficiency Pi of each transition as ratio of the
emission coupled into the cavity to the total NV emission:

Pi =
Ri

γ +
∑n

j=0Rj
, i = 0, . . . , n. (2.84)

If the cavity is tuned to any arbitrary wavelength λ within the NV emission spectrum,
the total emission into the cavity mode is the sum of contributions from ZPL and all
PSBs:

Ptot(λ) =

n∑

i=0

Pi(λ) =

∑n
i=0Ri(λ)

γ +
∑n

j=0Rj(λ)
. (2.85)



2.4. Single nitrogen-vacancy center in a microcavity 39

Experiments with quantum dots

This theoretical framework has not been explicitly considered for coupling of an NV
center to a microcavity in previous work. However, it has been investigated theoreti-
cally [171–173,175–178] and experimentally [179–188] for cavity-coupled quantum dots
(QD). One of the key features of these experiments is the observation of emission into
the cavity even for a far-detuned QD (detuning greater than the linewidths of the QD
and cavity). This fact, which seemed at first glance to violate energy conservation, came
as a surprise in the early experiments. Dephasing assisted channeling into the cavity
line due to coupling with optical phonons was postulated theoretically as source for the
observed phenomena [171, 177, 178] and verified later on experimentally [184–186]. An
classical picture was given by Naesby et al. [177]. In the far detuned case one can think
of the system as driven damped harmonic oscillator, where the cavity is the oscillator
and the emitter the drive. With a continuously steady drive, the oscillation at the
resonators frequency diminishes and only oscillation at the drive frequency will survive.
Dephasing can now be seen as instantaneous jumps of the drive position occurring
on a fast timescale, such that the transient oscillation at the resonators frequency is
continuously restarted. Thus, oscillation at both frequencies will persist.

Explicit derivation of the rate model from the master equation

We model the NV center with n+1 vibronic ground states |gi〉 and one excited state
|e〉. To increase the readability of the derivation we here restrict ourselves to three
vibrational ground state levels. The generalization to n ground state levels, however, is
straightforward.

Figure 2.12: (a) Model of the NV center with 3 vibronic ground states |g0〉, |g1〉, |g2〉 and one

excited state |e〉. All optical transitions have spontaneous emission rates γi and pure dephasing

rates of γ∗. (b) Simplified model (cf. [172]) for NV center in the cavity consisting of two boxes

(NV center and cavity) coupled with the rates R0, R1 and R2 where the last two rates are only

one-directional. The loss rate from the atom (cavity) box is γ = γ0 + γ1 + γ2 (κ), respectively.

The model is depicted in Fig. 2.12(a). The NV center is simplified by three vibronic
ground states (|g0〉,|g1〉, |g2〉) and one excited state (|e〉). The spontaneous decay on the
ZPL is denoted by γ0 and on the PSB by γ1 and γ2. Each optical transition has a pure
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dephasing rate of γ∗. The higher vibronic ground states decay rapidly to the ground
state by rates γ21 and γ10. All three optical transitions are coupled to the cavity by
coupling rates g0, g1 and g2. The cavity has a decay rate of κ. To remember, we here use
the convention that all decay rates (γi, γij and κ) describe loss of population, whereas
decay of the coherences is at half of these rates. The Jaynes Cummings Hamiltonian
describing the system is given by:

ĤJC = ~ω0σ̂00 + ~ω1σ̂11 + ~ω2σ̂22 + ~ωeσ̂ee

+ ~ωcâ
†â

+ ~

(
g0(â

†σ̂0e + σ̂†0eâ) + g1(â
†σ̂1e + σ̂†1eâ),+g2(â

†σ̂2e + σ̂†2eâ)
)

(2.86)

where ~ωi (i = 1, 2, 3, e) are the energies of the levels of the NV center, ωc is the fre-
quency of the cavity, â, â† are the annihilation and creation operator for a photon in
the cavity and σ̂ij (i, j = 0, 1, 2, e) are the transition operators from level j to i for i 6= j
and the population operators for i = j.

Assuming the Markov approximation the master equation for the system is:

ρ̇ =
i

~

[
ρ, ĤJC

]
+ Lcav

damp + Lat
damp + Lat

GS−Relax + Lat
deph. (2.87)

We take into account:

cavity loss:

Lcav
damp = κL [â, ρ] (2.88a)

loss of polarization:

Lat
damp = γ0L[σ̂0e, ρ] + γ1L[σ̂1e, ρ] + γ2L[σ̂2e, ρ] (2.88b)

lifetime broadening of the PSB:

Lat
GS−Relax = γ10L[σ̂01, ρ] + γ21L[σ̂12, ρ] (2.88c)

and broadening due to pure dephasing:

Lat
deph = −γ

⋆

4
(ˆ̃σzρˆ̃σz − ρ) = −γ

⋆

2




0 ρ12 ρ13 ρ14
ρ21
ρ31 0
ρ41


 , (2.88d)

where:

ˆ̃σz ≡ σ̂ee − σ̂00 − σ̂11 − σ̂22 (2.88e)

L[Ô, ρ] ≡ ÔρÔ† − 1

2
(Ô†Ôρ+ ρÔ†Ô). (2.88f)
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We calculate the time evolution of the populations of the atom levels and the photon
number within the cavity:

d

dt
〈σ̂ee〉 = +g0

(
i
〈
â†σ̂0e

〉
− i
〈
σ̂†0eâ

〉)
+ g1

(
i
〈
â†σ̂1e

〉
− i
〈
σ̂†1eâ

〉)

+ g2

(
i
〈
â†σ̂2e

〉
− i
〈
σ̂†2eâ

〉)
− (γ0 + γ1 + γ2) 〈σ̂ee〉 (2.89a)

d

dt
〈σ̂00〉 = −g0

(
i
〈
â†σ̂0e

〉
− i
〈
σ̂†0eâ

〉)
+ γ0 〈σ̂ee〉+ γ10 〈σ̂11〉 (2.89b)

d

dt
〈σ̂11〉 = −g1

(
i
〈
â†σ̂1e

〉
− i
〈
σ̂†1eâ

〉)
+ γ1 〈σ̂ee〉 − γ10 〈σ̂11〉+ γ21 〈σ̂22〉 (2.89c)

d

dt
〈σ̂22〉 = −g2

(
i
〈
â†σ̂2e

〉
− i
〈
σ̂†2eâ

〉)
+ γ2 〈σ̂ee〉 − γ21 〈σ̂22〉 (2.89d)

d

dt

〈
â†â
〉
= −g0

(
i
〈
â†σ̂0e

〉
− i
〈
σ̂†0eâ

〉)
− g1

(
i
〈
â†σ̂1e

〉
− i
〈
σ̂†1eâ

〉)

− g2

(
i
〈
â†σ̂2e

〉
− i
〈
σ̂†2eâ

〉)
− κ

〈
â†â
〉
, (2.89e)

and of the coherences:

d

dt

〈
σ̂†0eâ

〉
= i
(
(ωe − ω0)− ωc

)
︸ ︷︷ ︸

δ0

〈
σ̂†0eâ

〉
− κ+ γ0 + γ1 + γ2 + γ⋆

2

〈
σ̂†0eâ

〉

− ig0
(
〈σ̂ee〉 −

〈
â†â(σ̂00 − σ̂ee)

〉 )
+ ig1〈σ̂†01 â†â〉+ ig2〈σ̂†02 â†â〉 (2.90a)

d

dt

〈
σ̂†1eâ

〉
= i
(
(ωe − ω1)− ωc

)
︸ ︷︷ ︸

δ1

〈
σ̂†1eâ

〉
− κ+ γ0 + γ1 + γ2 + γ10 + γ⋆

2

〈
σ̂†1eâ

〉

− ig1
(
〈σ̂ee〉 −

〈
â†â(σ̂11 − σ̂ee)

〉 )
+ ig0〈â†â σ̂01〉+ ig2〈σ̂†12 â†â〉 (2.90b)

d

dt

〈
σ̂†2eâ

〉
= i
(
(ωe − ω2)− ωc

)
︸ ︷︷ ︸

δ2

〈
σ̂†2eâ

〉
− κ+ γ0 + γ1 + γ2 + γ21 + γ⋆

2

〈
σ̂†2eâ

〉

− ig2
(
〈σ̂ee〉 −

〈
â†â(σ̂22 − σ̂ee)

〉 )
+ ig0〈â†â σ̂02〉+ ig1〈â†â σ̂12〉, (2.90c)

and furthermore:

d

dt
〈σ̂†01 â†â〉 = i(ω1 − ω0)〈σ̂†01 â†â〉 − ig0〈â†ââ† σ̂1e〉+ ig1〈σ̂†0e ââ†â〉

−
(
κ+

1

2
γ10

)
〈σ̂†01 â†â〉 (2.91a)

d

dt
〈σ̂†02 â†â〉 = i(ω2 − ω0)〈σ̂†02 â†â〉 − ig0〈â†ââ† σ̂2e〉+ ig2〈σ̂†0e ââ†â〉

−
(
κ+

1

2
γ21

)
〈σ̂†02 â†â〉 (2.91b)
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d

dt
〈σ̂†12 â†â〉 = i(ω2 − ω1)〈σ̂†12 â†â〉 − ig1〈â†ââ† σ̂2e〉+ ig2〈σ̂†1e ââ†â〉

−
(
κ+

1

2
(γ10 + γ21)

)
〈σ̂†12 â†â〉. (2.91c)

We restrict ourselves to the subspace of maximal one photon in the cavity. This
is justified since the cavity decay rate κ is several orders of magnitude larger than
the coupling rates gi (see below). Furthermore the cavity rate is also several orders of
magnitude larger than the excitation rate at typical pump powers (see Sect. 3.2). In the
subspace of maximal 1 photon â†ââ† = â† and ââ†â = â holds. Adiabatic elimination
of expressions like 〈σ̂†ij â†â〉 leads for these terms to

i〈σ̂†ij â†â〉 = c1〈â†σ̂je〉+ c2〈σ̂†ieâ〉, (2.92)

where the absolute values for c1 and c2 are on the order of MHz or smaller when
taking into account the order of magnitude of the different parameters (for typical
values of these see later on). When substituting the expressions in Eqs. 2.90 and their
complex conjugates leads in principle to a system of six coupled equations. However,
the substituted expressions are several orders of magnitude smaller than the other terms
in Eqs. 2.90, such that all terms of the form 〈σ̂†ij â†â〉 and their complex conjugates can
directly be dropped. Adiabatic elimination of the coherences finally leads to:

d

dt

〈
â†â
〉
= −(κ+R0)

〈
â†â
〉
+ (R0 +R1 +R2) 〈σ̂ee〉 (2.93a)

d

dt
〈σ̂ee〉 = −(γ +R0 +R1 +R2) 〈σ̂ee〉+R0

〈
â†â
〉
, (2.93b)

where

R0 =
4g20

κ+ γ + γ⋆
1

1 +
(

2δ0
κ+γ+γ⋆

)2 (2.94a)

R1 =
4g21

κ+ γ + γ10 + γ⋆
1

1 +
(

2δ1
κ+γ+γ10+γ⋆

)2 (2.94b)

R2 =
4g22

κ+ γ + γ21 + γ⋆
1

1 +
(

2δ2
κ+γ+γ21+γ⋆

)2 (2.94c)

γ = γ1 + γ2 + γ3, (2.94d)

where δ0, δ1, δ2: detunings between optical transition and cavity mode.

These rate equations (2.93a) and (2.93b) describe a simplified model of two coupled
boxes (cf. [172]), an emitter box and a cavity box, with γ the loss rate from the emitter
box and κ the loss rate of the cavity box. The boxes are coupled with the diffusion
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rates R0, R1, R2, where the last two rates are only one-directional (see Fig. 2.12(b)).
In the case where κ ≫ γ, Ri the efficiency on each transition, defined as ratio of the
emission coupled into the cavity mode with respect to the total emission is:

Pi =
Ri/γ

1 +
∑2

j=0Rj/γ
, i = 0, 1, 2. (2.95)

If the cavity is tuned to any arbitrary wavelength within the NV emission spectrum,
the total emission into the cavity mode is the sum of contributions from ZPL and all
PSB:

Ptot(λ) =
2∑

i=0

Pi(λ) =

∑2
i=0Ri

γ +
∑2

j=0Rj

. (2.96)

The generalization of Eqs. 2.93-2.96 to n vibrational ground-states was already given
in the overview-section of the model in Eqs. 2.82-2.85.

2.5 Numerical simulations

In this section the theory presented in 2.4 is used for numerical evaluation. In the first
part the results of the rate model are presented and discussed. In the second part we
also evaluate the full master equation numerically using the quantum optics toolbox for
Matlab by Tan [189] with two different goals. First, it’s to validate the approximations
made to derive the simplified rate model for the room temperature case. Second, the
numerical evaluation of the full master equation also allows exploring the regime where
the approximation might not be valid any more, i.e. in the case of a NV center cooled
to cryogenic temperatures. We start this second part with overview over the working
principle of the methods used by the quantum optics toolbox before we reproduce the
results from the rate model. The final part contains the predictions for the cryogenic
case.

2.5.1 Nitrogen-vacancy center at room temperature – rate model

We want to use equations 2.83 and 2.84 to finally determine the total emission rate into
the cavity with respect to the total emission rate (cf. Eq. 2.85). All input parameters
for the NV center, i.e. the energies of the vibronic ground states and excited state
Ei, the spontaneous decay rates γi the pure dephasing rate γ⋆ and the ground state
relaxation rates γi,i−1, are determined from fitting the spectra of an actual measured
single NV center’s emission into free-space [see Fig. 2.11(a)]. A detailed discussion of
the spectra of single NV-centers, deduction of the relevant parameters and comparison
to the one-phonon Huang-Rhys model will follow in the next chapter (Sect. 3.3). For
now the obtained parameters are simply summarized in table 2.1. Analogously, the
assumed parameters for the cavity are within the range of experimentally observed
values, i.e. the radius of curvature of the mirror is set to R = 70µm and the cavity
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length is varied between l = 3 − 6µm. The finesse is calculated according to the
measured transmission of the mirror coatings and a typical value for the additional
cavity round-trip losses is assumed (see Sect. 4.2.4). From the cavity length and finesse
the cavity decay rate is determined by κ = 2π× c/(2lF). The cavity coupling rate g is
calculated from equations 2.46 and 2.72.

NV center

i Ei γi γ⋆ γi,i−1

[meV] [MHz] [THz] [THz]

0 0 0.69 15 −
1 31.8 2.42 15 85

2 70.3 8.57 15 82

3 124 7.57 15 79

4 168 6.46 15 88

5 221 4.23 15 65

6 275 3.03 15 71

7 319 1.51 15 86

e 1941 - - -

Table 2.1: full list of parameters for the NV centers used in the simulations

The total efficiency is calculated as function of the resonance wavelength of the
cavity and plotted in Fig. 2.13 for different longitudinal mode number n = 10 − 17,
which determines the cavity length by l = n×λ/2. For longer cavities the mode volume
increases and thus the coherent coupling g decreases, which reduces the efficiency for
increasing longitudinal mode number n as shown in Fig. 2.13. The achievable efficiencies
lie in the range of a few percent, which is the ratio of the total (optical) emission from
the NV center which is emitted into the cavity and coupled out through the cavity with
decay rate κ. The effective efficiency will be lower as only a fraction of the cavity decay
is into the collected output channel, which has not been taken into account yet.

To value these obtained efficiencies it is instructive to relate them to the case where
the cavity acts only as a filter. We consider the case where the cavity is in resonance
with the ZPL (λ = 638 nm) and a cavity length of l = 10× λ/2 = 3.2µm. A finesse of
F = 3500 results in a cavity linewidth of δν = 13.4GHz. This leads to a spectral filtering
of the broad NV emission (∆λFWHM ≈ 100 nm) by a factor of ǫspectral = 2.5 × 10−4.
Additionally spatial filtering has also to be taken into account. The collection angle
is determined by the numerical aperture (NA) of the fiber, that will be used in these
experiments. The typical NA of a fiber is NA = 0.15. This solid angle covers only the
fraction ǫspatial = 1−

√
1− (NA)2 = 1.1% of the half-space. Thus by filtering we expect

only the fraction
ǫfilter = ǫspectral × ǫspatial = 2.8× 10−6 (2.97)
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Figure 2.13: Simulated efficiency Ptot(λ) as function of the cavity resonance wavelength λ for

cavities of length l = n× λ/2 for different longitudinal mode number n = 10− 17.

Figure 2.14: Illustration of the contribution of each transition (ZPL + PSB) to the total

efficiency Ptot(λ). The cavity length is l = 10× λ/2.
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to be collected from the NV center. This is 4 orders of magnitude smaller as the pre-
dicted efficiency from the model. Hence coupling to microcavity can have a significant
effect, even for a broad-band emitter.

Taking a look at the contribution from the ZPL and the PSB to the total efficiency
as illustrated in Fig. 2.14 we notice that at any given cavity resonance wavelength λ all
sidebands contribute to the emission into the cavity. For instance when the cavity is
in resonance with the ZPL, only 54% of the emission into the cavity can be attributed
to the ZPL transition. The rest is from the PSB, which is channeled off-resonantly
into the cavity mode very similar to the cavity feeding observed for quantum dots as
described above.

2.5.2 Quantum optics toolbox

To validate the approximations made to derive the rate model and to explore further
parameter range, direct numerical solution of the master equation is necessary. This
is done using the quantum optics toolbox for Matlab by Tan [189]. The underlying
working principle of the toolbox-functions used here shall now be illustrated.

The master equation in the Lindblad form for some dissipation operator O takes
the form:

d

dt
ρ = L[Ô, ρ] ≡ ÔρÔ† − 1

2
(Ô†Ôρ+ ρÔ†Ô). (2.98)

To write the master equation as a linear equation the matrices are flattened to a vector
column by column:

A =

(
A11 A12

A21 A22

)
⇒ Ã =




A11

A21

A12

A22


 . (2.99)

This allows writing Aρ and ρA in the following way:

Aρ =

(
A11 A12

A21 A22

)(
ρ11 ρ12
ρ21 ρ22

)
=

(
A11ρ11 +A12ρ21 A11ρ12 +A12ρ22
A21ρ11 +A22ρ21 A21ρ12 +A22ρ22

)
(2.100a)

Ãρ =




A11ρ11 +A12ρ21
A21ρ11 +A22ρ21
A11ρ12 +A12ρ22
A21ρ12 +A22ρ22


 =




A11 A12 0 0
A21 A22 0 0
0 0 A11 A12

0 0 A21 A22




︸ ︷︷ ︸
≡ spre(A)




ρ11
ρ21
ρ12
ρ22




︸ ︷︷ ︸
ρ̃

(2.100b)

(2.100c)

and
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ρA =

(
ρ11A11 + ρ12A21 ρ11A12 + ρ12A22

ρ21A11 + ρ22A21 ρ21A12 + ρ22A22

)
(2.101a)

ρ̃A =




A11ρ11 +A21ρ12
A11ρ21 +A21ρ22
A12ρ11 +A22ρ12
A12ρ21 +A22ρ22


 =




A11 0 A21 0
0 A11 0 A22

A12 0 A22

0 A12 0 A22




︸ ︷︷ ︸
≡ spost(A)




ρ11
ρ21
ρ12
ρ22




︸ ︷︷ ︸
ρ̃

, (2.101b)

where spre(A) and spost(A) define the corresponding 4x4 matrices describing pre- or
post-multiplication of ρ with the matrix A in the flattend description.

This allows writing the master equation as linear differential equation:

d

dt
ρ̃ = Lρ̃. (2.102)

The formal solution to this equation is

ρ(t) = ρ(0) exp(Lt). (2.103)

Numerical evaluation of the exponential series of a matrix is achieved via finding the
eigenvalues and eigenvectors of L. Once the time dependent density matrix is known, it
is straightforward to calculate the operator expectation values by 〈O(t)〉 = tr

(
ρ(t)O

)
.

Using the collapse operator describing the cavity decay Ccav and the collapse operators
for spontaneous decay Cspi we can calculate the total efficiency by

Ptot =

∫∞
t=0〈Ccav(t)〉∫∞

t=0〈Ccav(t)〉+
∑n

i=1

∫∞
t=0〈Cspi(t)〉

. (2.104)

For numerical evaluation the time is discretized and cut off at sufficiently large values.
For the simulation it is further necessary to restrict the photonic Hilbert space to a finite
number of photon, which is here restricted to maximal one photon in the cavity. Note
that in general this restriction is rather strong and for instance automatically generates
anti-bunched light. However, within the assumed cavity parameters the cavity decay
rate is much faster than the excitation rate of the NV center. Hence, this restriction is
here justified. The initial density matrix is given by the NV center being in the excited
state and an empty cavity.
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2.5.3 Validation of the rate model

Using the same parameters as for the evaluation with the rate model we calculate the
total efficiency now by numerical solution of the full master equation (cf. Eq. 2.104).
Figure 2.15 shows the obtained results for both methods which agree very well. Hence
the approximations made are well justified for an NV center at room temperature
coupled to a microcavity. Here, a longitudinal mode number n = 11 is used (cavity
length l = n× λ/2).

Figure 2.15: Comparison of obtained results using the rate model and numerical solution of

the full master equation

2.5.4 Nitrogen-vacancy center at cryogenic temperatures

We also can use the model to investigate the effect of cavity coupling for an NV center
at cryogenic temperatures. Cooling of the NV center will decrease the broadening of the
ZPL due to the dynamic Jahn-Teller effect [cf. Fig. 2.8(b)] and thus result in a reduction
of the pure dephasing rate γ⋆. Using the solution of the full master equation calculated
with the quantum optics toolbox with the cavity parameter as before, that is a cavity
length of l = 10 × λ/2 and radius of curvature of the concave mirror of R = 70µm,
Fig. 2.16(a) displays the total efficiency Ptot(λZPL) as function of the dephasing rate
γ⋆ when the cavity is in resonance with the NV center’s ZPL wavelength. By fitting
the time-dependent decay of the excited state population with an exponential function
the lifetime is determined, which is also plotted in Fig 2.16(a). A transition from
the dephasing assisted cavity feeding regime to the Purcell regime is observed when
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the dephasing rate becomes comparable to the cavity decay rate (κ = 80GHz). The
lifetime changes by a factor of 3 from 28.6 ns to 9.8 ns. The ratio of emission into the
cavity with respect to the total emission rate rises from 2.3% at a dephasing rate of
γ
⋆ = 10THz to 66% at a dephasing rate of γ⋆ = 1GHz. This efficiency is no more

limited by the dephasing γ
⋆, but the cavity decay rate κ instead and determined by

the β-factor (cf. Eq. 2.69). With a coherent coupling rate of the ZPL transition of
g0 = 1.2GHz and the emitter decay rate of γ = 35MHz we find

Fp =
4g20
κγ

= 2.1 (2.105a)

β =
Fp

1 + Fp
= 68%, (2.105b)

which agrees with the results obtained for small dephasing γ⋆.
Cooling of the NV center only slightly affects the emission on the PSB. The width of

the PSB sidebands is only slightly reduced because the fast ground-state relaxation is
not changed. Thus for a cavity with resonance wavelength in the range of the PSB the
rate of emission into cavity is basically unaltered and still determined by the feeding
mechanism of the cavity from all PSB transitions. This is illustrated in Fig. 2.16(b)
where the total efficiency Ptot(λ) as function of the cavity wavelength is plotted both
for the room temperature situation with a pure dephasing rate of γ⋆ = 15THz and for
a cooled NV center with a exemplarily dephasing rate of γ⋆ = 100GHz. Whereas for
a cavity in resonance with the ZPL wavelength, a dramatic change is observed, cooling
of the NV center has only a little effect on the emission rate into a cavity in the PSB
wavelength range.

Additionally, we can also use the rate model to calculate the total efficiency Ptot(λZPL)
and the decay time by τ = (γ +

∑
iRi)

−1. As Fig. 2.16(a) clearly illustrates, the ap-
proximations made by the rate model are still valid for these parameter range. The
difference in the total efficiency ∆Ptot(λZPL) between the results obtained by the so-
lution of the master equation and the rate model is plotted in Fig. 2.16(d). It is not
surprising that they agree when comparing the cavity decay κ = 80GHz with the co-
herent coupling rate of the ZPL g0 = 1.2GHz. The cavity decay is much faster than
the coherent exchange of excitation between NV center and cavity and therefore the
coherences are negligible and the approximation of the master equation by the rate
equation well justified. Even at the limit of feasible parameters for the cavity with
a cavity length of l = 2µm, radius of curvature of R = 30µm and a cavity finesse of
F = 50000, where the cavity decay rate κ = 9.8GHz becomes comparable to the coher-
ent coupling rate of the ZPL g0 = 2.1GHz, coherent effects still are not significant. As
shown in Figs. 2.16(c) and (d) the rate model still accurately describes the dynamics.
At low temperatures, with a pure dephasing rate γ

⋆ = 1GHz, 97.6% of the emission is
directed into the cavity mode when the cavity is in resonance with the ZPL. The lifetime
is reduced to 0.7 ns, which corresponds to a Purcell factor of Fp = 4g20/(κγ) = 51. The
predicted efficiency by the rate model is in this case 0.3% higher than the calculated
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efficiency from the master equation, which relative to the absolute value of the efficiency
is negligible.

As discussed above the linewidth of the ZPL emission is not only limited by pure de-
phasing, but also by spectral diffusion. Whereas pure dephasing diminishes for reduced
temperature, spectral diffusion will remain unaltered and will especially in NDs limit
the linewidth at cryogenic temperatures (see also Sect. 3.3). For a strong enhancement
the detuning between cavity resonance wavelength and ZPL wavelength needs to be
smaller than the cavity linewidth or pure dephasing rate as can be seen in Fig. 2.16(b).
At cryogenic temperatures, where dephasing becomes negligible, it will therefore be

Figure 2.16: (a), (c) Total efficiency, i.e. ratio of emission coupled out through cavity compared

to total emission of NV center (full markers) and lifetime of the excited state (empty markers)

as function of the pure dephasing rate γ⋆ calculated both via rate model (circles) and solution

of the full master equation (squares) for realized cavity parameters in (a) and ideally achievable

parameters in (c). (b) Total efficiency as function of the cavity resonance wavelength assuming

a dephasing rate of γ⋆ = 100GHz (blue solid line) and cavity parameters as in (a) (red dashed

line). The inset shows a zoom of the PSB wavelength range. (d) Difference of the calculated

total efficiency by the two methods (solution of master equation and rate model) for the two

cases shown in (a) (blue triangles) and (c) (red circles)
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important to match the cavity design to the width covered by spectral diffusion.
Numerical evaluation of the full master equation also allows investigating the onset

of the strong coupling regime. We here assume a realistic cavity length of 3.2µm
with one plane mirror and a fiber mirror with radius of curvature of 15µm. This
determines the mode volume and hence the coherent coupling rate. For the ZPL we
obtain g0 = 1.81GHz. In order to enter the strong coupling regime we need to reduce
the cavity decay rate by increasing the cavity finesse. To achieve the limiting case
κ = g0 one needs a finesse F = (πc)/(κl) = 1.6× 105. In order not to be limited by the
emitter the pure dephasing γ⋆ has also to be smaller than the coherent coupling rate
as we will show below.

We investigate two cases, first γ⋆ = 1GHz and second γ⋆ = 10GHz. We assume
the cavity to be in resonance with the ZPL. The cavity has a constant mode volume of
Vmod = 3.1µm3 = 12λ3ZPL. For a number of discrete values of the finesse we calculate

Figure 2.17: Time evolution of the cavity photon number [(a) & (d)] and excited state pop-

ulation [(b) & (e)] for values of the cavity finesse of F = 5 × 104, 1 × 105, 2 × 105, 3 × 105

assuming a pure dephasing rate of γ⋆ = 1GHz or γ⋆ = 10GHz, respectively. Fitting with an

exponential decay allows to determine the excited state lifetime τ . (c) & (f) Cavity decay rate κ

(black squares), lifetime limited linewidth 2π/τ (blue circles) and coherent coupling rate of ZPL

transition g0 (green horizontal line) as function of the finesse. Further the total efficiency Ptot,

i.e. the ratio of photons coupled out through the cavity with respect to total emitted photons,

is also plotted (red triangles). The pure dephasing rate is γ⋆ = 1GHz in (c) and γ⋆ = 10GHz

in (f).
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the time evolution of the cavity photon number proportional to 〈â†â〉 and the excited
state population proportional to 〈σ̂ee〉. They are shown in Fig. 2.17(a),(b) for a dephas-
ing rate of γ⋆ = 1GHz for values of the finesse of F = 5×104, 1×105, 2×105, 3×105.
In the cases where g0 > κ, γ⋆ oscillations in the populations are observed as is expected
for the strong coupling regime. If the dephasing rate is increased to γ⋆ = 10GHz these
oscillations are damped out as shown in Fig. 2.17(d),(e). The dephasing is too fast in
order for the coherences to persist. However, we still see an increase in excited state
lifetime for increased finesse due to non-coherent re-absorption of the cavity photon by
the emitter before the photon leaves the cavity.

We can fit the excited state decay with an exponential function to determine an
effective emitter lifetime. (Note that in case of strong coupling this fit follows the
over the oscillations averaged population and is not the envelope.) The lifetime-limited
linewidth is determined by

∆ντ = 2π/τ. (2.106)

In Fig. 2.17(c) the cavity decay rate κ, the coherent coupling rate for the ZPL transi-
tion g0 and the lifetime-limited linewidth ∆ντ as function of finesse are plotted for a
dephasing rate γ⋆ = 1GHz. As mentioned above at a finesse F = 1.6×105 the coherent
coupling rate g0 becomes larger than the cavity decay rate κ. Already at a much lower
finesse of F ≈ 4 × 104 the cavity decay rate becomes smaller than the lifetime limit.
This means that the linewidth of the photons is entirely determined by the cavity and
we observe Fourier-limited photons from the cavity. The efficiency Ptot, which is also
plotted in Fig. 2.17, is largest at a finesse of F = 8× 104 and equals Ptotmax

= 97.83%.
This is the ideal working point for use as SPS, that emits indistinguishable photons
with a high efficiency. It is worth mentioning that already for a finesse of F ≈ 4× 104,
where the lifetime limit is achieved, an efficiency of Ptot = 97.3% is achieved.

In case of an increased dephasing rate γ⋆ = 10GHz the maximal efficiency is slightly
lowered but still a maximum value of Ptotmax

= 95.6% at a finesse of F = 8 × 104 is
achieved and the lifetime limit is reached at a finesse of F = 6 × 104. These are
parameters that are in reach of experimental realizations.



Chapter 3

Single nitrogen-vacancy center in

a nanodiamond

This chapter will discuss the preliminary experiments on nitrogen-vacancy centers in
NDs with size < 100 nm, which will be used later on to incorporate into the cavity.
This incorporation is achieved by deposition of NDs onto one of the two mirrors, which
the Fabry-Perot cavity consists of. NV centers in NDs have some advantages and some
disadvantages compared to NV centers in bulk diamond. As the size of the diamonds is
much smaller than the emission wavelength, fluorescence light will not be refracted at
the diamond-air interface. As a good approximation the effective surrounding dielectric
medium of the NV center in a ND can be assumed to be air. This circumvents the
problem of total internal reflection, that is relevant for an NV center in bulk diamond:
due to the high refractive index of diamond (n = 2.42), large amount of the emitted
light will not be transmitted through the diamond-air interface, but completely reflected
(critical angle θtir = 24.6◦). This is obsolete for an NV center close to the surface.
However, due to the large difference in refractive index, the density of states of the
electro-magnetic field is correspondingly higher in diamond than air, and thus an NV
center close to the surface will preferentially emit into the bulk material and not towards
the collection optics.

It is worth noting that in most practical situations this asymmetric emission also
occurs for an NV center in a ND, as the ND is not in free-space but deposited on a
substrate. Similar to the bulk case, emission will be preferentially towards the substrate
and not towards the collection optics. Nevertheless, this can be circumvented to some
extent by positioning the ND on a mirror. This statement is not as straight-forward as it
seems. There is interference between directly emitted radiation and light reflected at the
mirror emission. The situation is thus very critical to the exact distance between emitter
and mirror [190–192]. On a metallic mirror additionally quenching due to coupling to
surface plasmons can occur opening the path to non-radiating relaxation channels and
therefore reducing the emitters lifetime and quantum efficiency [193–195]. Here we will

53



54 Chapter 3. Single nitrogen-vacancy center in a nanodiamond

use only dielectric mirrors. It is also worth noting, that the reflectivity of a standard
dielectric mirror strongly depends on the angle of the incoming light. Thus, the effect
of a mirror as substrate is intuitively often over-estimated. Nevertheless, with proper
design of a planar multi-layer system, into which single molecules are incorporated
as emitters, Lee et al. [196] were able to collect 96% of the emitted light. A similar
approach is also feasible with a NV center in a ND. The broadband collection efficiency
also can be increased using solid immersion lenses [197,198] or nanowires [199].

This highlights one of the advantages of NDs compared to bulk diamonds. In
contrast to bulk diamond, they can easily be incorporated into other systems, either
via spin coating onto a substrate, or even by selecting a specific ND and precisely placing
it with an AFM tip or other kind of tip as already mentioned in the introduction [79,81].

Using NDs has also some disadvantages. Most prominent is strain, which is virtually
always present in NDs. This leads to a shift in the level structure as shown in Fig. 2.5.
As will be discussed later on, this not only shifts the ZPL position, but the coupling to
phonons also slightly varies from one NV center to another, which results in variations
of the exact PSB structure. A further disadvantage is the close proximity to the surface.
The exact surface termination, which determines the chemical potential, influences the
charge state [150,155,156,200]. Furthermore, the quantum efficiency of an NV center in
a ND can also quite dramatically vary from 10% to 90% [201]. Commercially available
NDs are fabricated by an HPHT process and lack of the purity which can be reached
by CVD diamonds. The ZPL of an NV center in a ND typically shows a large spectral
diffusion [93, 143]. Currently many efforts to ameliorate the properties of NV center
in NDs are undertaken, such as precise control of the surface termination [202–204]
and fabricating NDs by a bead assisted sonic disintegration (BASD) method from high
quality CVD films [205, 206]. It is worth noting that NV centers in NDs can reach the
properties of NV centers in bulk diamond. For instance, a lifetime limited NV center
in a ND has been reported (13MHz [14] in bulk, 16MHz in ND [144]. Note that, the
lifetime will always differ between NV centers in bulk diamond and in NDs, as the local
density of states is different. Thus, in NDs the lifetime is on the order of 20-30 ns,
whereas in bulk the lifetime is approximately 13 ns.

The lack of purity in HPHT diamonds and the proximity of defects in NDs to the
surface also limits the spin coherence properties. Without surface treatment the spin
coherence time T2 of NV centers in HPHT NDs is on the order of a few hundred nanosec-
onds [207]. Surface treatment can slightly increase this coherence time to the order of
microseconds [207]. As before the route for NDs with longer spin coherence times is
the use of high quality CVD material from which NDs are fabricated. Trusheim et
al. [208] recently showed a spin coherence time of of a single NV center in a nanocrystal
of T2 = 210µs using a reactive ion etching (RIE) method to fabricate NDs from a CVD
diamond.

In the first section of this chapter the details of the spin coating process developed,
in order to deposit well isolated NDs onto a flat mirror, will be presented. The second
part discusses the measurement and analysis of the intensity correlation function, which
gives some access to the internal dynamics of the NV center. Fluorescence spectra from



3.1. Nanodiamonds on a mirror 55

several different single NDs at room temperature and at cryogenic temperature are
shown in the last section. Especially the slight differences from ND to ND will be
highlighted.

3.1 Nanodiamonds on a mirror

3.1.1 Spin coating

During fabrication or when extracted from solution NDs tend to agglomerate [209].
Small NDs, such as fabricated by detonation or shock-wave synthesis with diameter
5-20 nm, build primary agglomerates with size up to 100 nm, which are chemically
firmly bonded and can hardly be separated. These primary agglomerates further form
several microns sized grape-like structures hold together by electrostatic forces, that
can be easily de-agglomerated for instance in solution with a ultrasonic bath [209]. The
problem to separate the primary agglomerates does not arise for larger NDs fabricated
by a HPHT process. They only experience the easily separable agglomeration mediated
by electrostatic forces. In water, the separated NDs form a colloidal stable suspension,
where they remain de-agglomerated. However, this is critical on the pH-value and
concentration of electrolytes in the water [209]. Colloidal suspensions are also possible
in other solvents such as DMSO (dimethyl sulfoxide) or ethanol [209].

In this work commercially available NDs fabricated by a HPHT process are used,
which are sold de-agglomerated in water (Microdiamant, liquid diamond, MSY 0-0.1).
The diameters of the NDs are smaller than 100 nm and have a median of 60 nm. These
NDs contain, without further processing, between 0 - 4 NV centers and the chance of
finding a ND with a single NV is sufficiently high. As will be shown below, approxi-
mately 10% of the NDs visible in a confocal microscope image contain exactly one NV
center.

To deposit the NDs onto the mirror we use spin coating. A drop (approximately
15µl) of the solution containing the NDs is dropped onto the substrate. Rotating
the mirror yields a thin film of the solution. The mirror is kept rotating until all
solvent is evaporated and only the NDs remain. Using only water as solvent is not
ideal. The surface of a dielectric mirror is often slightly hydrophobic. Spin coating of
a water solution will lead to a inhomogeneous film (formation of small droplets during
evaporation) or even none at all, as the surface is completely de-wetted before the water
is evaporated. In the first case agglomeration of NDs is observed, and in the second
case no NDs at all will be deposited on the mirror.

There are two strategies possible: either to treat the mirror surface in order to
make it hydrophilic, or to use a different solvent. We focus on the second approach
and use a mixture of water and methanol with a ratio of 1:2, containing additionally
a small concentration of the polymer Polyvinylpyrrolidone (PVP, average mol weight
360,000). The starting solution, as obtained from Microdiamant, has a concentration
of 100 carat/Kg of NDs. The final concentration of NDs used is either 1 carat/Kg or
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Figure 3.1: Inverted dark field microscope image of mirrors spin-coated with a solution of

NDs solved in a mixture of water and methanol with concentrations in (a) 1 carat/Kg or (b)

0.1 carat/Kg. The mirror is illuminated from the side with white light. A 100x microscope

objective with a numerical aperture of NA=0.8 collects the light scattered by the NDs which is

imaged onto a CCD chip. The shown image region is approximately (150µm)2 each in size.

0.1 carat/Kg. The first step is to dilute the original diamond solution with additional
water. This ensures that the diamonds remain de-agglomerated, which when directly
diluted in another solvent would not necessarily be the case. Second, methanol is added,
that already contains PVP with a concentration of 0.1%M . The polymer stabilizes
the colloidal suspension and prevents agglomeration. Methanol has the advantage to
evaporate quickly under ambient condition. Furthermore, evaporation of water in the
mixture with methanol is also accelerated, due to momentum transfer between water
and methanol molecules. Figure 3.1 shows a microscope image of two mirrors spin-
coated with the two concentrations mentioned above, i.e. 1 carat/Kg or 0.1 carat/Kg.
This yields well separated NDs. For all samples, spin coating is performed with a
rotational frequency of 2500U/min.

3.1.2 Confocal microscopy of the nanodiamonds on a mirror

We use a home-built confocal microscope which is shown in Fig. 3.2. We have two
options, (a) either to excite and collect with the same microscope objective using a
dichroic mirror or (b) to use a second microscope objective and excite through the
substrate. As we use dielectric mirrors as substrate, the mirror in the second case
needs to be transparent for the excitation wavelength.

Imaging any dielectric mirror with a scanning confocal microscope shows a non-
localized high fluorescence rate everywhere (several 105Counts/s detected on a avalanche
photo diode (APD) in the spectral window of 650−750 nm). This has been observed for
mirrors from different manufacturers. The exact fluorescence rate varies from mirror
to mirror. When the same spot on the mirror is continuously excited, the fluorescence
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Figure 3.2: (a) Confocal microscope that consists of a microscope objective (Olympus LM-

PLFLN, magnification 100x, N.A. 0.8, focal length f = 1.8mm, working distance 3.4mm) and

a multimode fiber (core diameter of 50µm) acting as pinhole, onto which the collected fluo-

rescence is focused with a achromatic doublet lens (focal length f = 50mm). The excitation

laser with a wavelength of 532 nm is coupled in through the same microscope objective using a

dichroic mirror. A longpass and a bandpass filter are used to block the excitation laser in the

detection path. For the scans the fluorescence from the fiber is recorded with an APD (MPD

PDM PD5CTC). As substrate we use a dielectric mirror. (b) Alternative excitation through a

second microscope objective (Mitutoyo MPlanApo, magnification 50x, N.A. 0.55, focal length

f = 4mm, working distance 13mm) and collection optics as in (a). The mirror coating needs

to be transparent for the excitation wavelength at 532 nm.

diminishes within seconds by at least one order of magnitude. This bleaching becomes
faster with higher excitation power. Thus, to yield a suitable signal to background
ratio in order to observe the emission from a single NV centers in NDs, the region of
interest on the mirror is first scanned with the excitation laser (wavelength 532 nm)
focused onto the mirror surface to a spot of approximately 1µm2 with typical powers of
10−50mW. Figure 3.3(a) shows the effect of such a bleaching scan: the image shows a
scan of 60x60 pixels where the inner region of 20x20 Pixels has first been bleached. The
origin of this fluorescence is not fully understood. It is most likely due to insufficiency
of oxygen in the amorphous dielectric layers (SiO2, Ta2O5) [210,211].

Once the mirror is bleached, the NV centers are clearly visible by confocal mi-
croscopy as illustrated in Fig. 3.3(b), that shows a scan of the mirror with densely spin
coated NDs. As the mirror is transparent for the excitation wavelength, excitation of
the NV center is possible from both directions, i.e. from the front through the same
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microscope objective, that collects the fluorescence, as well as through the plane mirror
with a second microscope objective. Figure 3.3(c) and (d) show a confocal scan of
the same area using this two excitation options. The only difference is that excitation
through the plane mirror leads to a slightly larger spot size on the mirror surface and
therefore with the same laser power to a lower intensity, which results in less fluores-
cence. There are two reasons for this larger spot size. First, the N.A. of the second
microscope objective is lower and second, focusing through the 2mm thick fused silica,
that the mirror consists of, leads to spherical aberrations.

To yield well separated NDs, which can later on be independently coupled to a
cavity, we use a lower concentration of 0.1 carat/Kg. Figure 3.4 shows four adjacent
confocal microscope scans, each 80x80 (µm)2 in size. The 41 marked spots have been
investigated further. For each spot first a detail-scan with higher resolution, as shown
exemplarily in Fig. 3.5, is performed to precisely position the ND in the laser focus. This

Figure 3.3: (a) Confocal microscope scan of a mirror with excitation at 532 nm with 1mW in

front of the microscope objective where the inner region (20x20 pixels) has first been bleached

with 4.5mW at 532 nm. The low fluorescence around pixel (20,20) is due to longer illumination

before and after the bleaching scan. There are no NDs spin coated onto the mirror yet. (b)

Confocal microscope image of a mirror spin coated a solution with a concentration of 1 carat/Kg

NDs. (c) and (d) Confocal microscope image of the same region where in (c) excitation and

collection of the fluorescence is through the same microscope objective in front of the mirror

and in the (d) excitation is through the plane mirror with a second microscope objective.
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also reveals the spot size of the excitation laser on the mirror. Fitting the horizontal
and vertical cross section through the maximum of the detailed scan yields a waist
of 0.9µm as shown in Fig. 3.5(b). Note that the spot-size of the excitation laser on
the mirror is larger compared to the resolution of the collection path due to the lower
N.A. of the microscope objective used for excitation compared to the objective used for
collection and the induced spherical aberrations. Next, of each of the marked emitters
in Fig. 3.4 the spectra and the intensity correlation is recorded. The measurements of
the NDs containing a single NV centers will be discussed in the following sections.

Figure 3.4: Four adjacent scanning confocal microscope images of a mirror spin coated with

a solution containing 0.1 carat/Kg. The marked fluorescent spots are investigated further.
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Figure 3.5: (a) A detailed scan with higher resolution of one of the ND (#41 of Fig. 3.4).

Excitation is focused through the plane mirror (50x, N.A.=0.55) and the fluorescence is collected

with a second microscope objective (100x, N.A.=0.8) in front of the mirror. (b) Horizontal and

vertical cross-section through maximum which are fitted with a Gaussian. The FWHMs are 6.6

or 6.8 pixels, respectively. This corresponds to a beam waist (half width at 1/e2) of ≈ 0.9µm.

Note that this is the determined by the spot size of the excitation laser on the mirror, which is

larger than the collection spot.

3.2 Intensity correlation of a single nitrogen-vacancy cen-

ter

3.2.1 Relation between internal population dynamics and intensity

correlation function

Measuring the intensity correlation function defined as

g(2)(τ) =
〈: Î(t+ τ)Î(t) :〉

〈Î(t)2〉
(3.1)

reveals the existence of a single emitter when g(2)(0) < 0.5 because

g(2)(0) =
〈â†â†ââ〉
〈â†â〉2 = 1 +

(∆n)2 − 〈n〉
〈n〉2 ⇒ g(2)(0) ≥ 1− 1

〈n〉 . (3.2)

The intensity correlation function is measured with a Hanbury-Brown and Twiss
(HBT) setup, that consists of a 50:50 beam splitter and photo detectors (APDs) on
each output port (for detailed specifications of the HBT setup used in the experiments
here see appendix B). Correlation of the arrival times of the photons on each detector
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and appropriate normalization yields the g(2) function [212]. For a true single photon
source there will be no simultaneous detection events on both detectors, as the photon
cannot be split and only take one of the two output paths of the beam splitters. The
absence of correlation events at τ = 0 is called antibunching.

Note that for an ideal single emitter g(2)(0) = 0. Background fluorescence will
lead to an increased value g(2)(0) > 0. The limit of 0.5 arises from a Fock state with 2
photons |n = 2〉. This limit is strictly speaking only valid for two identical emitters. For
two emitters with different emission rate and no (or very low background fluorescence)
we will measure a value between 0 and 0.5: 0 < g(2)(0) < 0.5. Thus, to strictly verify
the presence of a single emitter, exact knowledge of the signal to noise ratio (SNR) is
required. It limits the value of the g(2)-function at zero delay to

g(2)(0) = 1−
(

SNR

SNR+ 1

)2

. (3.3)

Measuring the intensity correlation not only allows to discriminate the number of
emitters (in case of only a few emitters), but also gives some insights into the dynamics
of the emitter. The retrievable information strongly depends on the model we assume
for the emitter. We will use here a simplified effective 3-level model for the NV center,
that consists of a ground level |1〉, an excited state |2〉 and an intermediate level |3〉.
Using more levels in principle is possible. However, for more levels the deduction of
the transition rates between the levels from the g(2)-measurements is often ambiguous.
Therefore there is only little gain in using more levels.

In Fig. 2.6 already a simplified 5-level scheme for the NV center was introduced.
Because excitation at 532 nm will lead to spin-polarization into the magnetic ms =
0 sublevel, we can neglect the ms = ±1 sublevels in the ground and excited state.
However, we will have to take into account additionally switching between the two
charge states of the NV center. As simplification we will include this switching into
the intermediate level as illustrated in Fig. 3.6. Except for the transition from the
ground state to the intermediate level, we allow for all possible transition with rates
kij from level i to level j, as shown in Fig. 3.6, too. Since the switching between the
two charge states is power depend, so are the rates k23 and k32. The excitation rate
k12 naturally also dependents on the power of the excitation laser. Note that we use
here non-resonant excitation into a pump-band followed by a fast relaxation into the
excited state. The fast relaxation allows to omit the pump-state and to describe the
whole process simply by the rate k12.

The population dynamics is described by the following rate equations:

d

dt



ρ1
ρ2
ρ3


 =



−k12 k21 k31
k12 −(k21 + k23) k32
0 k23 −(k31 + k32)





ρ1
ρ2
ρ3


 , (3.4)

where ρi is the population of level |i〉. They need to fulfill ρ1+ρ2+ρ3 = 1. The intensity
correlation g(2)(τ) can be interpreted as the conditional probability of measuring a
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Figure 3.6: Switching to the neutral charge state and the intermediate singlet levels are

summarized into one intermediate sublevel leading to an effective 3-level model. The parameters

of this model, i.e. the transition rates between the levels, can be deduced from measurements

of the intensity correlation function. Note that, due to spin polarization it is sufficient to only

consider the ms = 0 sublevels.

photon at a time t+τ on the condition of having measured a photon at time t, normalized
on the probability of having measured a photon at time t:

g(2)(τ) =
P (t+ τ |t)
P (t)

=
ρ2(τ)

ρ2(∞)
. (3.5)

We set the time of the emission of the first photon as t = 0. The g(2)-function then
corresponds to the ratio of the population of the excited state at time τ normalized to
its equilibrium population reached when t → ∞ assuming the system initially at time
t = 0 to be in the ground state, which must be the case after emission of the first photon.
In a more rigorous manner, this can be derived using the quantum regression theorem,
which states that the expectation value of the two-time correlation function 〈O(t′)O(t)〉
follows the same time evolution as the single time expectation value 〈O(t)〉. Using the
fact that the photon number is proportional to the excited state population and that
the g(2) function is normalized leads then directly to Eq. 3.5 with the appropriate initial
condition (ρ1, ρ2, ρ3)(t = 0) = (1, 0, 0). Solving Eq. 3.4 with this initial condition we
find:

g(2)(τ) = 1− (1 + a)e−|τ |/τ1 + ae−|τ |/τ2 , (3.6)

where

τ1,2 = 2/(A±
√
A2 − 4B) (3.7a)

A = k12 + k21 + k23 + k31 + k32 (3.7b)

B = k12k23 + k12k31 + k12k32 + k21k31 + k21k32 + k23k31 (3.7c)
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a =
1− τ2(k31 + k32)

(k31 + k32)(τ2 − τ1)
. (3.7d)

The power dependencies of the rates as motivated above are as follows:

k12 = σP, k23 = k023 + µP, k32 = λP, k21 = const, k31 = const, (3.8)

where σ, µ and λ are parameters which need to be determined from measurements.
The high- and low-power limits will aid to deduce some of the parameters. We find:

τ01 = lim
P→0

τ1 =
1

k21 + k023
(3.9a)

τ02 = lim
P→0

τ2 =
1

k31
(3.9b)

τ∞1 = lim
P→∞

τ1 ∝
1

σP
(3.9c)

τ∞2 = lim
P→∞

τ2 ∝
1

(µ+ λ)P
(3.9d)

a∞ = lim
P→∞

a =
µ/λ

1− (µ+ λ)/σ

≈ µ

λ
for µ+ λ≪ σ (3.9e)

Note that the low power limit of τ1 corresponds to the excited state lifetime τe.

τe = lim
P→0

τ1 (3.10)

3.2.2 Measurements of the intensity correlation function of several

different single nitrogen-vacancy centers

Four of the emitters shown in the scan above (Fig. 3.4) are single NV centers (#5, #31,
#38 and #41). For their case we will now discuss measurements of the g(2)-function
and derivation of the internal rates. Two additional single NV centers in NDs on the
same mirror but at different location and not shown in the scan, that have also been
fully characterized, are also included in the discussion. First the saturation count rate
and saturation power is determined as exemplarily shown for NV #31 in Fig. 3.7. For
this the emission rate as function of the excitation power is measured with single photon
APDs (The count rates of the two APDs of the HBT are added). Saturation is observed
according to the following equation:

CR = CR∞ × P

P + Psat
+ σbg × P, (3.11)

where CR denotes the measure count rate, CR∞ is the saturation count rate and Psat

the saturation power. The last term takes into account background fluorescence which



64 Chapter 3. Single nitrogen-vacancy center in a nanodiamond

Figure 3.7: Saturation measurement for NV #31: Count rate as detected on APDs in the

spectral window 650-750 nm as function of the excitation power measured in front of the micro-

scope objective. The measured data (black squares) are fitted with Eq. 3.11 (red curve) yielding

Psat = 0.51mW, CR∞ = 287× 103 Cts/s and σbg = 6500Counts/(s mW).

Figure 3.8: Black curve: Measured intensity correlation function for the NV #31 at different

excitation powers. The powers are from bottom to top: 0.29×, 0.59×, 1.0×, 2.0×, 2.9×, 3.9×,

5.9×, 7.8×, 9.8×, 14× and 20 × Psat. The curves are shifted vertically by 1 each for better

visibility.

Red Curve: Fit of the measured data with g(2)(τ) = 1− (1 + a)e−|τ |/τ1 + ae−|τ |/τ2 .
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has a linear power-dependency. Typically a saturation count rate of several 105Cts/s is
measured in the spectral window of 650− 750 nm. Compared to saturation count rates
observed from NV centers in ND on a silicon substrate, the count rate observed here
from NV centers on a mirror is roughly a factor 3-4 higher.

Next the intensity correlation is measured at different excitation power. The ob-
tained results for NV #31 are shown in Fig. 3.8. Beside the clear antibunching at
τ = 0 we also observe for high excitation power an increased conditional probability of
detecting a second photon at a time difference τ between approximately 20 ns and up
to several hundred ns after the detecting the first photon manifested by a g(2)(τ) > 1.
This is a called bunching and is a clear signature, that at least one meta-stable state
is involved in the internal dynamics. The normalized measured data is fitted according
to the above derived expression (Eq. 3.6) to deduce the underlying rates. In Fig. 3.9
the obtained parameters τ1, τ2 and a are displayed for six different single NV centers as
function of the excitation power normalized to the measured saturation power of each
center. Using the high- and low-power limits (Eqs. 3.9) and iterative fitting of t1 and t2
yields the underlying rates. They are summarized in table 3.1. Using the obtained rates
the theoretical power dependence of τ1, τ2 and a (Eqs. 3.7) can be calculated. They
are also plotted in Fig. 3.9. For most cases the effective 3-level model well reproduces
the results obtained from measurements of the intensity correlation function. However,
there are few exceptions as for example the case of NV6 shown in Fig. 3.9, where the
bunching persists even at low excitation powers (a > 0 for P → 0).

The orders of magnitude of the derived parameters agree for all six NV centers,
that are shown. However, due to the inherent variation of local environment for each
of the NDs, the exact values slightly differ. We observe values for the excited state
lifetime [τe = limP→0(τ1)] of approximately τe = 30ns. As expected, they are longer

#5 #31 #38 #41 NV 5 NV6

Psat [mW] 0.59 0.51 0.47 0.46 0.76 0.93

CR∞ [105 Cts/s] 142 287 282 290 240 251

k21 [MHz] 32.2 31.6 29.3 36.8 42.1 33.6

σ [MHz×P−1
sat ] 6.8 5.8 4.5 7.1 8.2 10

µ [MHz×P−1
sat ] 0.71 0.55 1.2 0.83 2.9 1.6

k023 [MHz] 0 1.4 2.3 0.2 6.4 0.1

k31 [MHz] 0.4 0.81 0.8 1.1 0.83 2.5

λ [MHz×P−1
sat ] 0.23 0.14 0.37 0.19 0.95 0.18

Table 3.1: Saturation power, saturation count rate and transition rates describing the pop-

ulation dynamics of the effective 3 level model for six different single NV centers in a ND on

a mirror. The factors σ, µ and λ are the proportionality factors in the power dependent rates

according to Eq. 3.8.



66 Chapter 3. Single nitrogen-vacancy center in a nanodiamond

Figure 3.9: Red Squares: Obtained fit parameters τ1, τ2 and a for 6 different single NV centers

as function of the excitation power P in units of the saturation power Psat of each NV center.

Blue line: Power dependence of τ1, τ2 and a according to the effective 3 level model, where the

rates have been deduced from the high-power and low-power limits and fitting of τ1 and τ2.
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compared to a NV center in bulk diamond with τebulk = 12.9 ns because these NV centers
are hosted in a ND that is smaller than the wavelength and thus can be assumed to
be effectively in air, where the density of states for the electric field is a factor of
ndiamond = 2.42, the refractive index of diamond, smaller than in the bulk case. An
exception is NV 5, for which we observe a shorter excited state lifetime of τe ≈ 20 ns.
The reduced lifetime is mostly attributed to an increased decay rate k023 to the singlet
levels. NV 5 is an ideal example how the strain present in the ND leads to non-spin-
conserving dynamics contrary to an ideal NV center: By off-resonant excitation at
532 nm we would expect spin polarization into the ms = 0 sublevel. However, the
probability from the ms = 0 excited state to decay to the singlet level is low and does
not agree with obtained value for k023. We can conclude that NV 5 must experience
a large strain, that leads to a spin-mixing within the excited state. The fact that the
excited state lifetime for the ms = ±1 sublevel is faster compared to the ms = 0 level is
thus consistent with the shorter measured lifetime of NV 5 and confirms the conclusion
of strain-induced spin-mixing. Even though we have assumed a simplified 3-level model
to analyze the measured g(2)-functions, this example shows, that from this analysis we
were able to gain significant insights on the dynamics of the NV center.

3.3 Fluorescence spectra of single nitrogen-vacancy cen-

ters

3.3.1 Spectra at room temperature

As mentioned before, analyzing the fluorescence spectra allows gaining knowledge of
the vibronic properties. For the case of NVs hosted in NDs, the spectrum from NV
to NV will slightly differ. To quantify how strong these fluctuations are, we will here
summarize the spectra from several different single NV centers. Figure 3.10 shows the
fluorescence spectra from eight different single NV centers, where the first six stem from
the centers, whose internal dynamics has just been discussed in the last section. For
the details on the spectrometer employed see appendix B. The spectrum that differs
most from the others corresponds to NV 5, where analyzing the internal population
dynamics has revealed a spin-mixing within the excited state due to a large strain. It’s
not surprising that this large strain within the ND will also alter the coupling of the NV
center to the local lattice vibrations. Thus for NV 5 the different emission spectrum
is consistent with the deduced internal population dynamics. For the other shown NV
centers there are only some slight variations. Each NV center sees a slightly different
environment. As described in section 2.4.2, fitting the spectrum allows to derive the
parameters to describe the NV center by a Huang-Rhys model. Each of the spectra is
thus fitted with 8 Lorentzian lines. The obtained fit parameters are listed in table 3.2.

We can use the obtained Lorentzian linewidths to derive the parameters for the
NV center employed in the model to describe the coupling to a microcavity, as has
been discussed before in Sec. 2.4. To recall, we have modeled the NV center assuming
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Figure 3.10: Fluorescence spectra of eight different NDs containing a single NV center: the

first 6 correspond to the same NV centers whose internal dynamics has been discussed above.

The spectra have been fitted with Lorentzian lines. The obtained parameters are listed in

table 3.2. NV 8 is within a ND spin-coated onto a silicon substrate. The other seven are within

a ND on a mirror.
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#5 #31 #38 #41 NV 5 NV 6 NV 7 NV 8

Z
P
L

νc [THz] 467.9 468.2 468.8 469.6 470.6 470 468.1 468.8

λc [nm] 640.5 640.1 639.3 638.2 636.9 637.7 640.3 639.2

δν [THz] 2.9 3.0 2.7 2.4 3.8 3.5 4.0 2.3

Arel [%] 2.4 2.1 2.1 2.0 2.0 3.0 3.6 1.0

1
.
S
B

νc [THz] 460.3 460.7 462.5 461.9 459.1 462.6 461.0 462.5

δν [THz] 19.6 12.8 15.6 15.9 16.0 17.0 14.4 11.1

Arel [%] 16.2 6.2 8.5 7.0 20.1 7.8 12.4 2.4

∆E [meV] 31.7 31.0 26.1 31.7 45.1 30.4 29.3 29.3

2
.
S
B

νc [THz] 451.5 451.9 452.4 452.6 450.5 452.4 451.6 451.8

δν [THz] 10.5 12.0 13.6 15.4 16.0 15.4 11.8 14.6

Arel [%] 15.1 18.2 22.4 24.9 24.6 22.3 18.3 15.5

∆E [meV] 67.8 67.2 68.0 70.2 80.7 72.7 68.1 73.5

3
.
S
B

νc [THz] 439.5 439.9 440.0 439.7 439.2 439.1 439.5 438.9

δν [THz] 16.2 14.4 13.8 15.0 15.3 15.3 15.8 13.8

Arel [%] 27.7 23.2 23.1 21.9 25.5 24.0 25.2 17.6

∆E [meV] 117.6 117.1 118.8 123.5 127.4 127.4 118.1 126.8

4
.
S
B

νc [THz] 428.8 429.3 428.9 429.0 428.2 428.4 428.9 428.5

δν [THz] 15.1 14.7 15.0 16.5 14.7 15.5 15.9 17.1

Arel [%] 14.7 17.0 18.3 18.7 13.3 15.0 16.2 22.3

∆E [meV] 161.6 160.7 164.8 167.8 172.8 171.7 162.0 169.7

5
.
S
B

νc [THz] 416.2 416.6 416.5 416.2 415.8 417.9 416.5 417.5

δν [THz] 11.2 15.4 13.2 12.7 11.3 15.7 11.7 15.5

Arel [%] 12.0 17.8 13.1 12.2 8.6 11.8 11.9 21.1

∆E [meV] 213.6 213.4 216.3 220.7 224.1 215.3 213.0 215.2

6
.
S
B

νc [THz] 402.8 403.3 403.1 403.2 402 406.9 402.9 404.7

δν [THz] 14.7 13.0 15.7 13.7 11.4 15.7 15.0 11.3

Arel [%] 10.8 7.2 10.9 8.8 4.5 10.3 10.7 7.9

∆E [meV] 269.2 268.2 271.7 274.4 281.1 260.5 269.3 268.4

7
.
S
B

νc [THz] 392.7 393.8 391.1 392.4 393.8 392.6 391.7 391.1

δν [THz] 9.9 21.9 10.7 16.2 12 15.5 11.7 23.2

Arel [%] 1.1 8.1 1.5 4.4 0.5 6.7 1.7 12.3

∆E [meV] 310.7 307.7 319.6 319.2 314.8 319.6 315.8 324.4

Table 3.2: Parameters obtained from fitting the spectra of different single NV centers as shown

in Fig. 3.10 each with 8 Lorentzian lines. νc denotes the central frequency, λc the corresponding

wavelength (only shown for the ZPL), δν the FWHM and ∆E the energy difference of the higher

vibrational levels relative to the vibrational ground state (∆E = ~[(νc(ZPL)− νc]). Arel is the

relative area of each Lorentzian line compared to the sum of the area of all eight lines.
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n vibrational ground states and one excited state. The energies of the levels for the
ground state are

Ei/~ = 2π(νci − νc0) i = 0, . . . , 7 (3.12)

and for the excited state
Ee/~ = 2πνc0. (3.13)

The strength of the spontaneous decay is denoted by γi and is determined by:

γi = Arel · γtot i = 0, . . . , 7 where Arel ≡
Ai∑
iAi

. (3.14)

Ai denotes the area under each of the eight Lorentzian lines the spectrum has been fitted
with. The total transition rate γtot has already been deduced from the measurements
of the g(2)-function (cf. last Sec. 3.2.2) as: γtot = k21.

We further take into account two broadening effects. First, pure dephasing with rate
γ⋆, which is assumed to be the same for all eight transition and second, broadening due
to fast relaxation of the higher vibronic ground states with rates γi,i−1, that only affect
the transitions forming the PSB. They are determined from the obtained fit parameters
by:

γ
∗ = 2π · δν0 (3.15)

γ
∗ + γi,i−1 = 2π · δνi i = 1, . . . , 7. (3.16)

We see that the fitted lines are not spaced equally and thus a Huang-Rhys model
with a single vibrational mode is not accurate. Though, the obtained values agree well
with some of the vibronic levels calculated by Abtew et al. [133]. They found the fol-
lowing energies for the first vibronic levels: 36.7meV,71.7meV, 103.8meV, 114.8meV,
143.7meV, 166.1meV, 183.7meV and 199.6meV. They are also found in measure-
ments: via two-dimensional electronic spectroscopy Huxter et al. obtained for the
energies of the vibrational levels the values: 23.0meV, 33.1meV, 43.5meV, 59.9meV,
74.2meV, 86.6meV, 100.3meV, 146.1meV, 169.1meV, 199.4meV and 233.8meV. Av-
eraging over the values for all 8 centers we have here obtained for the 7 vibrational ener-
gies: 31.8meV, 67.3meV, 122.1meV, 166.3meV, 216.5meV, 270.4meV and 316.5meV.
These are less vibronic levels compared to the predicted/measured values. The fit of
the spectrum is not unique: because the bands strongly overlap the recognition of more
levels within the spectrum is obscured.

The strain within the NDs manifests itself also in the varying position of the ZPL.
For the eight shown single NVs the range of the ZPL position is ∆λZPL = 3.6 nm in
wavelength corresponding to ∆νZPL = 2.7THz in frequency. As we have identified
before from analyzing the g(2)-measurements, NV 5 experiences a large strain. This
also is reflected in the emission spectrum, which significantly differs from the other 7
shown spectra. It is not surprising that the large strain in the local environment of NV
5 modifies the local vibrations and the coupling of the NV center to them.
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3.3.2 Spectra at cryogenic temperatures

When the NV center is cooled to cryogenic temperatures, the linewidths of the ZPL
become narrower because phonon scattering is reduced. For an ideal NV center one
can reach a lifetime limited linewidth (δν = 13MHz) of the ZPL [14]. However, as
discussed before, in most HPHT NDs the linewidth is limited by spectral diffusion.
The measurements shown in this section are from the same type of NDs spin-coated
onto a silicon substrate, which then is mounted in a continuous flow cryostat (Janis
ST-500), that can reach temperatures down to 4.2K. All specified temperatures in the
following are measured on the cold finger of this cryostat. Figure. 3.11(a) shows the
spectrum of a single NV center at ≈ 10K. The PSB structure is only slightly altered
compared to the room temperature spectrum. However, the ZPL becomes much more
prominent, as the emission is into a narrower line.

The ZPL has a Gaussian line shape, which indicates inhomogeneous broadening,
with a FWHM of δν = 580GHz (δλ = 0.79 nm). A linewidth of this order of mag-
nitude is typically measured for NV centers within the NDs provided by Microdia-
mant. Figure 3.11(b) and (c) show the spectra of two further NDs containing 2 or 4
NV centers. Fitting the linewidth yields values in the range of δν = 190 − 550GHz
(δλ = 0.26 − 0.73 nm) for all a 6 NV centers. Once more, the influence of strain on
the ZPL position is visible. Even within the same ND the strain that the different NV
experience varies such that the different ZPLs are resolved at cryogenic temperatures.

The limitation due to spectral diffusion can also be seen, when measuring the
linewidth as function of temperature. An example of a ND with 4 NV centers is shown
in Fig. 3.12 containing the spectra of the 4 ZPLs at different temperatures. They are
fitted with 4 Gaussian lines to determine the width. The obtained values are displayed
in Fig. 3.13. At temperatures below 100K they are constant, and only above they start
to increase.

As the simulation have shown in Sect. 2.5.4, the pure dephasing γ⋆ needs to be
reduced to values in the range 1 – 10GHz, such that the cavity decay rate κ becomes
the dominant loss channel an the Purcell regime is entered. In order to experience the
large enhancement in emission the cavity needs to remain on resonance with the ZPL
frequency of the NV center. Thus, jumps of the ZPL frequency due to spectral diffusion
needs to be smaller than the cavity linewidth:

∆νspectraldiffusion < 2πκ. (3.17)

Hence, to investigate the Purcell regime, the HPHT NDs, that have been investi-
gated here, are not well suited. Spectral diffusion linewidths smaller by at least two
orders of magnitude are desirable. For the given cavity parameters used in this work
we have a cavity decay rate κ = 80GHz. At the limit of feasible parameters the decay
rate can reach κ = 10GHz.

As mentioned in the beginning of this chapter, fabrication of NDs hosting NV
center with improved properties with respect to spectral diffusion and spin coherence
is investigated. Most promising is to start from high quality CVD diamond. In most
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diamonds the ratio between substitutional nitrogen and NV centers is typically on the
order of 10-20. Since substitutional nitrogen is one of the main sources for spectral
diffusion this ratio is not very favorable. Thus the first step is to create additional
vacancies via electron irradiation followed by annealing. If the density of vacancies is
high enough, this allows then to transform most of the substitutional nitrogen into NV
centers. Using this diamond as starting material, NDs can be fabricated via grinding
by a BASD technique or fabricated by RIE. Depending on the final size of the NDs and
the original concentration of NV centers a suitable yield of NDs that contain a single
NV center should be realizable.

Figure 3.11: (a) Fluorescence spectrum of a single NV center at a temperature of ≈ 10K. The

inset is a zoom into the ZPL and fits with either a Gaussian and Lorentzian line illustrate that

the shape is clearly Gaussian with a FWHM of δλ = 0.79 nm which corresponds to a frequency

width of δν = 580GHz. (b) and (c) Fluorescence spectra of two further NDs containing two

or four NV centers. The spectra are fitted with multiple Gaussians leading to widths of δλ =

0.44 nm, 0.26 nm, 0.49 nm, 0.64 nm, 0.48 nm and 0.73 nm corresponding to frequency values of

δν = 320GHz, 190GHz, 360GHz, 470GHz, 350GHz and 540GHz
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Figure 3.12: Fluorescence spectra of a ND containing 4 NV centers recorded at different

temperatures. Only the spectral region of the ZPLs is displayed. As shown in the spectrum

at 10K the line shape is clearly Gaussian. The widths of the 4 NV center as function of

temperature is plotted in Fig. 3.13.
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Figure 3.13: Linewidths of the 4 NVs whose spectra are shown in Fig. 3.12 as function of

Temperature. Below 100K they remain constant. Note that at higher temperature the fitted

Gaussians for the third NV do not well reproduce the form of the spectrum due to overlapping

with the ZPL of another NV center.



Chapter 4

Fiber resonators

This chapter will introduce the details on the optical cavities employed in this work,
i.e. fiber-based Fabry-Perot cavities. The basic characteristics of this cavity type have
already been discussed in section 2.2. Here we focus on the special realization of such
cavities, where one or both of the mirrors is directly fabricated on the facet of an optical
fiber. In the first section the fabrication process of the fiber mirrors will be presented.
The second part addresses technical issues such as background fluorescence of the fibers
and cavity length stabilization.

4.1 Fiber mirrors

Fabricating a curved mirror on a fiber facet enables the realization of a fiber-based
Fabry-Perot micro-cavity. Such cavities have several advantages, which make them
attractive for use in quantum optics. The small foot-print enables the incorporation
e.g. onto atom-chips [213, 214] or into ion traps [215]. Together with the achievable
small radii of curvature, cavities with small mode volumes (≈ 3µm3) can be realized.
Using highly reflective dielectric mirror coatings cavities with high finesse > 1.5 × 105

have been demonstrated [216]. In contrast to many other types of micro-cavities [71],
they are easily tunable by controlling the cavity length via for instance a piezo-electric
crystal. Additionally, the output of fiber cavities is automatically fiber-coupled.

Such fiber based microcavities have recently been employed to demonstrate coupling
to molecules [217], quantum dots [187, 188] and a mechanical oscillator consisting of a
silicon nitride membrane [218]. Several different methods for the realization of such
fiber tips have been developed. Laser machining and structuring by focused ion beam
(FIB) have by now been established as the techniques of choice and both have been
used within the scope of this work.

75
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4.1.1 Structuring by laser machining

Silica glass is a strong absorber for light with a wavelength of 10.6µm, the emission
wavelength of the CO2 laser. Therefore these lasers are used, beside many other indus-
trial applications, for glass processing such as welding and engraving. The melting and
re-crystallization of glass leads to very smooth surfaces and has also been utilized for
the fabrication of silica based high Q whispering gallery mode resonators, for instance
microspheres [219] and microtorroids [220]. Structuring fiber facets with the use of
a CO2 laser has been developed in the group of Jakob Reichel, ENS Paris [221–223].
The laser machined fibers used in this work have been fabricated in collaboration with
his group. The structuring is a combined process of evaporation and melting. A CO2

laser with power in the range P = 300mW to 2W is focused onto the facet for a short
duration of time τCO2

= 4 to 120ms. It is important that only a thin layer close to the
surface is melted. Otherwise, due to surface tension, re-crystallization will yield a con-
vex structure. For too short duration of the laser exposure the re-solidification process
is too fast for the surface smoothing process to occur. This lower limit is not reached
within the parameter range employed for fiber structuring [222,223]. The resulting pro-
file from evaporation can approximately be modeled by calculating the surface ablation
rate from the surface temperature profile. To gain the temperature profile, absorption,
thermal conductivity and thermal diffusion need to be taken into account. This model
well reproduces the structures fabricated on a glass substrate, when the thermal con-
ductivity is treated as free fitting parameter [222, 223]. On fiber facets, due to their
smaller lateral dimensions, the predictions deviate from the effectively realized struc-
tures, especially the diameter is significantly (≈ by factor of 2) larger than expected
from the model [222].

The resulting structure is imaged by white light interferometry. The result of such
a measurement is show in Fig. 4.1(a). The profile along the two main axes of the slight
elliptic shape are fitted by polynomial functions as shown in Fig 4.1(b). To determine
the radius of curvature R a quadratic function is used, which reproduces best the
curvature of the profile close to the center of the imprint. It is worth noting that the
radius of curvature is not constant over the complete profile. Fitting with a higher
order polynomial yields the inflection points, where the shape changes from concave
to convex. The effective diameter D is defined as distance between the two inflection
points and the effective height h is the vertical distance from the lowest point to the
inflection points. The complete depth zmax is the maximal vertical distance across the
complete fiber facets and therefore the minimal geometric length possible for a cavity
built with such a fiber and a plane mirror. The scattering losses due to the surface
roughness are approximately given by [222]

Lscatt. ≈
(
4πσRMS

λ

)2

. (4.1)

The surface roughness has been measured with an AFM for only a few sample fibers
resulting in σRMS ≈ 0.2nm. This enables finesses greater 100, 000 [216,222].
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The resulting features vary significantly from shot to shot. By using the intensity
of the emitted white light during exposure to the CO2 laser as feedback to control
the exposure time, Petrak et al. showed that a much higher repeatability can be
achieved [224]. They also have shown that this method is applicable to structure fibers,
as the emitted white light is partly collected by the fiber and can be monitored at its
other end.

Figure 4.1: (a) 3D-Profile measured by white light interferometry of a imprint in a fiber facet

produced with CO2 laser machining. (b) Cross-section of the profile along one of the main

axis of the slight elliptic shape (ellipticity ≈ 0.3) fitted with a higher order (9th) polynomial

to determine the inflection points of the profile and in the center with a quadratic function to

determine the radius of curvature.

For this work two kind of fibers have been structured with a CO2 laser:

❼ Oxford Electronics GI50-200CB CuBall graded index multi-mode (MM) fiber with
a core of 50µm and cladding of 200µm. The fiber has a copper based metallic
coating.

❼ Fiberguide industries gold coated single-mode (SM) fiber with a mode field diam-
eter of 4.3µm, cladding of 125µm and numerical aperture of 0.12.

Fiber type P w0 τCO2
R D heff zmax

[mW] [µm] [ms] [µm] [µm] [µm] [µm]

Cubal MM 0.54 27.8 22.5-70 20-314 12.2-28.6 0.06-3.3 no data

Gold SM 1.2 28 25-27 66-107 17.7-20.6 0.36-0.77 0.9-2.3

Table 4.1: Fabrication parameters P (laser power), w0 (the beam waist of the focused laser

on the fiber) and τCO2
(exposure time) used and thereby resulting structures with radius of

curvature R, effective diameter D, effective depth heff , complete depth zmax for the fibers

machined with a CO2 lasers within the scope of this work.
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The fabrication parameters and resulting structures are summarized in table 4.1.
No feedback-control has been employed during fabrication.

4.1.2 Structuring by focused ion beam milling

In an alternative approach fibers can also be structured by FIB milling. A beam of
gallium ions (Ga+) is focused onto the fiber facet with a spot size of ≈ 100 nm, that
sputters off the silica from the surface. By scanning across the surface and varying the
dwell time any given profile within the resolution of the spot size can be machined. As
glass is an electrical isolator, building up of surface charges needs to be prevented. This
charge neutralization is realized within the vacuum chamber with a electrical filament
at a certain voltage, which floods the chamber with electrons, such that the charging
of the sample by the ions is compensated.

To fabricate microcavities with small mode volumes Dolan et al. [225] also used
FIB milling. They wrote arrays of spherical imprints into a plane substrate. After
deposition of dielectric mirror coatings and using a second plane mirror the built plane-
curved Fabry-Perot cavities with mode volumes down to the order of femtoliter (µm3).
Note that these cavities are not fiber-based and thus do not share the advantage of
the output being automatically fiber-coupled and having a small foot-print. Common
to both systems is the realization of easily tunable cavities with small mode volumes.

Figure 4.2: (a) SEM image of fiber facet with a spherical imprint written by FIB milling.

(b) 3D image of the imprint as measured with an AFM (c) profile cut fitted with a quadratic

polynomial yielding a radius of curvature of R = 14.2µm. The depth of the structure is

h = 1.2µm and the diameter is D = 11.1µm. The inset shows the profile along its minimum

revealing the very smooth surface roughness with σrms < 0.2µm.
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Thanks to the fabricated array they have compared to fiber-based cavities the advantage
of realizing simultaneously many cavities.

Within this work fibers have been structured with the following set of parameters:
diameter D = 10µm, radius of curvature R = 14.1µm, depth h = 1.2µm. One
advantage of the FIB is the high passive repeatability i.e. the fabricated structure
vary only very little from each other when using the same fabrication parameters.
The system used is a ”Helios Nanolab Dualbeam“ from Fei, which, beside the ion
column, also contains an electron microscope for imaging. Figure 4.2(a) exemplarily
shows a scanning electron microscope (SEM) image of a machined fiber. The fabricated
structure is measured with an AFM. The results are shown as 3D image in Fig. 4.2(b).
To determine the radius of curvature, the cut through the center of the profile is fitted
with a quadratic polynomial as displayed in Fig 4.2(c). The resulting features are very
smooth and the surface roughness is only few Ångström (σrms <2 Å), similar to the
values reached with laser machining.

Four types of fiber have been structured with the FIB method within this work:
the above described MM-fiber from Oxford electronics and gold coated SM-fiber from
Fiberguide industries and furthermore the pure silica core SM-fibers S-460HP and S-
630HP from Nufern (for details of the fibers see below table 4.2).

Whereas the small structures are promising to achieve a small mode volume and
hence a large coupling rate, greater radii of curvatures and larger diameters are in-
teresting for longer cavities, which are desirable e.g. for incorporation into ion traps,
where the cavity needs to be large to prevent distortion of the trapping potential due to
electric charging of glass fibers. For this purpose, the realization of larger imprints by

Figure 4.3: (a) SEM image of fiber facet with a spherical imprint written by FIB milling. The

design diameter is 80µm. Duration of the writing process was 38min. (b) profile cut fitted with

a quadratic polynomial yielding a radius of curvature of 950µm. The depth of the structure is

measured to be 495µm and the inset shows the profile along its minimum.
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FIB has been investigated. Figure 4.3(a) displays a fabricated structure with design
diameter of d = 80µm and design depth h = 500µm. The radius of curvature is deter-
mined by AFM measurement [cf. Fig. 4.3(b)] to be R = 950µm. The profile shows a
wavy pattern with amplitude of a few nanometers, especially accentuated around the
center of the structure. Its origin lies in the discretization of the profile definition, in
this case by a 2500× 2500 Pixel2 bitmap file for the 80× 80µm2 exposed region, which
leads to interference effects with the finite beam diameter of the focused Ga ions. This
surface roughness will induce scattering loss and is therefore not useful for the purposes
intended. Different parameters have been tested, i.e. shallower structure with a reduced
depth (0.06µm) and a different resolution for the profile definition. Nevertheless, this
structures still show oscillation in the profile of roughly 1 nm. Similar to the profile
shown in Fig 4.3(b), the shallower profile also significantly deviates from the designed
parabolic shape around its center. Using a de-focused ion beam might circumvent these
problems. In the scope of this work investigation in this direction has not been further
pursued, because for coupling to a solid state emitter we are interested in cavities with
a mode volume as small as possible. They are reached which fibers having only a small
imprint with small radius of curvature. We have shown above that we have fabricated
such fibers with FIB milling with outstanding properties.

4.1.3 Further techniques

For completeness the other techniques existing to realize a fiber-based microcavity shall
be summarized here.

Gluing micro-mirrors to fibers

The technique first employed by Steinmetz et al. [226] is based on lift-off coatings,
with which a microlens array is coated. A fiber is centered on top of a microlens
and attached by the use of ultraviolet (UV) curing glue to the coating. Finally by
pulling back the fiber, the coating is detached from the lens array. A cavity with such
fibers has been employed by Muller et al. to couple to a quantum dot [187]. As these
lift-off coatings cannot provide state-of-the-art minimal losses, the achievable finesse is
limited. Additionally the surface roughness cannot compete with the achieved values
by the before mentioned techniques (CO2-laser, FIB) and are in fact the main limit for
the finesse due to scattering loss. In the early stage of the experiments we also have
successfully fabricated fiber mirrors by this approach. However, due to the limitations
of these mirrors, this approach has not been further pursued.

Impression with a hot metallic sphere

Kunert et al. [227] used a special fiber (bismuth oxide), which compared to silica has a
lower melting point, and a tungsten carbide sphere. Both were heated and then pressed
against each other to produce an impression of the sphere on the fiber facet. Compared
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to the other methods the surface roughness (σRMS ≈ 9nm) is large. Furthermore, the
feature covers the whole facet which limits the minimal mode volume (see below), which
is not desirable.

Etching the substrate (plane fiber - curved substrate configuration)

Instead of fabricating the concave structure inside the fiber, the first realization of
fiber based microcavity by Trupke et al. [228] made use of a substrate, into which they
etched curved features. However, with a surface roughness of 2 nm, limitation to the
plane fiber-concave substrate configuration and less control of the resulting structure
compared to the other methods, etching is not very suitable.

4.1.4 Choice of parameters

The figure of merit to characterize the emitter-cavity coupling is the cooperativity,

which for an ideal emitter C ∝ g2

κγ
. The cavity decay rate κ can be related to the

cavity quality factor, which depends on cavity length and finesse κ ∝ 1/Q ∝ 1/(lF)
and the coherent coupling rate g depends on the mode volume g2 ∝ V −1

mod ∝ (w2
0l)

−1.
Therefore for the cooperativity we find

Cideal ∝
F
w2
0

. (4.2)

As shown above for a broad emitter we have rather C ∝ g2

κγ
×κ/γ⋆ = g2

γγ⋆ . Although the
cavity quality factor determines the cavity linewidth, it does not influence the effective
cooperativity. The cooperativity only depends on the mode volume:

Cbroademitter ∝ V −1
mod. (4.3)

Thus, for room temperature cavity coupling of the NV center, the parameter to
optimize is the mode volume, which has to be as small as possible. A concave struc-
ture puts a geometrical limit to the smallest cavity length achievable as illustrated in
Fig. 4.4(a). Furthermore, the cleaved fiber facets are not perfectly flat. Deviations from
the ideal plane surface are especially observed at the point where the fibers have been
scored with a diamond blade to define a predetermined breaking point prior to cleaving.
In practical implementation there will therefore always be a small gap between the two
mirrors as illustrated in Fig. 4.4(b). Assuming a wavelength of λ = 640 nm Fig 4.4(c)
and (d) show the calculated minimal mode volumes achievable as function of the ra-
dius of curvature for different gaps δ and diameter of structure D = 10µm (smallest
diameter in order not to be limited by clipping loss, see below) or D = 30µm (typical
diameter for fabricated imprints with the CO2 laser machining method), respectively.

A gap of 1−2µm is technically achievable. A smaller diameter of the concave imprint
will result in a smaller mode volume. On the other hand, losses due to diffraction
become significant if the diameter of the spherical imprint (2a) approaches the mode
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Figure 4.4: (a) The smallest achievable cavity length is limited geometrically by the concave

shape (b) In practical implementations a gap δ between two mirrors will exist due to uneven

fiber facets which further increase the cavity length (c) and (d) Mode volume Vmod as function of

radius of curvature R for different gap sizes δ and diameter of the concave structure D = 10µm

and D = 30µm, respectively.

field diameter of the cavity mode on the mirror (2w). These clipping losses are given
by lclip = exp(−2a2/w2) [222]. Thus for a finesse greater F > 105, that can be reached
with today’s state-of-the-art low loss dielectric mirror coatings, the following condition
must hold: 2a > 5.2w. For cavities with a length l < 5µm and radius of curvature
R < 50µm the width of the Gaussian beam on the mirror is w < 1.9µm. Thus a
minimum diameter of the fabricated spherical structure of D = 10µm will be sufficient
not to degrade the finesse. As mentioned above, the profile created with the CO2 laser
machining technique changes from concave to convex in the outer regions. Therefore the
usable diameter, the lower limit of which is given by the clipping condition, is smaller
than the effective diameter of the created structure. Hence FIB milling is the method
of choice on route to realize the smallest mode volumes.

One advantage of a fiber cavity is the directly fiber coupled output from the cavity.
The ratio of the out-coupled light with respect to intra-cavity field not only depends
on the transmission and loss coefficients of the mirror coatings, but also on the finite
overlap between the cavity mode and the guided fiber mode. A mismatch between the
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two mode field diameters for fiber (wf ) and cavity (wm on the fiber mirror) and the
lensing effect due to the curved fiber surface will lead to a reduced transmission by the
factor [229]

ǫc−f =
4

(
wf

wm
+ wm

wf

)2
+
(πnfwfwm

λR

)2 , (4.4)

where nf is the refractive index of the fiber core, λ the wavelength of the cavity and R
the radius of curvature on the fiber facet. Equation 4.4 assumes the fabricated structure
is perfectly centered on the fiber core. In practical situations this will not be the case
and will reduce the effective overlap even further. For applications requiring both large
Purcell coupling and high photon output rates, e.g. high repetition rate SPS or cavity
enhanced spin measurements, we use the following figure of merit (FoM) to determine
the optimal design parameters: FoM = ǫc−f ×C ∝ ǫc−f/Vmod. Figure 4.5(a) the FoM is
plotted as function of the radius of curvature for a feature diameter of 10µm. Assuming
a gap in the range of δ = 1− 2µm the ideal design radius of curvature is in the range
30− 40µm.

When the NV-center is cooled to cryogenic temperatures, the pure dephasing of
the ZPL due to phonon scattering is reduced and, as shown before (see section 2.5.4),
the common Purcell regime is reached. Thus, for a cold NV center the FoM becomes
FoM = ǫc−f × C ∝ ǫc−f/w

2
0 assuming a constant finesse. This is displayed as function

of the radius of curvature for a structure diameter 10µm in fig. 4.5(b).

Figure 4.5: (a) Cavity out-coupling figure of merit ǫc−f/Vmod for the broad emitter case as

function of the radius of curvature assuming a feature diameter of 10µm. (b)(a) Cavity out-

coupling figure of merit ǫc−f/w
2
0 for the Purcell regime case as function of the radius of curvature

assuming a feature diameter of 10µm
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4.2 Technical aspects

4.2.1 Background emission from the fiber

Laser light guided through an optical fiber is spatially confined to a small cross-section
over the whole fiber length. The high intensity will excite fluorescence from the fiber
due to dopants and impurities in the glass material. As we are interested in detect-
ing light from a single emitter, we are very sensitive to any background fluorescence.
Figure 4.6(a) displays the detected background count rate on a APD in the spectral
window from 650 nm to 750nm as function of the laser power coupled into the fiber
for different types of fibers. The setup to measure the fiber fluorescence is shown in
Fig. 4.7. Figure 4.6(b) contains the corresponding normalized spectra. Table 4.2 lists
the tested fibers and the power dependence of the fluorescence determined by a linear
fit.

Optical fibers are based on total internal reflection. To create a difference in refrac-
tive index between core and cladding either one of them is doped with impurity atoms.
The fibers showing low fluorescence (S460HP and S630HP) are pure silica core fibers,
whereas the other ones have a doped core, that leads to higher background fluorescence.
The reduced fluorescence from the fiber core of a pure silica core fiber is also visible,
when recording the fluorescence from the fiber facet with a scanning confocal micro-

Figure 4.6: (a) Squares: measured fluorescence from different fibers (see table 4.2) in the

spectral window from 650 nm to 750 nm as function of laser power at 532 nm coupled into the

fiber. The laser power is measured after the out-coupling lens L3 (see Fig. 4.7 for a sketch of the

setup) and corrected for its transmission. The count rate has been normalized to the length of

the fibers, which has been on the order of 1m for all the test fibers. The in-coupling efficiency,

defined as ratio between power after out-coupling lens L3 and power before Brightline filter, for

the different fibers were: SM600: 37%, Cubal: 38%, Gold: 48%, S460HP: 24% Lines: Linear fits

to measurement points. The obtained fit parameters are listed in table 4.2. (b) Corresponding

normalized spectra of background fluorescence.
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Figure 4.7: Test setup to measure fiber fluorescence: Excitation is delivered through a SM

fiber. A Brightline filter (Semrock HC531/40, F39-531, transmission T = 89.9% at 532 nm)

ensures that only laser light at a wavelength of 532 nm is coupled into the test fiber. After the

fiber, the excitation laser is filter out by a bandpass filter with edge at 620 nm (Omega optical

3rd Millenium 620LP). The fluorescence is then coupled into a MM fiber and measured by an

APD (Picoquant, τ -spad). In front of the APD there is an additional bandpass filter for the

wavelength range from 650 nm to 750 nm (Omega Optical 3rd Millenium). The following lenses

are used: L1: aspheric lens, focal length 8mm (C240TME-B, Thorlabs), L2: aspheric lens, focal

length 11mm, T = 96% at 532 nm (C220TME-A, Thorlabs), L3: 10x microscope objective, NA

0.17, T = 75% at 532 nm (Elliot scientific), L4: aspheric lens, focal length 4.5mm (C230TME-B

, Thorlabs). For measurement of the S630HP fiber the two lenses L2 and L3 have been switched.

fiber manufacturer type MFD design λ fluorescence rate

[µm] [nm] [KCts/(s×µW×m)]

SM600 Fibercore SM 4.3 633, 680 51

Cubal Oxford electronics MM 50 - 3.9

Gold Fiberguide industries SM 4.3 630-680 3.1

S460HP Nufern SM 3.5 450-600 0.32

S630HP Nufern SM 4.3 600-770 0.24

Table 4.2: Fiber tested for background fluorescence in the spectral region from 650 nm to

750 nm. The table lists manufacturer, main properties of the fiber such as fiber type [single

mode (SM) or multimode (MM)], mode field diameter (MFD) and design wavelength. For

the MM fiber the core diameter is listed instead of the MFD. The last column contains the

power dependent fluorescence rate determine from a linear fit of the measurements shown in

Fig. 4.6(a), which have been normalized to the fiber length.
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scope as shown in Fig. 4.8. Whereas for a doped core the doping needs to lead to an
increase of the refractive index, doping of the cladding needs to result in a reduction in
refractive index. Therefore, different impurity atoms are employed and the fiber type
(core doped or cladding doped) can be identified by the spectrum of the fluorescence
from the fiber [cf. Fig. 4.7(b)]. It is worth mentioning, that for the pure silica core
fibers the measured fluorescence dramatically increases by one order of magnitude in
the case, where the longpass filter, which rejects the excitation laser, is mounted exactly
perpendicular in the optical beam, such that the reflected light is refocused through
lens L4 onto the end-facet of the test fiber. This is because the light is not refocused
on the fiber core, but rather onto the cladding and hence leads to a significant rate of
fluorescence.

Figure 4.8: Scanning confocal microscope image with 0.7mW excitation at 532 nm through

a NA=0.55 microscope objective of the fiber facet of a pure silica core fiber (Nufern S630HP).

The reduced fluorescence from the core is clearly visible.

Beside background fluorescence due to dopants, fused silica also has a typical Raman
signal [230–233]. The Raman effect occurs when laser light is scattered on a molecule
or solid. Interaction with local vibrations (excitation or absorption of phonons) leads
to a typical shift in the laser frequency, called the Raman shift, which can be attributed
to oscillation of a certain chemical bond. Figure 4.9(a) shows the spectra from an
optical SM fiber (SM600), when laser light at different wavelengths [590.4 nm (from
a fs-optical-parametric-oscillator-system [234]), 632.8 nm, 670 nm] is coupled into the
fiber. The spectra have been normalized to the laser power within the fiber. The Raman
effect manifests itself by the same features occurring at the same frequency shifts and
thus at different absolute wavelengths. This is illustrated in Fig. 4.9(b), which shows
the spectra as function of the shift, which is characterized by the relative change in
wave number ∆k = 1/λlaser − 1/λ. Due to different edge filters, which suppress the
laser light, the lower cut-off of the spectra varies for the different excitation wavelengths.
The features at 485 cm−1, 600 cm−1, 800 cm−1, 1060 cm−1 and 1180 cm−1 are typical for
SiO2. Also the maximum at around 1600 cm−1 has been reported [230]. The additional
band at ≈ 685 cm−1 is due to the dopant (GeO2) of the fiber core [230].



4.2. Technical aspects 87

Figure 4.9: (a) Measured spectra from a single mode fiber (SM600), when laser light with

wavelengths 590.4 nm, 632.8 nm or 670 nm is coupled into the fiber. The spectra have been

normalized to the laser power within the fiber. For the different spectra, a long-pass filters have

been used with edges at 620 nm, 650 nm or 700 nm, respectively. (b) Spectra from (a) plotted

as function of wave number shift ∆k = 1/λlaser − 1/λ.

4.2.2 Mirror-coatings

The design specifications for the mirror coatings on the fiber facet not only have to take
into account the requirements for the cavity-coupling, but also the limitations due to
the off-resonant excitation laser coupled into the fibers, as discussed in the last section.
We will be using two configurations, first, a cavity with one standard plane mirror and
one curved fiber-mirror and second, a cavity consisting of two fiber mirrors. The NV
center will be incorporated into the cavity by depositing a ND containing a single NV
centers either onto the plane mirror or one of the fibers, respectively. The NV center
will be excited through the plane mirror/fiber with the ND. As output channel we will
use the (second) fiber. The cavity shall be optimized for the ZPL wavelength of the
NV center. The following design criteria shall be fulfilled:

1. The reflectivities of the two mirror coatings must yield the desired finesse at the
ZPL wavelength.

2. The dominant output channel is the transmission of the (second) fiber.

3. The mirror, onto which the NDs are deposited, has a high transmission for the
excitation laser at 532 nm.

4. The (second) fiber has a high reflectivity for the excitation laser to suppress
background fluorescence by preventing green pump light to enter.

5. The field amplitude at the position of the ND has to be maximal for the ZPL
wavelength.
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6. The penetration depth for the ZPL wavelength has to be kept minimal for both
coatings, in order to achieve a small mode volume.

We will aim for a moderate finesse of 3000-5000 so that additional scattering losses
attributed to the ND in the cavity will still be manageable. This leads to the following
specifications:

❼ Mirror 1 (with ND): at λ = 638 nm R = 99.99%, at λ = 532 nm T > 95%,

❼ Mirror 2: at λ = 638 nm R = 99.9% (T = 0.1%), at λ = 532 nm R = 99.99%,

where R, T denote the intensity reflection or transmission coefficient, respectively. The
two cavity setups under consideration with the corresponding mirror coatings are illus-
trated in Fig. 4.10(a) and (b).

Figure 4.10: (a) Cavity consisting of a plane mirror (diameter 0.5 inch) and one fiber mirror.

The excitation laser at 532 nm is focused with a microscope objective through the plane mirror.

Light is coupled out dominantly through the fiber. (b) Fiber-fiber cavity, where both mirrors

are realized on a fiber facet. Excitation of the NV center is through the first fiber, collection of

the NV emission through the second.

Such high reflectivities are achieved with dielectric coatings consisting of a stack
with two alternating dielectric materials with different refractive indices (nH > nL),
each with an optical thickness of a quarter of the design wavelength. Constructive
interference (which is ensured by the λ/4 thickness of the layers) of reflection at each
interface will yield the high reflectivity. A typical mirror stack will be of the following
order S(HL)nH, where S denotes the substrate, H, L the two dielectric materials
according to their relative refractive index. The coating usually ends with a layer
of the high index material. For coatings in the visible spectral range typically SiO2

(nL = 1.455) as low and Ta2O5 (nH = 2.041) as high refractive material are used.
To ensure a high field amplitude at the mirror surface as it is demanded for mirror 1,

the mirror structure needs to end with the low index material. This requires additional
pairs of λ/4-stacks to achieve the same reflectivity compared to a mirror with the high
index material as last layer. The high transmission at 532 nm can be achieved by a
slight variation in the thickness of each layer, such that at 638 nm the high reflectivity
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still remains, but for 532 nm destructive interference will lead to a maximum in the
transmission.

For mirror 2, where at both wavelengths a high reflectivity is demanded, stacking
of two dielectric mirrors directly on top of each other is the solution. Point 6 of the
design criteria requires that first the mirror for 532 nm is realized on the facet, before
the mirror for 638 nm follows. The optimization of the mirror design has to take into
account the complete stack consisting of both.

Creation of such a dielectric mirror is based on thin film techniques. Three main
techniques are established. Evaporative deposition, ion beam plating and ion beam
sputtering (IBS). As the name indicates evaporative deposition is based on evaporation
of coating material and condensation on the substrate. Ion beam plating is also based
on evaporative deposition, where additionally the target is under permanent flux of ions.
This yields denser molecular structure and a hard coating, whereas evaporative coating
leads to a soft coating, which easily can be removed from the substrate. Mechanical
cleaning (for instance wiping with a organic solvant soaked lens paper) is only possible
for a hard coating. For low loss coatings IBS is the method of choice and used for the
coatings in this work. A sputter target of the desired material is bombarded by ions.
The sputtered atoms diffuse to the substrate where they condensate. This process also
yields a hard coating.

Figure 4.11: Transmission measurements of the mirror coatings employed in this work. The

red highlighted spectral region is the excitation wavelength at 532 nm and the NV center’s ZPL

wavelength at ≈ 638 nm.
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The coatings for this work have been designed and fabricated at the Laser Zentrum
Hannover e.V. (LZH). Figure 4.11 shows the transmission measurements (with Hitachi
U-3501) on test substrates, that have been coated simultaneously with the fibers or
mirror substrates used for the cavities.

To coat the fibers, they are fixed within a thin slit of a metallic (aluminum or brass)
cylinder and fixated with a piece of sheet steel. Under a microscope it is ensured that
the machined fiber tips protrude the cylinder by a well defined length (3 ± 0.05mm).
The cylinders are then placed, together with test substrates, into a calotte as shown
in Fig. 4.12, which is mounted in the IBS chamber. The laser machined fibers from
the first fabrication round (MM Cubal) have been cleaned before mounting into the
calotte in ultrasonic bath, first 5min in 20% HCl acid, second 2min in distilled water
and finally 5min in acetone prior to mounting in the calotte. However, cleaning of the
fibers cannot eliminate all contamination, and it is therefore desirable to prevent any
contamination, such that no cleaning is necessary. For later fabricated fibers, great care
was taken to work under clean conditions during machining of the concave structures,
such that cleaning of them afterwards was obsolete.

Figure 4.12: Calotte containing the fibers and test substrate used for coating by IBS

4.2.3 Building fiber cavities

As discussed above, two types of fiber cavities will be investigated: plane mirror-fiber
and fiber-fiber cavity. In the first case the cavity consists of one fiber mirror and one
plane mirror. The fiber is glued onto a home-built piezo-driven flexure stage in order
to control the cavity length. The plane mirror with a diameter of 0.5 inch is mounted
on a translation stage driven by piezo-motors to on one hand approach fiber and plane
mirror and on the other hand to laterally scan the mirror, such that a ND on the plane
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mirror can be positioned in the cavity waist. A microscope objective, which focuses
the excitation laser through the mirror onto the ND in the cavity waist, is positioned
behind the plane mirror. Figure 4.13(a) shows a picture of such a cavity. The cavity
is monitored from above with a stereo microscope (Zeiss Discovery.V8), in which, as
exemplarily displayed in Fig. 4.13(b), the fiber and its mirror image in the plane mirror
are visible. This allows to adjust angle between plane mirror and fiber and to approach
the two.

The second approach consists of two fiber mirrors. Both fibers are fixed with UV
curing glue onto a flexure stage after they have been aligned, such that only the cavity
length remains adjustable by a piezo. A photograph of the setup, that contains two

Figure 4.13: (a) Photograph of the plane mirror-fiber cavity setup. The fiber is glued onto

a piezo-driven flexure mount. The plane mirror is mounted on a translation stages and can be

displaced laterally and along the cavity axis by piezo motors with resolution of 80 nm steps.

Behind the plane mirror the microscope objective to excite the ND on the plane mirror is

positioned. (b) Microscope image from above of the plane mirror-fiber cavity. (c) Photograph

of the setup with 2 parallel fiber-fiber cavities. Fiber 1 and 3 are glued onto the same movable

part of the flexure mount driven by the piezo. Fiber 2 and 4 remain fixed in position. (d)

Microscope image from above of one of the fiber-fiber cavities.
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parallel fiber cavities, is shown in Fig. 4.13(b). The purpose of using two resonators is
to stabilize the cavity length as will be discussed below. A microscope image from one
of the two fiber-fiber cavities is displayed in Fig. 4.13(d).

The easiest way to determine the effective cavity length is to measure the FSR
νFSR = c/(2l), which is directly observable when recording the transmission spectra
of a white light source through the cavity. The fundamental TEM00 modes are eas-
ily identified: compared to higher transverse modes they have the smallest resonance
frequency (cf. Eq. 2.44) or equivalently they have the highest resonance wavelength.
Figure 4.14 shows two such spectra for both cavity types, where the length has been
reduced to the achievable minimum. The typically obtained FSR, which is on the order
of 40-50THz, corresponds to effective cavity length down to 3µm. In the examples
shown in Fig. 4.14 the effective cavity lengths are 3.28µm and 3.46µm for the plane
mirror-fiber and fiber-fiber cavity, respectively.

Figure 4.14: (a) Transmission spectra of a white light source through a plane mirror-fiber

cavity. The FSR is νFSR = 45.6THz corresponding to a effective cavity length of l = 3.28µm

(b) Transmission spectra of a white light source through a fiber-fiber cavity. The FSR is

νFSR = 43.3THz corresponding to a effective cavity length of l = 3.46µm

4.2.4 Finesse

To measure the finesse a single mode laser [external cavity diode laser (ECDL) at 640 nm
(Toptica DL100) or widely tunable titanium:sapphire ring laser (Syrah Matisse)] is
coupled into the cavity, while the cavity length is scanned. A fiber-plane mirror setup
is used as shown in Fig. 4.10(a). The laser light is coupled in through the plane mirror
with a microscope objective and the transmitted light through the fiber is measured
on a photo diode. A polarizing beam splitter followed by a quarter wavelength plate
is used to record the reflected light. (The incoming linearly polarized light transmitted
by the beam splitter is turned into circular polarized light by the quarter wave plate.
The reflected light, which still is circularly polarized, will by turned by the quarter
wavelength plate back into linearly polarized light, but orthogonal to the incoming
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light, such that it leaves the polarizing beam splitter at the other output port, where it
is detected on a photo diode.) On resonance a dip in reflection and a corresponding peak
in transmission is observed, as shown exemplarily in Fig. 4.15(a). Due to non-perfect
mode-matching, the incoming laser not only couples to the fundamental mode, but also
higher transverse modes are excited [small peaks in transmission in Fig. 4.15(a)].

Figure 4.15: (a) Reflected and transmitted light of a single mode diode laser at 640 nm

while scanning the cavity length. The inset shows a zoom of one of the transmission peaks.

Not only is the fundamental mode observed but also higher transverse modes are visible. (b)

Finesse as function of the wavelength measured at the wavelengths 640 nm, 675 nm, 680 nm,

685 nm, 690 nm, 695 nm and 700 nm. The solid line is the finesse deduced from the transmission

coefficients of the the coatings (cf. Fig. 4.11) assuming an additional round-trip loss of 0.05%.

The finesse is determined by the ratio of the time necessary to scan over two longi-
tudinal modes and the width of one transmission peak:

F =
vFSR
δν

=
tFSR
δt

(4.5)

For this to be true, the change in cavity length needs to be with constant speed,
such that time differences are proportional to changes in cavity length. Between two
longitudinal modes the change in cavity length is λ/2. Let δl be the change in cavity
length over a resonance. To derive the corresponding change in frequency we use the
resonance condition

ν = n× c

2l
⇒ |δν| = n× cδl

2l2
=

2l

λ
× cδl

2l2
=
c

λ

δl

l
, (4.6)

and hence

F =
vFSR
δν

=
c/2l
c
λ
δl
l

=
λ/2

δl
=
tFSR
δt

. (4.7)

Knowing the transmission of the mirror coatings allows deriving from the finesse
the additional round-trip losses

L =
2π

F − T1 − T2. (4.8)
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With a measured finesse of F = 3600 ± 600 at 640 nm the losses amount to L =
0.05± 0.03%. To a good approximation they are independent of wavelength within the
range of interest, as the comparison between measurements of the finesse at different
wavelengths and the finesse deduced from the known transmission and loss factors
implies, as illustrated in Fig. 4.15(b). The transmission at 640 nm for the two mirror
coatings are T1 = 0.007% and T2 = 0.117%. It is worth mentioning, that for the longer
wavelength, where the finesses decreases and is limited by the transmission through
the mirror coatings, a slight change in the additional round-trip losses will hardly be
noticeable.

The mode-matching ǫ is the ratio of the effectively coupled power into the cavity
mode to the total incoming laser power. It can be determined from the measured
reflected light. From Eq. 2.29 we find

ǫ =
1− Prefl/Pin

1−
(
−T1+T2+L
T1+T2+L

)2 =
1− Prefl/Pin

1−
(
2π/F−2T1

2π/F

)2 =
1− Prefl/Pin

1− (1−FT1/π)2
. (4.9)

The numerator is the relative dip in reflection on resonance because off-resonantly
all light will be reflected from the cavity. This is directly accessible from the measured
normalized reflected signal. As the transmitted signal is measured after the fiber,
the finite spatial overlap between cavity mode and guided fiber mode will reduce the
measured transmission as compared to Eq. 2.28. We characterize this by the overlap
fraction ǫov given by

ǫov =
Tres

ǫ× Tmax−theo
=
Tres(T1 + T2 + L)2

ǫ× 4T1T2
, (4.10)

Figure 4.16: Calculated overlap between cavity mode and guided fiber mode as function of

the wavelength for the measurements shown in Fig. 4.15(b). The red line shows the average,

which amounts to ǫov = 29± 5%.
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where Tres is the measured transmission on resonance and Tmax−theo the theoretical
maximal transmission as given by Eq. 2.28. For the case of the shown measurements in
Fig. 4.15, the overlap amounts to ǫov = 29±5% when averaging over the results obtained
at the different wavelengths as shown in Fig. 4.16. Note that the limiting factor is not
the difference in MFD between cavity mode and guided fiber mode or lensing effect
of the concave imprint: for the given cavity parameters (cavity length l = 3.5µm,
radius of curvature R = 71.6µm and mode field diameter of the fiber 2ωf = 4.3µm)
this, according to Eq. 4.4, equals to ǫc−f = 94%. The much lower overlap is due to
the displacement of the fabricated concave imprint relative to the center of the fiber
core. This value is specific to the fiber used in the experiment and has to be measured
separately for different fibers.

On the plane mirror there are NDs spin coated. Measurement of the finesse depends
on the lateral positioning of the plane mirror. The results above show the best case.
Due to scattering induced by the ND, the finesse is sometimes noticeably reduced when
a ND is at the cavity waist position. Figure 4.17(a) shows exemplarily the obtained
reduced finesse at a different lateral position of the plane mirror. The additional round-
trip losses at this specific position are increased to L = 0.12%. However, the coupling
between fiber mode and cavity mode is unaltered as the same fiber is used. Indeed the
obtained values obtained for ǫov at the different test wavelengths are within the error
margin with the previous results as illustrated in Fig. 4.17(b). Averaging over both
measurements allows to further precise its value to ǫov = 26± 4%.

Figure 4.17: (a) Measurement of the finesse while a ND is in the cavity waist as function of

the wavelength measured at the wavelengths 640 nm, 675 nm, 680 nm, 685 nm, 690 nm, 695 nm

and 700 nm. The solid line is the finesse deduced from the transmission coefficients of the the

coatings (cf. Fig. 4.11) assuming an additional round-trip loss of 0.12%. (b) Calculated overlap

for the measurements shown in Fig. 4.15(b) (blue squares) and the measurements shown in (a)

(orange squares). The red line shows the average over all values which equals ǫov = 26± 4%.



96 Chapter 4. Fiber resonators

4.2.5 Length stabilization schemes

Fabry-Perot cavities have the advantage of being easily tunable by variation of their
length. However, to remain at a certain resonance frequency, it is necessary to stabilize
the cavity length. From Eq. 4.7 we see, in order for the resonance frequency to remain
within the cavity linewidth, the maximal change in cavity length acceptable is δl =
λ/(2F). For a finesse of F = 3600 at a resonance wavelength of 640 nm this is δl =
0.9 Å.

To create an error signal, which can be used as feed-back for the cavity length con-
trol, a reference laser is coupled into the cavity and its reflected intensity is monitored.
The typical laser power used for this purpose is on the order of 100µW. This is 9 order
of magnitude larger than the emission power from a single NV center with a count rate
of 106 photons/s, which corresponds to a power of 0.3 fW at a wavelength of 650 nm.
To avoid background noise obscuring the NV emission due to the much stronger stabi-
lization laser, the strategy is to spatially separate the two fields completely and to use
two different cavities, which lengths are coupled and controlled simultaneously. This
for instance is achieved in the plane mirror - fiber setup by gluing a second fiber on
the same piezo-driven flexure mount, that already holds the fiber for the NV-cavity as
illustrated in Figure 4.18. The two-cavity-approach is also realizable with two parallel
mounted fiber-fiber resonators.

Figure 4.18: Schematic setup for the length stabilization scheme: In order to separate the low

intensity field corresponding to the emission of single photons from a single NV center and the

classical intensity of the stabilization laser 2 cavities are used. Their lengths are coupled and

simultaneously controlled by a piezo-driven flexure mount onto which both fibers are fixed. The

error signal to compensate length fluctuations is created from the measured reflection of the

second cavity. As stress in an optical fiber induces birefringence a non-polarizing 50:50 beam

splitter is used to be independent of polarization.

When monitoring the reflected signal from the fiber while scanning the cavity length,
the dip in reflection is asymmetric as shown in Figure 4.19(a). Here the reflected and
transmitted signal of a reference laser at 640 nm coupled into the cavity from the fiber
side are displayed. (For first characterization only 1 fiber is mounted and the microscope
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Figure 4.19: (a) Normalized reflected and transmitted signal measured on photo-diodes while

monotonously scanning the cavity length. The reflected signal is fitted with a Fano profile (Eq.

4.11) and the transmitted signal with a Lorentz profile. (b) Reflected signal from the cavity,

that is far off-resonant, while the frequency of the laser is swept over 2GHz. The interference

fringes are due to the fiber itself being a resonator with one high-reflective and one low-reflective

end. The free spectral range of νFSR = 94MHz agrees with the fiber length of lfiber = 1.1m. (c)

Normalized transmitted signal measured for different times durations while the cavity length is

actively stabilized using the reflected light to create an error signal.

objective employed to collect the transmitted light.) Remember that in the case shown
above in Fig 4.15(a), where the laser was coupled in through the plane mirror, the
reflected signal was symmetric. For the signal shown in Fig. 4.19(a), the reflected
signal has the form of a Fano resonance [235], which occurs when a discrete mode
couples to a continuum of modes. To understand its origin here, one has to consider
that the fiber itself is a low finesse resonator with a high reflectivity at the structured
side (R1 = 99.9%) an low reflectivity at the out-coupling end (R2 = 4%). The optical
length (n× l) of the fiber, which is approximately 1.6m, leads to a free spectral range of
95MHz. These resonances can be visualized via the reflected signal of a reference laser
from a cavity, that is far off-resonance: while sweeping the laser frequency monotonously
a modulation of the signal is observed, as shown in Fig 4.19(b). A mode of the cavity
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with finesse of F = 3600 and cavity length of 5µm, which results in a resonance width
of δν = 8.3GHz, will thus couple to many of the resonances of the second cavity
formed by the fiber itself. This is the basis for observing Fano resonances. A similar
phenomenon has also been observed for photonic crystal cavities [236]. The Fano shape
is characterized by the function

F (t) = A0 + F0

[
q + 2(t−t0)

δt

]2

1 +
[
2(t−t0)

δt

]2 , (4.11)

where q measures the asymmetry of the Fano shape, t0 is the center and δt the width
of the underlying resonance and A0, F0 are offset and amplitude factor. Fitting the
reflected signal gives the parameters q = 0.68, t0 = 75.5ms, δt = 16.5µs, A0 = 0.58
and F0 = 0.42. A Lorentz fit of the transmitted signal gives a center of t0 = 75.7ms
and width of δt = 17.0µs, which agrees well with the values obtained from the Fano fit.

The Fano shape gives a suitable error signal to stabilize onto the maximum of the
transmission by a side-of-fringe lock of the reflected signal. Using the appropriate set-
point and adapting the correct PID parameters, that are controlled by a commercial
stabilization electronics solution (Laselock TEM Messtechnik), the length can be stabi-
lized. Figure 4.19(c) shows the transmitted signal recorded for different time durations.
Transmission is always maintained, but shows occasional drops at a 10ms timescale.
The reason are oscillations at ≈ 480Hz, which best can be seen in the second lowest
trace in Fig. 4.19(c) (time interval between 6-9ms), which corresponds to a mechani-
cal resonance frequency of the translation stage the plane mirror is mounted on. The
feed-back loop is not fast enough to instantaneously compensate them.

A more elaborate and powerful technique is Pound-Drever-Hall (PDH) laser fre-
quency stabilization [237–239]. It uses a stable reference cavity to stabilize the laser
frequency, but can vice-versa also be employed inversely, such that the laser stabilizes
the cavity. It is based on determining the phase of the reflected beam from a cavity,
that allows to tell whether the laser frequency is above or below the resonance. To
get access to the phase, the laser is modulated to create sidebands at νc ± νs, where
νc is the carrier frequency of the laser. Such sidebands can be created by modulating
the phase of the laser with frequency νs, for instance by modulating the current of an
ECDL. This leads to an instantaneous frequency which varies in time according to

ν(t) = νc + νsβ cos(2πνst). (4.12)

Interference of the sidebands from incident and reflected beam will lead to a beat pattern
sensitive to the phase, which is given by

Prefl(ν) =Pc|F (ν)|2 + Ps

[
|F (ν + νs)|2 + |F (ν + νs)|2

]

+ 2
√
PcPs

{
ℜ
[
F (ν)F ⋆(ν + νs)− F ∗(ν)F (ν − νS)

]
cos(2πνst)

ℑ
[
F (ν)F ⋆(ν + νs)− F ∗(ν)F (ν − νS)

]
sin(2πνst)

}

+ (2νs terms),

(4.13)
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where Pc, Ps are the powers of the incident laser at the central or sideband frequency
and F (ν) = Erefl/Ein is the amplitude reflection coefficient of the cavity. ℜ and ℑ
denote real and imaginary part.

In practice, to create the error signal ǫ the measured reflected signal (photo-current
on the photodiode measuring the reflected light) will be mixed with a separated part
of the current from the local oscillator used for phase modulation. Low-pass filtering
of the output from the mixer selects the part of the reflected signal oscillating at the
modulation frequency νs.

There are two cases to differentiate. First slow modulation, such that the cavity
linewidth δν is greater than the modulation frequency νs < δν. In this case the cavity
follows the varying frequency and is always in equilibrium. The error signal in this case
is

ǫslow ≈ 2
√
PcPs

d|F |2
dν

νs. (4.14)

The second case is the sideband resolved regime, where on resonance only the central
frequency is coupled into the cavity and the sidebands are reflected (νs > δν). In this
case the error signal reads

ǫsideband−resolved ≈ −2
√
PcPsℑ

[
F (ν)F ⋆(ν + νs)− F ⋆(ν)F (ν − νs)

]
. (4.15)

The error signal for the two cases are plotted in Fig. 4.20.
For fiber cavities lengths down to 3µm have been achieved. Hence, the free spectral

range is νFSR = 50THz. With a finesse of F = 3600 this leads to a cavity linewidth
of δν = 14GHz. The sideband resolved regime is preferable, as the range of frequency
changes, which the error signal can catch and correct for, is much larger as compared

Figure 4.20: Error signal in case of slow modulation, where the modulation frequency νs is

smaller as the cavity linewidth δν (a) and in the opposite case of the sideband resolved regime

(b). As illustrative example an amplitude damping coefficient of r = 0.99 for the cavity was

assumed corresponding to a Finesse of F = 310. The frequency is scaled in units of the free

spectral range and the error signal according to the incident power of carrier Pc and sideband

Ps wave.
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Figure 4.21: (a) Sidebands of the modulated ECDL at wavelength λ = 640 nm modulated

with a frequency of νs = 1.14GHz measured with a FPI with FSR 4GHz (Toptica FPI-100-

0750-4). (b) Microscope image of two parallel fiber-fiber cavities. The two left fibers remain

fixed in position. The two right fibers are glued onto the same moveable element of a piezo-

driven flexure mount. (c) Transmission of the reference laser through the stabilization cavity

recorded for different timescales, while cavity length is actively stabilized via using the reflected

light to create a PDH error signal.

to the slow modulation case. However, in case of the small fiber cavities to enter the
sideband resolved regime is technically demanding and only few commercial standard-
components at the frequencies necessary are available. Thus, within this work only the
slow modulation case will be employed. For this purpose the current of an ECDL at
640 nm is modulated with a frequency of νmod = 1.14GHz. In Fig. 4.21(a) the signal
from the modulated laser coupled into a Fabry-Perot interferometer (FPI) with a FSR
of 4GHz is shown. The created sidebands at νs = 1.14GHz are clearly visible. The
detailed components employed such as oscillator, amplifiers, variable attenuator, mixer,
and phase-shifter are listed in the Appendix B.

In the following we discuss the case, where we adopt the PDH technique for length
stabilization of a fiber-fiber cavity setup. A microscope image of the setup with two
parallel cavities is shown in Fig. 4.21(b).
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Figure 4.22: (a) White light transmission spectra of a fiber-fiber cavity. The free spectral

range is νvsr = 13.63THz, which corresponds to a cavity lenght of l = 10.24µm. (b)&(c) Zoom

of the fundamental modes and first higher order transverse modes. Due to a slight ellipticity of

the concave imprint in the fiber facets, the degeneracy of the TEM01 and TEM10 is lifted.

First we characterize the properties of the cavity used for stabilization. The FSR
is determined by measuring the transmission spectrum of a white light source, that is
plotted in Fig. 4.22. We find νFSR = 13.63THz. This corresponds to a cavity length of
10.24µm. To determine the Finesse of the cavity, the length is scanned and the cavity
transmission of the reference laser at 640 nm (without sidebands) is recorded. This
gives F = 3150 ± 170. Hence, the cavity linewidth is δν = 4.3GHz, which is a factor
3.6 larger than the modulation frequency of the ECDL.

To maintain the cavity in resonance with the reference laser, i.e. to maintain the
maximum in transmission, a PDH error signal with suitable PID parameters is fed
back to the piezo that controls the cavity length. (For this the modulation has been
turned on.) The maintained transmission is shown in Fig. 4.21(c) for different time
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durations. There are some fluctuations visible on a timescale of a few seconds, which
can be attributed to interference between the cavity mode and the standing wave within
the fiber itself, which changes over time due to thermal fluctuations. Note that these
are not fluctuations of the cavity length. This statement is verified by consecutive
recording of the cavity transmission as function of the cavity length as illustrated in
Fig. 4.23: the maximum transmission (maximum of the Lorentzian line shape) varies
from measurement to measurement within ±20%.

Figure 4.23: (a) Transmitted signal while scanning the cavity length over a resonance (b)

Maximal intensity of the transmitted signal for 10 consecutive measurements as shown in (a).

Compared to the earlier discussed side-of-fringe stabilization technique, we here
achieve with a PDH scheme a much higher length stability (compare Fig. 4.19(c) with
Fig. 4.21(b)).

However, for the experiments shown in the following section, where a single NV
center is coupled to a fiber cavity at room temperature, stabilization is not needed
because the coupling efficiency between cavity and NV center at room temperature is
not very sensitive to slight changes in the cavity resonance wavelength. For experiments
at cryogenic temperature, where for an efficient coupling the cavity needs to be in
resonance with the ZPL frequency, length stabilization will be needed. We have here
demonstrated that this is possible and is in principle available in our lab.



Chapter 5

Single nitrogen-vacancy center

coupled to a microcavity

This chapter discusses the experimental realization of a single NV center coupled to a
fiber-based microcavity at room temperature. The main focus of this chapter lies on
the first part, that covers the coupling of a specific NV center, whose emission into free
space has already been characterized, to a plane mirror-fiber cavity. The second part
will show results from a fiber-fiber cavity approach.

5.1 Single nitrogen-vacancy center coupled to a plane mirror-

fiber cavity

First we will identify a ND within the cavity, whose free-space emission we have already
measured before (see Sects. 3.2 & 3.3). Measuring the intensity correlation function of
the out-coupled emission from the cavity allows to verify, that the internal dynamics
is not changed as expected from theory. We will focus on two specific situations, first,
on a cavity that is in resonance with the ZPL and second, a cavity which resonance
wavelength corresponds to the maximum of the PSB. Detailed quantitative analysis will
show a good agreement between measurement and theoretical prediction. We also will
tune the cavity length over several FSRs in small steps. By this we can continuously
change the coupling strength.

5.1.1 Identification of a certain nitrogen-vacancy center

We replace the microscope objective used for collection in Fig. 3.2(b) with a fiber to
result in the cavity setup shown in Fig. 4.10(a). The parameters of the fibers in use are:
the imprint on the facet has a radius of curvature R = 71.6µm, a diameter D = 20.6µm
and a maximal depth zmax = 1.9µm.
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To investigate the very same NDs as before, the excitation path is unaltered such
that the focus on the plane mirror remains unchanged. The fiber with a mirror coating
on its facet is mounted in front of the plane mirror and aligned, such that it is centered
with respect to the excitation spot. Even though the coating on the fiber facet has a very
low transmission for the excitation laser, the transmitted intensity is still detectable.
It is maximized in order to align the fiber. The output from the fiber is then coupled
into a MM fiber, that is connected either to APDs or a spectrometer. To filter out the
residual excitation light, we use the same longpass filter as before with a transmission
edge at 620 nm.

To identify a certain ND we perform a lateral scan of the mirror and record the
output from the fiber with an APD (MPD PDM PD5CTC). This scan is then overlapped

Figure 5.1: (a) Cutout from the confocal scan of the mirror in free space shown before in

Fig. 3.4. The excitation laser is focused through the plane mirror onto the mirror surface and

a second microscope objective in front of the mirror collects the fluorescence. (b) Scan over the

same region on the mirror, where the emission into the fiber cavity is recorded. The cavity has

been realized by replacing the collection objective with a fiber mirror. The ND #41 containing

a single NV center, whose cavity coupled emission will be investigated further, is marked in

both scans. (c) Detailed scan with higher resolution of the cavity-coupled emission of ND #41.
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with the scanning confocal image of the emission into free space. Figure 5.1 shows both
scans, where in (a) the emission into free space is displayed (a cutout from the four
scans of Fig. 3.4), and in (b) the emission from the fiber-cavity is shown. Despite the
cavity-coupled scan reveals not as many details, the positions of the emitters on both
scans clearly agree. We are going to further investigate the cavity coupled emission of
ND #41, that contains a single NV center. A more detailed scan with higher resolution
of this ND is shown in Fig. 5.1(c). Fitting the spot with a Gaussian profile yields a
localization (half-width-at-1/e2-of-maximum) of w = 0.9µm. Note that this is smaller
than the cavity waist ω0 ≈ 2µm. It is defined by the focus size of the excitation laser
and agrees with the results obtained before (cf. Fig. 3.5). This detailed scan allows to
preliminary position the ND in the cavity waist. Precise alignment will be achieved by
optimizing the coupling to the fundamental TEM00 mode while observing the emission
spectra as described below.

5.1.2 Spectrum and emission rate from the cavity-coupled nitrogen-

vacancy center

Using a grating spectrometer with a CCD detector cooled by liquid nitrogen (for details
see appendix B), the spectrum of the emission from the cavity-coupled NV center is
recorded. Only the cavity modes on a flat baseline are observed. No signature from
the broad NV spectrum of the free space emission is visible. Two such spectra are
shown in Fig. 5.2 recorded at two different cavity lengths. Not only emission into the
fundamental mode but also into higher transverse modes is observed. By transverse
alignment of the ND with 80 nm wide steps, the coupling to the fundamental mode is
maximized and coupling to higher transverse modes minimized. Figure 5.2 shows the
optimized case.

In the first case [Fig. 5.2(a)], where the cavity has an effective length of l = 3.5µm,

Figure 5.2: Spectrum of the cavity-coupled emission of ND #41, where in (a) the effective

length of the cavity is l = 3.5µm and in (b) l = 3.1µm.
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one longitudinal mode is in resonance with the ZPL. A neighboring longitudinal mode,
that has a resonance wavelength of approximately 700 nm, is also visible in the spec-
trum. Hence, the FSR is directly accessible from the spectrum. From this the cavity
length is deduced. The mode at 639.3 nm corresponds to a longitudinal mode number
of n = 11, the neighboring mode at ≈ 700 nm to n = 10.

In the second case [Fig. 5.2(b)] the resonance wavelength of the mode at 682.5 nm
is at the maximum of the PSB spectrum. The cavity length has been slightly reduced
to 3.1µm in small steps, where at each length the spectrum has been recorded, and
the change in resonance wavelength of each mode was monitored. This allowed to
unambiguously identify the longitudinal mode number for this mode shown here as
n = 9 (see also Sect. 5.1.4).

In both cases the saturation count rate of the cavity emission is determined. The
emitted photon flux as function of the power of the excitation laser is spectrally filtered
and detected on APDs. Two APDs of a HBT setup (see appendix B) are used and their
signals summed up. Identical bandpass filters in front of both APDs are employed. For
the 3.5µm cavity with a fundamental mode at the ZPL wavelength the filters cover the
range 633 − 647 nm, whereas for the case of the 3.1µm cavity, where a fundamental
mode is a the PSB maximum, filters with a transmission band 650− 750 nm are used.
The obtained raw data are plotted in Fig. 5.3(a) and (b) and fitted with a saturation
curve including a linear background according to

CR = CR∞ × P

P + Psat
+ σbg × P, (5.1)

where P is the excitation power measured in front of the microscope objective. We
find I∞ = 1040Counts/s and Psat = 0.72mW for l = 3.5µm and I∞ = 6200Counts/s
and Psat = 0.46mW for l = 3.1µm. The background rate, that has also been fitted,
amounts to σbg = 83Counts/(smW) and σbg = 425Counts/(smW), respectively.

To separate the intensity within the fundamental mode from the also detected pho-
tons within the higher transverse modes that lie within the transmission window of the
filter in front of the APD, the spectrum is fitted as shown in Fig. 5.3(c) and (d). In
the first case, where the fundamental mode is in resonance with the ZPL, 74% of the
detected photons are within the fundamental mode, such that the effective count rate
amounts to CR∞(λZPL) = 770Counts/s. In the second case, where the resonance wave-
length of the fundamental mode is at the PSB maximum, 60% of the detected photons
are within this mode. Thus the effective count rate is CR∞(λPSB) = 3700Counts/s.

The length of the cavity is not actively stabilized. The width of the mode therefore
is determined by the fluctuations in the cavity length during the time necessary to
record the spectra (30 s) and not limited by the finesse of the cavity. The fits shown
in Fig. 5.3(c) and (d) yield for the fundamental mode a FWHM of ∆λ = 0.37 nm and
∆λ = 0.39 nm, respectively. They correspond to a frequency width of ∆ν = 270GHz
and ∆ν = 250GHz, whereas the cavity linewidths determined by the finesse are δν =
46GHz and δν = 90GHz as calculated below (see table 5.4). Using ∆l = n/2×∆λ the
fluctuations in the cavity lengths compute to ∆l = 2.0 nm and ∆l = 1.8 nm, respectively.



5.1. Single nitrogen-vacancy center coupled to a plane mirror-fiber cavity 107

Figure 5.3: (a) Saturation measurement of the cavity coupled emission, where the wavelength

of the cavity mode is in resonance with the ZPL. The power of the excitation laser is measured in

front of the microscope objective. The obtained data are fitted with a saturation law according

to Eq. 5.1 including a linear contribution from the background. The photons are detected with

APDs in the spectral window 633−647 nm. (b) Saturation measurement, where the wavelength

of the cavity mode is at the maximum of the PSB emission. The spectral detection window is

650 − 750 nm. The data are fitted as in (a). (c)&(d) To determine the ratio of the detected

photons that are within the fundamental TEM00 mode, the emission spectra of the cavity is

fitted with several Gaussian peaks. For the two cases we obtain that 74% and 60% is contained

within the fundamental mode. Note that in (c) only one of the higher transverse modes lies

within the spectral detection window.

Note that this is also reflected in the line form: the resonance peaks shown in Fig. 5.3(c)
and (d) are best fitted with Gaussians, as one expects for inhomogeneous broadening
to which drifts in the cavity length belong to.

5.1.3 Intensity correlation of the cavity emission

From theoretical considerations, as described in Sect. 2.5, at room temperature we
do not expect a change in lifetime of the NV center coupled to a fiber cavity with
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mode volume and finesse as are achieved here. The lifetime can be experimentally
determined by time-correlated photon counting using a pulsed excitation laser. As
shown above it is also accessible from measuring the intensity correlation function.
Due to lack of a suitable pulsed laser we use the second method, which furthermore
allows to demonstrate the non-classical character of the out-coupled light from the fiber
cavity.

Figure 5.4(a) shows the intensity correlation function of the emission into free space
at different excitation powers of the very same NV center, that is now coupled to
the cavity. As described in Sect. 3.2.2 the measured data is fitted with g(2)(τ) =

Figure 5.4: (a) Open squares: Intensity correlation g(2)(τ) measurements at different ex-

citation powers P for a single NV center (#41) on a plane mirror outside the cavity. The

curves are shifted vertically by 1 each for better visibility. P = 0.32×, 0.65×, 1.1×, 2.2×,

3.3×, 4.3×, 6.5×, 8.7×, 10.9×, 15.2 × Psat from bottom to top. Lines: Fit curves of the form

g(2)(τ) = 1 − (1 + a)e−|τ |/τ1 + ae−|τ |/τ2 . (b) Triangles: g(2) measurements at different excita-

tion powers with the very same NV center as in (a) but inside the cavity. P = 0.25×, 0.51×,

0.84 × Psat from bottom to top. Lines: Fit curves with the same function as in (a). (c) - (e)

Squares and triangles: Model parameters a, τ1, τ2 obtained from the fits in (a) and (b). Solid

line: Theoretical dependence of model parameters on excitation power.
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1− (1 + a)e−|τ |/τ1 + ae−|τ |/τ2 . Figure 5.4(b) displays the measurements of the intensity
correlation function of the emitted light from the cavity. The clear antibunching dip at
τ = 0 proves that indeed a single NV center is coupled to the microcavity. The obtained
fit parameters for both cases are summarized in Figs. 5.4(c)-(e). They agree within their
margin of errors and thus, as expected, the internal dynamics is not modified by the
cavity coupling. Remember that the lifetime of the excited state is given by limP→0(τ1).

5.1.4 Cavity tuning over several free spectral ranges

Fiber-based Fabry-Perot cavities are easily tunable. It suffices to change the cavity
length via for instance a piezo-electric crystal. This allows to tune the cavity over
several free spectral ranges. The voltage of the piezo actuator is changed in small
steps of 0.2V, which corresponds to a change in cavity length of approximately 10 nm.
At each length the spectrum of the cavity emission is recorded. Lateral position and
excitation of the NV center within the cavity are kept constant.

Figure 5.5 shows the color-coded spectra as function of cavity length which has
been varied from l = 5.95µm down to l = 2.9µm. Several longitudinal modes with
mode number n = 17, . . . , 9 are shifted over the wavelength range of interest from
λ = 630− 700 nm. Beside the fundamental TEM00 mode, higher transverse modes are
also visible. Remember that the fundamental mode is lowest in frequency (cf. Eq. 2.44)
and thus has the largest wavelength compared to higher transverse modes with the
same longitudinal mode number n. The spectra shown before for a cavity of length
l = 3.5µm and l = 3.1µm in Fig. 5.2 are simply the horizontal cross-sections of Fig. 5.5
at these cavity lengths.

The shift of the resonance wavelength depends on the mode number n. This is clearly
visible in Fig. 5.5: the slope of cavity length verses resonance wavelength diminishes
for smaller n. This is expected as we have l = n× λ/2 and thus ∆l = n×∆λ/2.

Focusing on the mode with longitudinal mode number n = 9, we recognize that
below l = 2.95µm the rate of change in resonance wavelength is altered and does not
follow the linear dependence as for longer cavities. At this point the edge of the fiber
touches the plane mirror. As the fiber facet is not flat, it is still possible to diminish
the cavity length by pushing the fiber against the mirror which results in bending of
the fiber. However, this is not desirable and thus the practical limit for the smallest
cavity length here is 2.95µm. The slight non-linearity visible for the n = 17 mode is
due to the hysteresis of the piezo-electric crystal used to change the cavity length.

To analyze the spectra quantitatively we focus on the fundamental mode with a
fixed longitudinal mode number n. They are summarized for n = 17, . . . , 9 into one
plot in Fig. 5.6, where the TEM00 modes belonging to the same n have been cut out
from the spectra at different cavity lengths and are plotted in one trace. The emitted
photon rate is proportional to the area under each peak. We will compare this in
the next section to the predictions of the theoretical model which enables, by fitting
the measurement shown here, to determine the effective cavity round-trip losses, that,
beside the losses of the mirror coatings, also include the scattering and absorption losses
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Figure 5.5: Consecutively recorded, color-coded emission spectra of the cavity using a log-

arithmic scale [log(|intensity| + 1)], such that the fundamental modes and higher transverse

modes are visible. Between two consecutive spectra the cavity length is changed by 10 nm. The

longitudinal mode number is denoted by n.
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Figure 5.6: TEM00 modes cut-out from the emission spectra of Fig. 5.5 at different cavity

lengths and plotted for a fixed longitudinal number n in one trace. For better visibility the

traces for different n are vertically shifted by 1.
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induced by the ND in the cavity waist.
As an important result, we have observed single photon emission into a narrow

cavity mode over a very broad spectral range. The emission wavelength is controlled by
varying the mirror separation. Thus, we have realized a continuously tunable, narrow
band single photon source operating at room temperature!

5.1.5 Comparison to theoretical predictions

Tuning spectra

We will first evaluate the recorded spectra while tuning over several FSR. The number
of photons emitted into the fundamental mode is proportional to the area under each
peak in Fig. 5.6 denoted by ATEM00

and is plotted in Fig. 5.7 (squares).
A clear modulation is recognizable. It originates from a change of the excitation

intensity at the location of the NV center even though the power of the excitation
laser is kept constant in front of the microscope objective that focuses it onto the ND
through the plane mirror. Because of the high reflectivity of the coating on the fiber
facet for the excitation wavelength at 532 nm, there’s for this wavelength a standing
wave building up. Because the spot size of the focus is roughly the same as the cavity
waist, the reflected beam from the fiber strongly interferes with the incoming beam.
In case of constructive interference and perfect spatial overlap, the field intensity at
the ND position is enhanced by a factor of 4. Due to non-perfect mode matching we
here observe a smaller factor: the count rate is modulated by a factor of the form(
0.5 + A sin(4πl/λexc + φ)

)2
with A the amplitude of the modulation and φ the phase

offset between the standing wave at λexc = 532 nm and the resonant wave at the NV
wavelength. Note that the effective cavity length for these two wavelengths is not the
same due to the particular design of the coating on the fiber, i.e. two mirrors on top of
each other.

We further have to take into account the out-coupling ratio into the fiber. Assuming
a constant loss L for all wavelengths (absorption and scattering in mirror coatings
and ND), the overall losses within the cavity are L + Tf + Tp, where the transmission
coefficients for the two mirror coatings, which are denoted by Tf for the fiber and Tp
for the plane mirror, are wavelength-dependent. The ratio of the cavity field coupled
out through the fiber mirror is given by

ǫout(λ) =
Tf(λ)

L+ Tf(λ) + Tp(λ)
(5.2)

Moreover, the spatial overlap between cavity mode and guided fiber mode, which is
characterized by ǫov (see Sect. 4.2.4, Eq 4.10) further reduces the collected photon
number. However, this is independent of the wavelength.

For a fixed longitudinal mode number n, where the cavity length is l = n× λ/2, we
thus have

ATEM00
(n, λ) = C × ǫov × Ptotal(n, λ)× ǫout(λ)×

(
0.5 +A sin(2πnλ/λexc + φ)

)2
, (5.3)
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Figure 5.7: Sqares: Area ATEM00
under each TEM00 mode plotted in Fig. 5.6 which is

proportional to the emitted photon rate from the cavity. Solid lines: Theoretical dependence of

the emission rate as function of cavity resonance wavelength λ for different longitudinal mode

numbers n predicted by the rate model.
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where Ptotal(n, λ) is the theoretically expected cavity-enhanced emission of the NV cen-
ter into the cavity mode as described earlier (see Sect. 2.4.2 Eq. 2.85). We fit the
measurements for several different longitudinal mode numbers (n = 9 . . . 17) simulta-
neously to determine the proportionality factor C, the unknown parameters A and φ
of the modulation and the total round-trip losses L. From the fit we obtain round-trip
losses L = 0.54%, A = 0.12 and φ = −0.36. The obtained fit curves are plotted as solid
lines in Fig. 5.7. The obtained losses are rather large. However, they are similar to
the observed losses in preliminary experiments (not explicitly shown) where a densely
spin-coated mirror was used.

The theoretical curves well reproduce the measurements. Especially the increase
in count rate due to the stronger coupling rate g for smaller cavities is confirmed. To
obtain a more quantitatively comparison we focus next on the two cases described above
with a cavity length of 3.5µm and 3.1µm, where we determined the saturation photon
rate with APDs.

Collection efficiency

For a quantitative analysis we first need to determine the spatial collection efficiency
that we achieve when detecting the emission into free space. We perform a numeri-
cal simulation of the Maxwell equations for a emitting dipole 30 nm above a dielectric
plane mirror based on finite-difference-time-domain (FDTD) method using a commer-
cial software (Lumerical, FDTD solutions). The exact structure of the plane mirror
that we use here is known, i.e. the exact thicknesses of the alternating dielectric lay-
ers. The available computational capability only allows for 2D simulations. We assume
the dipole to be parallel to the plane mirror. This is justified from experimental bias,
because we have chosen to investigate only bright emitters, whose orientation needs
to be close to this ideal case. We simulate two configurations: first, where the dipole
lies within the simulation-plane (TE), and second, where the dipole is perpendicular
to the simulation-plane (TM). The emitted power is recorded at each side (right, top,
left, bottom) with four monitors. The simulation cell is illustrated in Fig. 5.8(a). The
transmitted power through the four monitors for both cases (TE and TM) are shown
in Fig 5.8(b) and (c). A large part of the emission is upward. The emission through
the mirror is considerably less. However, as seen on the side monitors, a significant
part of the emission is transmitted within the layers towards the side of the mirror.
The layers with the low refractive index (SiO2, nL = 1.455) imbedded within the layers
with the high refractive index (Ta2O5, nH = 2.041) form a waveguide for rays with
k-vectors having a large angle of incidence (with respect to the normal of the mirror).
The critical angle for total internal reflection for the two refractive indices of SiO2 and
Ta2O5 is θtir = 45.5◦.

To characterize the emission into free space, a microscope objective with a N.A. of
0.8 was used which corresponds to a collection angle of 53.1◦. Averaging over the two
orientations for the dipole (TE and TM) we obtain a collection efficiency of 42%.

One of the inaccuracies of the simulation is the limited size of the mirror substrate.



5.1. Single nitrogen-vacancy center coupled to a plane mirror-fiber cavity 115

Figure 5.8: (a) Simulation cell for a 2D-FDTD-calculation to determine the collection efficiency

from a NV center on a mirror. The parameters of the mirror, i.e. the thickness of the 32

alternating dielectric layers on top of a SiO2 substrate, correspond exactly to ones of the mirror

used in the experiment. Four monitors, one on each side, measure the transmitted power. The

emitting dipole is assumed to be parallel to the mirror. Two configurations are simulated:

first, where the dipole lies within the simulation-plane (TE), and second, where the dipole is

perpendicular to the simulation-plane (TM). (b) and (c) transmitted power through the four

monitors for the two cases of a TE and TM oriented dipole.

This also leads to a standing wave pattern within the substrate which does not reflect the
situation in the real mirror. Further, we have only considered a single dipole emitting
at the NV ZPL wavelength which is a strong simplification of the full characteristics
of the NV center. It is worth noting, that the experimentally obtained ratio of the
emission within the ZPL from NV centers in a ND on the mirror (see table 3.2) agree
with the Huang-Rhys factor reported in literature. Thus, the emission spectrum is
not significantly altered by the mirror. Concerning the obtained absolute number for
collection efficiency some caution is necessary: On a glass substrate approximately 40%
is emitted towards free space and 60% into the substrate due to higher density of states
in glass attributed to the higher refractive index compared to air. Assuming a dipole
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emission pattern, where the dipole lies parallel to the interface, a microscope objective
with N.A. 0.8 roughly collects 50% of the emission into free space [212], hence 20% of
the total emission. Thus, the obtained collection efficiency of 42% for the case of a
dipole on a mirror seems rather high.

Cavity acting as filter

It is instructive to compare the measured saturation count rates to the ones expected
in the case, where the cavity acts only as spectral and spatial filter and no coupling
occurs. To remember, we have measured the following saturation count rates:

CR∞, into free space(λ = 650− 750 nm) = 2.9× 105Counts/s (5.4a)

CR∞, cavity−coupled(λ = 639.3 nm, n = 11) = 770Counts/s (5.4b)

CR∞, cavity−coupled(λ = 682.5 nm, n = 9) = 3700Counts/s (5.4c)

In the case the cavity acts as filter, we have to consider spatial and spectral filter-
ing, taking into account the collection solid angle of cavity mode and fiber, the cavity
linewidth and output coupling efficiency. The spectral bandwidth for emission into free
space is given by the bandpass filters (650-750 nm) employed, whereas for the cavity it
is determined by the finesse F and FSR: δν = FSR/F = FSR(Tf +Tp+L)/(2π), where
Tf (Tp) are the transmission coefficients of the coating on the fiber (plane mirror) and
L the round-trip losses of the cavity. The spatial filtering arises from the difference in
collection angle between microscope objective (N.A. = 0.8) and fiber (N.A. = 0.12).
Furthermore, we have to take into account the out-coupling ratio of the cavity through
the fiber mirror ǫout(λ) (cf. Eq. 5.2) and the finite spatial overlap between cavity mode
and guided fiber mode ǫov (cf. Eq. 4.10). Table 5.1 compares all these factors for
emission into free space with the cavity case.

free space cavity-coupled ratio cavity/free space

numerical aperture NA = 0.8 NA = 0.12

spatial collection efficiency 42% 8.5% 0.2

collection bandwidth 62THz 46GHz (90GHz) 7× 10−4 (1.4× 10−3)

ǫout 1 0.18 (0.44) 0.18 (0.44)

ǫov 1 0.26 0.26

Total 7× 10−6 (3× 10−5)

Table 5.1: List of relevant factors contributing to spatially and spectrally filtering of the NV

center emission for a cavity with resonance wavelength λcavity = 640 nm (λcavity = 682 nm). In

cases, where the values for ZPL and PSB are the same, only one value is specified. We have

taken into account the above determined cavity round trip losses L =0.5%.
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For a cavity in resonance with the ZPL we expect that a factor of 7 × 10−6 of
the NV center emission is transmitted into the guided fiber mode. In free space we
observe a saturation intensity of 2.9× 105Counts/s. Thus filtering by the cavity leads
to a saturation count rate of ≈ 2 photons/s. This is more than 2 orders of magnitude
lower than the observed saturation count rates. Similar for a cavity with resonance
wavelength close the maximum of the PSB (λ = 682 nm) spatial and spectral filtering
would result in a photon saturation count rate of 9 photons/s. Again this is more than
2 orders of magnitude lower than the observed saturation count rates.

It is worth mentioning that already when looking at the spectral photon density of
the observed cavity emission, an enhancement can be recognized. The cavity linewidth
at the wavelengths λZPL = 640 nm (λPSB = 680 nm) is δν = 46GHz (δν = 90GHz)
taking into account the observed cavity round trip losses of L =0.5%. Thus the ob-
served spectral photon density at these wavelengths is 17 (41) photons/(s GHz) which
is significantly larger than the value of 4.7 photons/(s GHz) observed for the emission
into free space.

In conclusion, the observed emission rates into the cavity can only be explained by
a coupling of the emitter to the cavity beyond simple filtering effects. Quantitative
comparison in the next section will confirm that this coupling is well described by the
theoretical description presented in Sect. 2.4.

Quantitative comparison

We now calculate from the rate model the theoretically expected saturation count rates
and compare them to the observed values. As described in Sect. 3.3 fitting of the
emission spectrum with several Lorentzians yields the necessary input parameters for
the model, i.e. the energies of the vibrational ground state levels Ei and excited state
Ee, the pure dephasing rate γ⋆ and the fast ground state relaxation rates γi,i−1. We
further determine the spontaneous emission rates γi and the coherent coupling rates
via

γi = Arel × γtot (5.5a)

gi =
√
Arel × g, i = 0, . . . , 7 where g =

√
3cλ2 γtot/2

4πVmod
, (5.5b)

where Arel = Ai/
∑

j Aj is the relative area of the i-th transition as obtained from the
fit and γtot is the total optical decay rate of the emitter, that has been inferred from
measurements of the intensity correlation function.

We then use Eqs. 2.83 to determine the diffusion rates Ri and Eqs. 2.84 to calculate
the efficiency Pi of the ZPL and each of the PSB to decay into the cavity mode. For the
two cases investigated in the experiment: the obtained values and all input parameters
are listed in table 5.2 for the case of a cavity with effective length l = 3.5µm and
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i Ei γi γ⋆ γi,i−1 gi Ri Pi

[meV] [MHz] [THz] [THz] [GHz] [KHz] [%]

0 0 0.74 15.3 − 1.1 220 0.60

1 31.8 2.58 15.3 85 2.1 99 0.27

2 70.3 9.14 15.3 82 3.9 120 0.32

3 124 8.07 15.3 79 3.7 36 0.096

4 168 6.89 15.3 88 3.4 18 0.049

5 221 4.52 15.3 65 2.8 5.5 0.015

6 275 3.23 15.3 71 2.3 2.7 0.0073

7 319 1.61 15.3 86 1.6 1.2 0.0032

e 1941 - - - - Ptot: 1.35

Table 5.2: Full list of parameters for the rate model and the obtained results for the case of a

cavity with effective length l = 3.5µm and resonance frequency at λcavity = 639.3 nm.

resonance wavelength of λcavity = 639.3 nm and in table 5.3 for the case of a cavity with
effective length l = 3.1µm and resonance wavelength λcavity = 682.5 nm.

i Ei/~ γi γ⋆ γi,i−1 gi Ri Pi

[meV] [MHz] [THz] [THz] [GHz] [KHz] [%]

0 0 0.74 15.3 − 1.3 0.68 0.0018

1 31.8 2.58 15.3 85 2.4 25 0.064

2 70.3 9.14 15.3 82 4.5 200 0.54

3 124 8.07 15.3 79 4.2 750 1.96

4 168 6.89 15.3 88 3.9 230 0.61

5 221 4.52 15.3 65 3.1 35 0.093

6 275 3.23 15.3 71 2.7 12 0.031

7 319 1.61 15.3 86 1.9 4.0 0.011

e 1941 - - - - Ptot: 3.31

Table 5.3: Full list of parameters for the rate model and the obtained results for the case of a

cavity with effective length l = 3.1µm and resonance frequency at λcavity = 682.5 nm

To gain absolute numbers for photon rates emitted from the cavity we estimate the
NV center’s total free-space emission rate as 2.9×105/(0.7×0.42) photons/s to account
for the collection efficiency (42%) of the microscope objective and the fact that 70% of
the NV emission lies within the detected spectral interval (650− 750 nm) (determined
from the NV emission spectrum). The out-coupling from the cavity through the fiber-
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mirror is governed by ǫout and the spatial overlap between the cavity mode and the
guided fiber mode ǫov. The numbers are summarized in table 5.4.

l λ Tf (λ) Tp(λ) L F δν κ Vmod ǫout ǫov

[nm] [nm] [%] [%] [%] [GHz] [GHz] [λ3] [%] [%]

3.5 639.3 0.12 0.007 0.54 940 46 286 32.7 18.0 26

3.1 682.5 0.52 0.11 0.54 540 90 566 24 44.4 26

Table 5.4: Full list of parameters of the cavity with length l = 3.5µm (l = 3.1µm) and

resonance frequency at λcavity = 639.3 nm (λcavity = 685.2 nm). Tf (λ) (Tp(λ)) denote the

transmission of the coating on the fiber (plane mirror), L the round-trip losses of the cavity,

F the finesse, δν the spectral bandwidth, κ the decay-rate of the cavity and Vmod the mode

volume of the cavity.

Taking all these values into account we obtain the following saturation count rates
predicted by the rate model:

CR∞, theo(λ = 639.6 nm, n = 11) = 620Counts/s (5.6a)

CR∞, theo(λ = 682.5 nm, n = 9) = 3700Counts/s. (5.6b)

These values are in very good agreement with the measured values (see Eqs. 5.4)!
Hence, we have clearly demonstrated coupling of a single NV center to a microcavity
beyond simple filtering effects. Usually the NV center’s broad emission bandwidth is
considered as drawback. In the coupling regime here the broad emission bandwidth is
used as resource for cavity coupling. The emission into the cavity is due to channeling of
an off-resonant broad emitter into the narrow cavity mode mediated by pure dephasing.
Our system is an ideal test bench to study this phonon-assisted coupling regime, because
we can investigate both the emission into free space and the cavity-coupled emission
and furthermore, by varying the cavity length, we can continuously vary the coherent
coupling rate g. It is also worth mentioning that this coupling regime has previously
not been considered for the NV center in diamond and first been published by us [174].
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5.2 Single nitrogen-vacancy center coupled to a fiber-fiber

cavity

In this section we discuss the results obtained from a ND incorporated in a fiber-fiber
cavity. For this a ND containing a single NV center has been deposited in the center of
spherical imprint on a fiber facet by the AFM pick and place method described in [79].
The placement has been performed in collaboration with the group of Oliver Benson at
Humboldt-University, Berlin. Prior to transferring the ND, the presence of only a single
NV center hosted in the ND has been verified. However, the emission spectrum had
not been recorded and no saturation measurement had been performed. Furthermore,
the g(2)-function has only been recorded at one specific power.

In a first step the NV center’s emission is characterized via collecting the fluorescence
with a microscope objective and excitation of the NV center through the fiber. In a
second step the coupling to the fiber-fiber cavity is investigated.

The fiber, onto which the diamond is deposited, is a pure silica core SM fiber
(Nufern, S-460HP) with a MFD ωfiber = 3.5µm. A spherical imprint has been fabricated
via FIB machining with diameter D = 11µm, depth h = 1.2µm and radius of curvature
R = 14.2µm. The fiber has the “mirror 1” dielectric coating (see Sect. 4.2.2), that is
highly reflective at the ZPL wavelength (R = 99.995% at λ = 638 nm) and anti-reflective
coated for the excitation wavelength (T > 95% at λ = 532 nm). This fiber will be called
henceforth “excitation fiber”.

Figure 5.9: (a) Microscope image of the fiber mirror with a ND deposited in its center. The

excitation laser at a wavelength λ = 532 nm is coupled into the fiber from its other end. The

facet is imaged with a microscope objective (Olympus LMPLFLN, magnification 100x, N.A. 0.8,

focal length f = 1.8mm, working distance 3.4mm) onto a CCD camera. The excitation laser

is blocked in front of the camera with a dielectric bandpass filter (640 ± 7 nm). (b) Scanning

confocal image of the center of the excitation fiber mirror showing the spherical imprint and

the NV center in its center. The emission has been filtered spectrally to 633− 647 nm.
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A microscope objective (Olympus 100x, N.A. 0.8) is mounted in front of the fiber
mirror with the ND. The excitation laser is coupled into the excitation fiber from its
other end. The collected light is first imaged onto a CCD camera. With a dielectric
bandpass filter (640 ± 7 nm) the excitation laser is blocked in front of the camera.
Figure 5.9(a) shows the obtained inverted image. The spherical imprint in the center
of the fiber is clearly recognizable due to scattering at its edge. In its center there’s a
bright spot that corresponds to the fluorescence from the single NV center in the ND,
that has been deposited on the excitation fiber facet.

In order to obtain a scanning confocal image of the fiber mirror, the collected light
by the microscope objective is focused with a achromatic doublet lens (f=50mm) onto
a MM-fiber (core diameter 50µm) as illustrated in Fig. 5.10(a). A longpass filter is
employed to block the excitation laser (3rd 620LP). The fluorescence rate is recorded
with a single APD (MPD PDM PD5CTC). A lateral scan of the excitation fiber yields
the confocal image as shown in Fig. 5.9(b). To measure saturation intensity and g(2)

function as well as the emission spectrum the fiber is connected to a HBT-setup (for
details see B) or a spectrometer (for details see B), respectively.

The emission spectrum is shown in Fig. 5.10(b). At ≈ 640 nm the ZPL of a NV cen-
ter is recognizable. At longer wavelengths the background fluorescence generated within
the fiber by the excitation laser dominates the spectrum because it is not blocked by
the mirror coating on the fiber facet, which is highly reflective for the ZPL wavelength
but becomes transparent for wavelengths > 680 nm (see Fig. 4.11). Filtering only the
emission around the ZPL (640± 7 nm) allows to perform a saturation measurement as
displayed in Fig. 5.10(c), yielding a saturation count rate of CR∞ = 41800Counts/s
and a saturation power of Psat = 12.6mW. The power of the excitation laser has been
measured directly after the fiber without collimation optics. As the size of the excita-
tion spot is defined by the MFD of the fiber (3.5µm), which is roughly a factor of 4
larger compared to the case using a microscope objective, the saturation power is corre-
spondingly higher: In experiments shown in Sect 3.2, where we have investigated single
NV centers on a plane mirror, that have been excited through the plane mirror with
an microscope objective, we have measured saturation powers between 0.5 − 0.9mW.
The focus size was roughly 0.9µm. The linear background has been inferred from the
measurement of the intensity correlation function g(2) shown in Fig. 5.10(d). As prior
to deposition of the diamond on the fiber, the presence of only a single NV center has
been verified, the SNR can be determined from the g(2)(τ = 0) value differing from
zero (cf. Eq. 3.3). At an excitation power of P = 2.5mW we have g(2)(0) = 0.52 and
thus we obtain SNR = 2.2. Assuming a typical NV spectrum, approximately 5.5% of
the emission lies within the bandwidth from 633-647 nm. As described above we collect
42% of the emission with the N.A.=0.8 microscope objective. Thus the total emission
rate of the NV center is:

CR∞, into−free−space = 1.8× 106Counts/s (5.7)

This is a typical value for a NV center and on the same order of magnitude as for all
NV centers discussed in Sect. 3.2.
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Figure 5.10: (a) Setup to measure the free space emission of a NV center in a ND, that has been

deposited on a fiber facet. The excitation laser is coupled in through the fiber. The fluorescence

is collected with a microscope objective (Olympus 100x, N.A. 0.8) in front of the fiber facet

and to obtain a confocal setup focused onto a 50µm core of a MM fiber with a f = 50mm

aspheric lens. The excitation laser is filtered out with a longpass filter with transmission edge

at 620 nm. (b) Emission spectrum into free space. Note that dielectric mirror coating on the

facet becomes transparent above 680 nm. Thus the spectrum at longer wavelength is due to

NV emission and background fluorescence generated within the fiber by the excitation laser,

that is not blocked by the mirror coating on the facet. (c) Saturation measurement of the NV

emission. (d) Measurement of the intensity correlation g(2) at an excitation power P = 2.5mW

(excitation power measured after the fiber) revealing the presence of a single NV center. For

(c) and (d): The emission has been filtered spectrally in the range 633-647 nm.

We have successfully demonstrated that we are able to excite the NV center through
the fiber. In the next step, we replace the microscope objective with a second fiber
mirror as output coupling mirror. We call this second fiber out-coupling fiber. We use
the same fiber as in the experiments before with one fiber and one plane mirror that
have been discussed in the last section (Sect. 5.1). Figure 5.11(a) shows a microscope
image of the realized fiber-fiber cavity.
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Figure 5.11: (a) Microscope image of the fiber-fiber cavity. There is no more visible gap

between the two fibers. (b) Cavity emission spectrum of the NV center coupled to the fiber-

fiber cavity. The visible modes are fitted with Gaussians. The two fundamental TEM00 modes

are at wavelengths 645.9 nm and 685.3 . Thus the FSR is νFSR = 26.5THz which corresponds to

a cavity length l = 5.6µm. (c) Fluorescence count rate as function of excitation power measured

in front of the first fiber. Only emission within the wavelength range 633− 647 nm is detected.

(d) Measurement of the g(2)-function at a excitation power P = 7mW (measured in front of

the fiber). The same spectral filtering as in (c) has been used. (e) Measurement of the finesse

of the cavity: An ECDL at a wavelength λECDL = 640 nm is coupled into the cavity through

the first fiber while the cavity length is continuously scanned.
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mode wavelength λ FMWH ∆λ area A

n [nm] [nm] [a.u.]

17

TEM00 645.9 0.40 72

l +m = 2 634.4 0.43 9.9

16
TEM00 685.3 0.52 56

l +m = 2 672.6 0.67 6.9

Table 5.5: Obtained fit parameters: the center wavelength λ, the width ∆λ and the area

underneath each peak A for the 4 modes visible in the cavity emission spectrum in Fig. 5.11(b).

The longitudinal mode number is denoted by n.

The emission spectrum of the cavity is displayed in Fig. 5.11(b). The cavity is
tuned, such that one of the fundamental TEM00 modes is approximately at the ZPL
wavelength. A second fundamental mode and emission into higher transverse modes is
also visible. The transverse modes correspond to l +m = 2 (see Eq. 2.44). The modes
corresponding to l+m = 1 are only visible in case the two fibers are lateral misaligned.
The four visible modes are fitted with Gaussians. The obtained fit parameters are
summarized in Table 5.5. The FSR is directly deduced from the emission spectrum as
νFSR = 26.5THz. This corresponds to a cavity of length l = 5.6µm. Thus the two
fundamental modes visible in the spectra have the longitudinal mode number n = 17
and n = 16. Using the radii of curvature of the two fibers (R1 = 14.2µm and R2 =
71.6µm) the mode volume computes to Vmod = 6.1µm3 = 23.1λ3.

We perform a saturation measurement and record the intensity correlation function
g(2)(τ) as shown in Fig. 5.11(c) and (d), respectively. Fitting of the saturation curve
yields a saturation count rate of CR∞ = 3200Counts/s and a saturation power of
Psat = 7.6mW. The power of the excitation laser has been measured before the in-
coupling lens (Thorlabs, C220TME-A) in front of the first fiber. The background rate
has been inferred from g(2)(τ = 0). For both measurements the emission has been
spectrally filtered using bandpass filters with a transmission window of 633-647 nm.
From the fit of the cavity emission spectrum we deduce that 88% of the detected
emission lies within the fundamental TEM00 mode close to the ZPL. Hence we obtain:

CR∞(λ = 645.9 nm, n = 17) = 2800Counts/s (5.8)

To determine the finesse of the cavity an ECDL with a wavelength λ = 640 nm
is coupled into the cavity and the transmission recorded while the cavity length is
continuously scanned. Such a measurement is displayed in Fig. 5.11(e). Averaging over
10 measurements we obtain F = 3580 ± 900, which is the same as measured for an
empty cavity without a ND (see Sect. 4.2.4). The total round-trip losses amount to
L = 0.05% (cf. Eq. 4.8).

We again compare our results to the prediction the rate model provides. As the
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emission spectrum of the NV center is not exactly known, we assume the same param-
eters for the NV center as used in the last section. Table 5.6 lists the input parameters
for the rate model and the obtained results, i.e. the diffusion rates Ri and the efficien-
cies Pi with which each transition decays into the cavity. The sum of all Pi gives the
total efficiency, that amounts to Ptot = 1.79%. To determine the effectively detected
emission rate we have to take into account the out-coupling ratio through the second
fiber mirror ǫout and the spatial overlap between cavity mode and guided fiber mode
ǫov. We obtain:

CR∞, theo(λ = 645.9 nm, n = 17) = CR∞, into−free−space × Ptot × ǫout × ǫov

= 5700Counts/s (5.9)

As we use the same out-coupling fiber as in the experiments before, we assume
the spatial overlap ǫov, which is limited by lateral displacement between fiber core and
imprint, to remain unchanged. The full set of parameters of the cavity is listed in
table 5.7. The theoretically predicted value (Eq. 5.9) is a factor 2 larger than the
actual measured value (Eq. 5.8) but still in good agreement with the experimental
results considering the uncertainties of the experimental values for the saturation count
rates due to limited excitation power and the unknown exact emission spectra of the
NV center, that is here coupled to the fiber-fiber cavity.

i Ei/~ γi γ⋆ γi,i−1 gi Ri Pi

[meV] [MHz] [THz] [THz] [GHz] [KHz] [%]

0 0 0.69 15 − 1.3 20 0.057

1 31.8 2.42 15 85 2.4 220 0.63

2 70.3 8.57 15 82 4.6 270 0.78

3 124 7.57 15 79 4.3 68 0.119

4 168 6.46 15 88 4.0 32 0.091

5 221 4.23 15 65 3.2 9.0 0.026

6 275 3.03 15 71 2.7 4.3 0.012

7 319 1.51 15 86 1.9 1.8 0.0052

e 1941 - - - - Ptot: 1.79

Table 5.6: Full list of parameters for the rate model and the obtained results for the case of a

fiber-fiber cavity with effective length l = 5.6µm and resonance frequency at λcavity = 646 nm
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l λ Tf (λ) Tp(λ) L F δν κ Vmod ǫout ǫov

[nm] [nm] [%] [%] [%] [GHz] [GHz] [λ3] [%] [%]

5.6 645.9 0.12 0.007 0.05 3580 13 47.9 22.7 68 26

Table 5.7: Full list of parameters of the fiber-fiber cavity with length l = 5.6µm and resonance

frequency at λcavity = 645.9 nm . Tf (λ) (Tp(λ)) denote the transmission of the coating on

the fiber (plane mirror), L the round-trip losses of the cavity, F the finesse, δν the spectral

bandwidth, κ the decay-rate of the cavity and Vmod the mode volume of the cavity.

With a finesse of F = 3580 and mirror separation of l = 5.6µm the cavity linewidth
amounts to ∆ν = 7.4GHz. Hence, the spectral photon rate of the cavity emission
computes to 380 photons/(s GHz). For the emission into free space we obtain a value of
4.1 photons/(s GHz). Thus cavity coupling increases the spectral photon rate density
by two orders of magnitude. This again is a clear proof for cavity enhanced emission
beyond simple filtering effects.

We have shown fiber-fiber cavities with lengths down to l = 3.5µm. Reducing
the mirror separation to this value reduces the mode volume to Vmod = 3.3µm3 and
increases the efficiency to Ptot = 3.3%, with which the NV center decays into the cavity
mode. Thus, nearly a factor of 2 in count rate can easily be gained for the fiber-fiber
cavity at room temperature. Even more can be gained using two FIB machined fiber
mirrors having both an imprint with small radius on the order of 15µm.

In conclusion, we have shown here the successful demonstration of a single NV center
coupled two a fiber - fiber cavity, where the obtained results are well reproduced by
the rate model. From a practical point these type of cavities are particular attractive:
input and output are fiber coupled, a preselected emitter is employed and only one
remaining degree-of-freedom, the cavity length, enables fabrication of a simple device
with high passive mechanical stability.
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Summary and future prospects

In this work we have for the first time experimentally demonstrated the coupling of
a single nitrogen-vacancy (NV) center to different types of fiber-based Fabry-Perot
microcavities at room temperature. Furthermore, we also have developed a theoretically
framework describing the coupling of a NV center to a microcavity applicable both for
room temperature experiments and experiments at cryogenic temperatures.

As motivated in the introduction coupling of a NV center to a cavity is an essential
building block in order to implement many quantum information science protocols in
a useful practical way. Within this work we have introduced a versatile type of cavity
and coupling to a single emitter has been demonstrated. The cavities are based on the
realization of a concave mirror on the facet of an optical fiber. Two different fabrication
techniques have been successfully applied within this work: in collaboration with the
group of J. Reichel at ENS Paris, concave features in the facets with radii of curvature
between R = 20−300µm and size diameter d = 12−29µm have been fabricated by laser
machining with a CO2 laser. Second, focused ion beam (FIB) milling has been used to
produce structures with diameter d = 11µm and radius of curvature R = 14µm into
the facets of fibers. Both methods result in very smooth surfaces with surface roughness
σrms of a few Ångström. These machined fiber facets have afterwards been coated with
a dielectric mirror stack. With these fibers we here have realized cavities with finesse
up to F = 3500. Using a different coating consisting of more dielectric layers a higher
finesse can in principle be achieved. Finesse values up to F = 1.5 × 105 have been
demonstrated [216].

The fiber-based Fabry-Perot cavities feature many advantages. The resonance
frequency can easily be tuned, the cavity-output is automatically fiber-coupled and
single emitters in form of NV centers hosted in nanodiamonds (NDs) can directly
be incorporated into the cavity. With these cavities a small mode volume can be
achieved. We have successfully demonstrated cavities with cavity lengths down to
l = 3µm. Using a FIB structured fiber, this would result in a mode volume of
Vmod = 2.9µm3 = 11λ3 (at λ = 640 nm). The smallest mode volume we have achieved
in this work is Vmod = 3.3µm3 using two fiber mirrors separated by 3.5µm.

127
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We have also discussed several technical aspects concerning fiber cavities in order
to achieve a successful coupling to a single emitter. To work at the single photon
level requires low background fluorescence. If the excitation laser, with a typical power
that saturates a NV center, is coupled into a fiber, this generates huge background
fluorescence. By using appropriate mirror coatings blocking the excitation laser we
were able to circumvent this problem. Furthermore, we have implemented a scheme
to stabilize the cavity lengths using two parallel cavities. In first experiments we have
applied a side-of-fringe lock and in an improved setup we have employed a Pound-
Drever-Hall scheme to achieve a higher stability. Using two cavities allows to spatially
separate the single photon cavity and the stabilization cavity with the classical light
field from the reference laser to which the cavity is stabilized. This prevents background
fluorescence within the single photon cavity.

In this work we have used single NV centers hosted in NDs that have been fabricated
by a high-pressure-high-temperature (HPHT) process. We have developed a process to
deposit well isolated de-agglomerated NDs on a plane mirror: we have used spin coating,
where the NDs were dispersed in a suitable solvent, that prevents agglomeration of
NDs, evaporates fast and shows a good wetting of the substrate. By measuring the
intensity correlation function g(2) we have ensured that the ND investigated further
contains only a single NV center. Due to internal strain, which differs from ND to ND,
each NV center experiences a slightly different environment resulting in fluctuations of
their properties. We focused on two aspects: the emission spectrum and the internal
population dynamics. Assuming a Huang-Rhys model we have inferred from fitting
the emission spectra the vibronic properties of the NV center. Measuring the intensity
correlation function at different excitation powers allowed to gain insights into the
internal population dynamics. A simplified effective 3-level model, that takes into
account power dependent charge state switching and the meta-stable singlet states
of the NV center, allowed to deduce the transition rates between the different levels.
We have measured both emission spectra and intensity correlation function for several
different NV centers and have discussed the variations in their vibronic properties and
internal population dynamics due to different strain each of the NV centers experiences.

Additionally we also have measured the emission spectrum of NV centers hosted
in these HPHT NDs at cryogenic temperatures. The linewidth at low temperature is
limited by spectral diffusion. We have observed linewidths in the range of few hundred
GHz with Gaussian line shape. For many desired future application this linewidth is too
large. The main source for spectral diffusion is assumed to be substitutional nitrogen.
The route for high quality NDs is to use diamond films fabricated by chemical vapor
deposition, where a much higher chemical purity compared to HPHT grown diamonds
can be achieved. From these diamond films NDs are produced either via a bead assisted
sonic disintegration technique or etching. Investigations towards this goal are on the
way in our group.

To theoretically describe the coupling of a single NV center to a microcavity we
have expanded a master equation model. To account for the vibronic spectra of the
NV center we have assumed a Huang-Rhys model, consisting of one excited state and
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several vibronic ground states. The parameters for this model are deduced from fitting
the measured emission spectrum of the NV center. We have taken into account several
line broading mechanisms: The dynamic Jahn-Teller effect, which is the dominant line-
broading effect for the zero phonon line (ZPL), is accounted for by a pure dephasing
rate, which equally affects all transition from the excited state to any of the vibra-
tional ground states. The transitions to higher vibronic ground states, which form the
phonon sidebands (PSBs) of the NV center, are broadened by fast relaxation within the
vibronic ground states. The coupling of the ZPL and all PSB transitions to the cavity
is considered with appropriate coupling rates.

From this master equation picture we have deduced a rate model. This is valid
because for most experimental situations non-coherent processes are dominant. The
coherences can thus be adiabatically eliminated. The underlying mechanism of the
coupling is an off-resonant phonon-assisted cavity feeding from all ZPL and PSB tran-
sitions into the cavity mode. At any given wavelength within the NV emission spectrum
the ZPL and all PSBs contribute to the cavity emission. Numeric evaluation of the rate
model allows to predict the expected photon count rate for a cavity-coupled NV center
at room temperature. A few percent of the total NV emission will be channeled into
the cavity mode when the cavity resonance is in the range of the full NV emission
spectrum. The expected count rate by the rate model is significantly (by several orders
of magnitude) larger compared to the case where the cavity acts only as a spectral and
spatial filter. In this regime, where the pure dephasing rate γ⋆ and fast ground state
relaxation rates γi,i−1 are large compared to the cavity decay rate κ, the efficiency is
not limited by the cavity, but only by the emitter and roughly described by a factor of
the form F ⋆

p =
∑

i 4gi/[γ(γ
⋆ + γi,i−1)].

When the NV center is cooled to cryogenic temperatures the pure dephasing rate
is reduced. The rate model also allowed to investigate this regime. We have shown
for the case of the cavity in resonance with the ZPL, the efficiency is dramatically
increased and we reach the standard Purcell regime with Fp = 4g2/(κγ). It is only the
contribution from the ZPL which is increased as this transition is not broadened by
ground state relaxation. The contributions from the PSBs remain virtually unaltered.
Thus, when the cavity resonance is within the PSBs the efficiency only slightly differs
from the room temperature case.

Numerical simulation of the full master equation allowed to verify, that the rate
model is accurate enough for most experimental conditions. Only for cavities with
much higher finesse the full master equation is required to adequately describe the
experiments. In case the cavity decay rate and the pure dephasing rate are both smaller
than the coherent coupling rate, the onset of strong coupling and oscillation between
cavity photon number and excited state population is observed. It is worth mentioning
that fiber cavities with finesse necessary to reach this regime are feasible.

In this work we have demonstrated experimentally the coupling of a single NV
center to different types of fiber-based Fabry-Perot cavities. In a first experiment we
have employed a standard plane mirror and one concave fiber mirror, fabricated with
CO2 laser machining with radius of curvature R = 71.6µm. Onto the plane mirror
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NDs containing single NV center were deposited. Investigating both, the emission into
free space and the cavity-coupled emission for the same single NV center allowed to
unambiguously witness cavity-enhanced emission of the NV center and to quantitatively
verify our theoretical predictions. We successfully showed tuning of the cavity emission
by varying the cavity length l between 6µm and 3µm. As an important result we
observe single photon emission into the cavity mode over a very broad spectral range,
thereby realizing a continuously tunable, narrow band single photon source (SPS). We
have observed a saturation count rate of 770Counts/s when the cavity is in resonance
with the ZPL with a spectral bandwidth of ∆ν = 46GHz determined by the cavity
linewidth. When the cavity was tuned to the maximum of the PSB a saturation count
rate of 3700Counts/s into a ∆ν = 90GHz broad line was observed. In both cases
the resulting spectral photon rate density is higher as it was in the case of free-space
emission, where we had measured a saturation count rate of 2.9 × 105 photons in the
spectral detection window 650 − 750 nm corresponding to ∆ν = 62THz. This clearly
proves cavity-enhanced emission beyond simple spectral filtering. This is even more
evident if one additionally takes into account spatial filtering: the combined filtering
effects would yield a saturation count rate of ≈ 2 − 9 photons/s, which is 2-3 orders
of magnitude smaller than the actual observed rates. The rate model predicts photon
rates for these two experimental condition as 620Counts/s for the cavity in resonance
with the ZPL and 3700Counts/s on the maximum of the PSB. Hence we have a very
good agreement between theoretical model and experiment. Furthermore, the model
also accurately reproduced the intensity of the spectra, that have been recorded while
tuning the cavity length from 6µm and 3µm, where we observed an increase in photon
rate due to the stronger coupling because of the smaller mode volume. The coherent
coupling rate on the ZPL was g0 = 1.1− 1.2GHz and on the the PSB transitions in the
range gi = 1.6− 4.4GHz. The pure dephasing rate for this NV center was γ⋆ = 15THz
and the total spontaneous decay rate γ = 36.8MHz. The ground state relaxation rates
are on the order of ≈ 80THz. The NDs investigated here induced additional losses
and reduced the finesse on the ZPL wavelength to approximately F ≈ 940. The mode
volume for the shortest cavity was Vmod = 6.5µm3 = 24.8λ3.

The possibility to easily investigate both, emission into free space and cavity-coupled
emission is unique for fiber-based Fabry-Perot cavities. They further allow continuously
tuning of the coupling strength by varying the mirror separation. This made our system
an ideal test bench to study phonon-assisted coupling, a coupling scheme previously
unknown for the NV center in diamond.

In a second proof-of-principle experiment we have employed a cavity consisting of
two concave fiber mirrors. We have used the same CO2 laser machined out-coupling
fiber employed in above described experiments and a FIB fabricated excitation fiber
with radius of curvature of R = 14.2µm. In collaboration with the group of O. Benson
at HU Berlin, a selectively chosen ND containing a single NV center has been transferred
with an atomic force microscope tip onto the excitation fiber facet, centered on the fiber
core. We have first shown that it is indeed possible to excite the NV center directly via
the fiber. However, in contrast to focusing the excitation laser through a microscope
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objective onto the ND, we here needed higher excitation powers to saturate the NV
center because of the larger excitation spot determined by the mode field diameter of
the excitation fiber. We have measured the cavity coupled emission and obtained a
saturation count rate of 2800 counts/s for a cavity tuned close to the ZPL wavelength
(λcavity = 646 nm). The finesse was not reduced by the ND and we observed, as for an
empty cavity, a value of F = 3580. The cavity had a length l = 5.6µm and therefore
a mode volume Vmod = 6.1µm3 = 22.7λ3. This results in a coherent coupling rate of
the ZPL transition of g0 = 1.3GHz. The cavity linewidth amounts to ∆ν = 7.4GHz.
Hence, the spectral photon rate density is increased from the free-space emission value
of 4.1 photons/(s GHz) to 380 photons/(s GHz) for the cavity-coupled emission. From
a practical point of view this type of cavity is very interesting. Once aligned, the
only remaining degree-of-freedom is the cavity length. This enables the fabrication of a
simple device with high passive mechanical stability. Furthermore excitation and output
are both fiber-coupled. As the NV center is preselected, one can chose its properties.

One of the foci of future experiments is the realization of a SPS: Depending on the
application either a SPS with a high efficiency and repetition rate working at ambient
conditions or a SPS for indistinguishable photons is desired. For the second case we
have identified a favorable working point for the use of the NV center as SPS: Using
a cavity that is in resonance with the NV center ZPL with finesse F = 8 × 104 and
mode volume Vmod = 12λ3ZPL, the master equation model predicts that 95% of the
total emission is directed into the cavity mode assuming a pure dephasing rate of
γ⋆ = 10GHz, which is reached at a temperature of ≈ 30K. Moreover, due to the much
shorter excited state lifetime of the NV center because of the Purcell enhancement, the
cavity linewidth is narrower than the lifetime limit. Hence, we have a SPS emitting
indistinguishable photons. To have a truly SPS the excitation of the NV center needs
also to be considered. The intensity and duration of the excitation pulses need to
be tailored in order to have a probability close to unity to excite the NV center and
very low chance for multi-photon events. Thus to fully simulate the NV center as SPS
pulsed excitation needs also to be included in the master equation. This can be done
analogously to the work of Su et al. [13], where a less sophisticated model of the NV
center without pure dephasing was employed. This regime is in reach of experimental
realization with a cavity-coupled NV center at cryogenic temperatures. A closed-cycle
cryostat with a large sample chamber, into which a fiber cavity will be mounted, is set
up right now in our labs and we already have successfully realized a plane mirror - fiber
cavity, where the plane mirror was cooled to cryogenic temperatures [240]. To realize
a highly efficient SPS at room temperature the NV center is not well suited. However,
this can be achieved using a different color center, such as the silicon-vacancy center
featuring a short emitter lifetime of ≈ 1 ns and a large Debye-Waller factor of ≈ 0.8
with narrow room temperature ZPL linewidth (∆ν ≈ 0.7 nm) [241].

As outlined in the introduction a second field of future investigations is cavity en-
hanced spin measurements. To manipulate directly the spin state of the NV center a
microwave pulse needs to be applied to the NV center. To incorporate the microwave
fields with the cavity setup, one might lithographically define microwave transmission
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lines directly on a plane mirror, onto which NDs are spin coated afterwards. In the
simplest approach the readout of the spin already profits from an increased collection
efficiency. More elaborate schemes make use of a spin-dependent cavity transmission
where for instance the reflectivity of the cavity or the phase of a reflected photon is
spin-dependent. Because the transition frequency between ground and excited state
slightly depends on the electron spin state of the NV center, a cavity tuned to one of
these transitions but off-resonant for the others allows discrimination between the spin
states. This already works in the weak coupling regime [69] and is doable with the
cavities realized in this work. The ultimate goal is to realize a spin-photon interface
such that spin and photon are entangled. Interference of two photons from two different
cavities containing each a single NV center will lead to entanglement of the two distinct
NV centers. This scheme requires indistinguishable photons.

The application of NV centers in magnetometry is based on optical detected mag-
netic resonances. A higher collection efficiency increases the sensitivity. However,
because one is only interested in a large broad band collection efficiency giving rise
to high count rates, using photonic structures to improve the collection efficiency, e.g.
nanowires as employed by Maletinsky et al. [44], are more promising than using cavi-
ties. The nanowires are efficient waveguides for the NV emission and allow a detection
efficiency of > 40% [199]. Using cavities only a few percent can be reached at room
temperature. A different approach to detect magnetic fields with the NV center is to
detect absorption on the infrared transition between the singlet states. In this case, as
proposed by Dumeige et al [242], a cavity can significantly increase the sensitivity.

In summary there are many promising future prospects for cavity-coupled NV cen-
ters. Within this work we have established fiber-based cavities which are highly suited
for many of these cases.



Appendix A

Matlab codes

Program code calculating the solution (time dependent density matrix) of the mas-
ter equation as exponential series and calculating the expectation values for sponta-
neous emission and cavity emission using the quantum toolbox for matlab [189]. (The
quantum optics toolbox for matlab is available at http://qo.phy.auckland.ac.nz/

toolbox/):

function [cav,trans0,trans1,trans2,trans3,trans4,trans5,trans6,trans7]=...

NV 8groundstates(g0,g1,g2,g3,g4,g5,g6,g7,w1,w2,w3,w4,w5,w6,w7,we,wc, ...

kappa,gamma0,gamma1,gamma2,gamma3,gamma4,gamma5,gamma6,gamma7, ...

gamma01,gamma12,gamma23,gamma34,gamma45,gamma56,gamma67,gammastern,tlist)

%calculates the density matrix for a NV center consisting of 8 ground states

%at times "tlist" as a solution of a exponential series and returns the

%expectation values for spontaneous emission and emission into the cavity mode

%g0,g1,...g7: groundstates, e: excited state

at lev = 9;

N = 2;

ida = identity(N); idatom = identity (at lev);

%cavity field operator and outcoupling channel operator

a = tensor(destroy(N),idatom);

%atomic operators: sigma ij is the transition operator from level j to i

%spont. emmission

sigma g0e=sparse(at lev,at lev);sigma g0e(2:at lev,1)=[1;0;0;0;0;0;0;0];

sigma g0e=qo(sigma g0e);sigma g0e=tensor(ida,sigma g0e);

sigma g1e=sparse(at lev,at lev);sigma g1e(2:at lev,1)=[0;1;0;0;0;0;0;0];

sigma g1e=qo(sigma g1e);sigma g1e=tensor(ida,sigma g1e);

sigma g2e=sparse(at lev,at lev);sigma g2e(2:at lev,1)=[0;0;1;0;0;0;0;0];
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sigma g2e=qo(sigma g2e);sigma g2e=tensor(ida,sigma g2e);

sigma g3e=sparse(at lev,at lev);sigma g3e(2:at lev,1)=[0;0;0;1;0;0;0;0];

sigma g3e=qo(sigma g3e);sigma g3e=tensor(ida,sigma g3e);

sigma g4e=sparse(at lev,at lev);sigma g4e(2:at lev,1)=[0;0;0;0;1;0;0;0];

sigma g4e=qo(sigma g4e);sigma g4e=tensor(ida,sigma g4e);

sigma g5e=sparse(at lev,at lev);sigma g5e(2:at lev,1)=[0;0;0;0;0;1;0;0];

sigma g5e=qo(sigma g5e);sigma g5e=tensor(ida,sigma g5e);

sigma g6e=sparse(at lev,at lev);sigma g6e(2:at lev,1)=[0;0;0;0;0;0;1;0];

sigma g6e=qo(sigma g6e);sigma g6e=tensor(ida,sigma g6e);

sigma g7e=sparse(at lev,at lev);sigma g7e(2:at lev,1)=[0;0;0;0;0;0;0;1];

sigma g7e=qo(sigma g7e);sigma g7e=tensor(ida,sigma g7e);

%ground state relaxation

sigma g0g1=sparse(at lev,at lev);sigma g0g1(2:at lev,3)=[1;0;0;0;0;0;0;0];

sigma g0g1= qo(sigma g0g1);sigma g0g1=tensor(ida,sigma g0g1);

sigma g1g2=sparse(at lev,at lev);sigma g1g2(2:at lev,4)=[0;1;0;0;0;0;0;0];

sigma g1g2= qo(sigma g1g2);sigma g1g2=tensor(ida,sigma g1g2);

sigma g2g3=sparse(at lev,at lev);sigma g2g3(2:at lev,5)=[0;0;1;0;0;0;0;0];

sigma g2g3= qo(sigma g2g3);sigma g2g3=tensor(ida,sigma g2g3);

sigma g3g4=sparse(at lev,at lev);sigma g3g4(2:at lev,6)=[0;0;0;1;0;0;0;0];

sigma g3g4= qo(sigma g3g4);sigma g3g4=tensor(ida,sigma g3g4);

sigma g4g5=sparse(at lev,at lev);sigma g4g5(2:at lev,7)=[0;0;0;0;1;0;0;0];

sigma g4g5= qo(sigma g4g5);sigma g4g5=tensor(ida,sigma g4g5);

sigma g5g6=sparse(at lev,at lev);sigma g5g6(2:at lev,8)=[0;0;0;0;0;1;0;0];

sigma g5g6= qo(sigma g5g6);sigma g5g6=tensor(ida,sigma g5g6);

sigma g6g7=sparse(at lev,at lev);sigma g6g7(2:at lev,9)=[0;0;0;0;0;0;1;0];

sigma g6g7= qo(sigma g6g7);sigma g6g7=tensor(ida,sigma g6g7);

%Hamiltonian

H = w1*(sigma g1e*sigma g1e')+w2*(sigma g2e*sigma g2e')+ ...

w3*(sigma g3e*sigma g3e')+w4*(sigma g4e*sigma g4e')+ ...

w5*(sigma g5e*sigma g5e')+w6*(sigma g6e*sigma g6e')+ ...

w7*(sigma g7e*sigma g7e')+we*(sigma g0e'*sigma g0e)+ ...

wc*(a'*a)+ ...

g0*(a'*sigma g0e+sigma g0e'*a)+g1*(a'*sigma g1e+sigma g1e'*a)+ ...

g2*(a'*sigma g2e+sigma g2e'*a)+g3*(a'*sigma g3e+sigma g3e'*a)+ ...

g4*(a'*sigma g4e+sigma g4e'*a)+g5*(a'*sigma g5e+sigma g5e'*a)+ ...

g6*(a'*sigma g6e+sigma g6e'*a)+g7*(a'*sigma g7e+sigma g7e'*a);

%collapse operators

Ca = sqrt(kappa)*a;CadCa = Ca'*Ca;

C0 = sqrt(gamma0)*sigma g0e;C0dC0 = C0'*C0;

C1 = sqrt(gamma1)*sigma g1e;C1dC1 = C1'*C1;

C2 = sqrt(gamma2)*sigma g2e;C2dC2 = C2'*C2;
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C3 = sqrt(gamma3)*sigma g3e;C3dC3 = C3'*C3;

C4 = sqrt(gamma4)*sigma g4e;C4dC4 = C4'*C4;

C5 = sqrt(gamma5)*sigma g5e;C5dC5 = C5'*C5;

C6 = sqrt(gamma6)*sigma g6e;C6dC6 = C6'*C6;

C7 = sqrt(gamma7)*sigma g7e;C7dC7 = C7'*C7;

C01 = sqrt(gamma01)*sigma g0g1;C01dC01 = C01'*C01;

C12 = sqrt(gamma12)*sigma g1g2;C12dC12 = C12'*C12;

C23 = sqrt(gamma23)*sigma g2g3;C23dC23 = C23'*C23;

C34 = sqrt(gamma34)*sigma g3g4;C34dC34 = C34'*C34;

C45 = sqrt(gamma45)*sigma g4g5;C45dC45 = C45'*C45;

C56 = sqrt(gamma56)*sigma g5g6;C56dC56 = C56'*C56;

C67 = sqrt(gamma67)*sigma g6g7;C67dC67 = C67'*C67;

%Liouvillian

LH = −1i*(spre(H)−spost(H));

La = spre(Ca)*spost(Ca') − 0.5*spre(CadCa) − 0.5*spost(CadCa);

L0 = spre(C0)*spost(C0') − 0.5*spre(C0dC0) − 0.5*spost(C0dC0);

L1 = spre(C1)*spost(C1') − 0.5*spre(C1dC1) − 0.5*spost(C1dC1);

L2 = spre(C2)*spost(C2') − 0.5*spre(C2dC2) − 0.5*spost(C2dC2);

L3 = spre(C3)*spost(C3') − 0.5*spre(C3dC3) − 0.5*spost(C3dC3);

L4 = spre(C4)*spost(C4') − 0.5*spre(C4dC4) − 0.5*spost(C4dC4);

L5 = spre(C5)*spost(C5') − 0.5*spre(C5dC5) − 0.5*spost(C5dC5);

L6 = spre(C6)*spost(C6') − 0.5*spre(C6dC6) − 0.5*spost(C6dC6);

L7 = spre(C7)*spost(C7') − 0.5*spre(C7dC7) − 0.5*spost(C7dC7);

L01 = spre(C01)*spost(C01') − 0.5*spre(C01dC01) − 0.5*spost(C01dC01);

L12 = spre(C12)*spost(C12') − 0.5*spre(C12dC12) − 0.5*spost(C12dC12);

L23 = spre(C23)*spost(C23') − 0.5*spre(C23dC23) − 0.5*spost(C23dC23);

L34 = spre(C34)*spost(C34') − 0.5*spre(C34dC34) − 0.5*spost(C34dC34);

L45 = spre(C45)*spost(C45') − 0.5*spre(C45dC45) − 0.5*spost(C45dC45);

L56 = spre(C56)*spost(C56') − 0.5*spre(C56dC56) − 0.5*spost(C56dC56);

L67 = spre(C67)*spost(C67') − 0.5*spre(C67dC67) − 0.5*spost(C67dC67);

%sz*rho*sz − sz selects the non−diagonal elements in the first row and

%column of rho => common dephasing on all optical transition

sz = −identity(at lev); sz(1,1)=1; sz=tensor(ida,sz);

Ldeph = gammastern/4*(spre(sz)*spost(sz)−spre(tensor(ida,idatom)));

L = LH + La + L0+ L1 + L2 + L3 + L4 + L5 + L6 + L7 + ...

L01 + L12 + L23 + L34 + L45 + L56 + L67 + Ldeph;

%initial state

psi0 = tensor(basis(N,1),basis(at lev,1));

rho0 = psi0 * psi0';
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%calculate solution as an exponantial series

rhoES = ode2es(L,rho0);

%Calculaties expectation values for spontaneous emission

trans0=esval(expect(C0dC0,rhoES),tlist);

trans1=esval(expect(C1dC1,rhoES),tlist);

trans2=esval(expect(C2dC2,rhoES),tlist);

trans3=esval(expect(C3dC3,rhoES),tlist);

trans4=esval(expect(C4dC4,rhoES),tlist);

trans5=esval(expect(C5dC5,rhoES),tlist);

trans6=esval(expect(C6dC6,rhoES),tlist);

trans7=esval(expect(C7dC7,rhoES),tlist);

%and emission into the cavity mode

cav = esval(expect(CadCa,rhoES),tlist);

Remark

To reduce the workload when handling exponential series the quantum optics toolbox
employs a simplification routine “estidy.m” which neglects terms with small amplitude
and merges terms with similar exponential rates. For the simulation performed in this
work the tolerances in this tidying routine have been changed manually to 1E-15 as the
input parameters vary over many orders of magnitude.



Appendix B

Components

Microwave-setup

Figure B.1: Microwave components used for stabilization. The signal from a voltage controlled

oscillator (VCO) is split and one part coupled to a bias-T of an ECDL (Toptical DL100) to

create sidebands at ≈ 1.2GHz. The amplitude is amplified and can be controlled via a voltage

controlled variable attenuator. The second line which phase can be controlled is mixed with the

amplified signal from a fast photo diode. Lowpass filtering creates the error signal that is fed

to the stabilization electronics (Laselock TEM Messtechnik).
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Hanbury-Brown & Twiss setup

The HBT setup consist of a non-polarizing nominal 50:50 beam splitter (LensOptics)
and two APDs (Picoquant τ -SPAD) with a timing Jitter of 475 ps [243]. The beam
splitter has an actual measured splitting ratio of 60:40. In each of the two paths
dielectric bandpass filters are mounted. The light is focused with f = 50mm lenses
onto the active area of the APDS. The active area has a diameter of 150µm.

Spectrometer

All spectra except those in Fig. 3.12 have been measured with the first of the two
following spectrometer. Those in Fig. 3.12 with the second.

1. Acton research SpectraPro2500i grating spectrometer with a liquid nitrogen cooled
CCD detector (Acton research SP-10 LN/100br). For all spectra a 600 gr/mm
ruled grating with 1µm blaze has been used. Details on the resolution can be
found in [243].

2. Horiba Jobin Yvon iHR550 grating spectrometer with a liquid nitrogen cooled
CCD detector (Horiba Jobin Yvon Symphony CCD, 1024x256 Pixel, back illumi-
nated, deep depletion). For all spectra a blazed 600 gr/mm holographic grating
has been employed. More details can be found in [244].



Appendix C

Abbreviations

The following table C.1 lists all abbreviations introduced and used in this work alpha-
betically:

AFM atomic force microscope NA numerical aperture

APD avalanche photo diode ND nanodiamond

BASD bead assisted sonic disintegration NMR nuclear magnetic resonance

CVD chemical vapor deposition NV nitrogen-vacancy

cw continuous wave ODMR optical detected magnetic resonance

DFT density functional theory PC photonic crystal

ECDL external cavity diode laser PDH Pound-Drever-Hall

EPR electron paramatric resonance PLE photo luminescence excitation

ESR electron spin resonance PSB phonon side band

FIB focused ion beam PVP polyvinylpyrrolidone

FoM figure of merit QD quantum dot

FPI Fabry-Perot interferometer QIS quantum information science

FSR free spectral range RF radio frequency

FWHM full width at half maximum RIE reactive ion etching

GaP gallium phosphide SEM scanning electron microscope

GSD ground state depletion SiV silicon-vacancy

HBT Hanbury-Brown & Twiss SM single mode

HPHT high-pressure-high-temperature SNR signal to noise ratio

IR infrared SPS single photon source

MFD mode field diameter STED stimulated emission depletion

MM multi mode UV ultraviolet

MO molecular orbital ZPL zero phonon line

MW micro wave

Table C.1: list of abbreviations
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